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Introduction

Short presentations based on this collection of papers formed the basis of a

workshop held at the Hotel Golf Mar, Vimeiro, Portugal on September 4 and 5,

1984. This workshop was initiated by Dr G Mayer of the US Army Research

Office, Research Triangle Park, North Carolina 27709. Having identified an

j interest in the NDE of polymers, Dr Mayer convened a meeting at The Johns

Hopkins University between himself, Professor R E Green Jr of the department

of Materials Science and Engineering at Johns Hopkins, Dr R K Eby of the

Polymers Division, National Bureau of Standards, and myself. We decided that

the time was ripe for a workshop on the subject of real-time on-line methods

for the nondestructive evaluation of components fabricated from polymeric

materials.

In components fabricated from polymers, including polymers in the rubbery

state and polymers reinforced with fibres, there exists the possibility of

microstructural defects which have their origins in processing. These defects

include inhomogeneous mixing, inclusion of foreign bodies, segregation,

incomplete cure, inhomogeneous cure, molecular orientation, macroscopic

anisotropy and residual stress. In addition to considering "states of the

art" as practised in Europe, it was decided to address the feasibility of new

exploitation of physical techniques to secure, for use as processing tools,

the real-time detection of such defects.

*This volume is a more complete statement of some of the European efforts

towards achieving polymer NDE than was possible in a 2-day workshop. It does,

* .:.:§°o. * ' - . -
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however, Include transcriptions by the editor of comments made duringth
course of the workshop.

The workshop was supported by Grant No DAJA-45-84-M-0182 from he SArmy

Research, Development and Standardization Group -UK.

K H G Ashbee

Vimeiro, September 1984
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Session 1: Microstructure at the molecular level



DISLOCATIONS IN WAVE TRAINS, WITH SPECIAL
REFERENCE TO THE INFORMATION THEY CARRY ABOUT

MICROSTRUCTURE

F. J. Wright

Institut fUr Informationsverarbeitung, UniversitAt Tdbingen,
K6stlinstraBe 6, D-7400 Tibingen 1, West Germany

ABSTRACT

Wavefront dislocations are edges of wavefronts, which may

be modeled by phase singularities, and hence zeros, of a com-
plex wavefunction. In a pulsed field they typically move along
trajectories closely related to the continuous-wave amplitude
minima at the carrier frequency. In the presence of noise,
dislocations may be localized to an accuracy proportional to
the S/N ratio. Dislocation trajectories and motion, and their
dependence on pulse shape, are investigated for I- and 2-
point-scatterer models of microstructural defects, both within
and without an incident plane beam.

1. Introduction to wavefront dislocations

The concept of wavefront dislocations was introduced into wave theory
ten years ago by Nye & Berry (1974), in order to explain their observations
of ultrasonic pulses reflected from a rough surface in an experiment
designed to model radio echo sounding. In a review that sets wavefront
dislocations in the general context of wavefield singularities, Berry
(1981) summarized the observations as follows. "The incident wave was a
quasi-monochromatic pulse and the reflected wave, received at a point and
displayed on an oscilloscope as sound pressure vs. time, was an extended
train of disorderly oscillations. On moving the receiver to explore the
wave at different places, it was quite common to observe two wavecrests
move apart and an extra crest appear between them, or the time-reversed
sequence of events." Figure I shows two examples: as 0 increases two new
wavecrests appear at T-O -- one at D-23* and another at 0-45. The
wavecrests appear antisymmetrically in figure 1(a) and symmetrically in
figure 1(b) -- in general they will appear asymmetrically.

If a wavecrest/trough pair is equated to a wavefront, then the appear-
ance of a new wavecrest corresponds to crossing the edge of a wavefront.
Nye & Berry named these edges 'wavefront dislocations' by analogy with the

The preparation of this paper was supported by the

Stiftung Volkswagenwerk, FRG.
Permanent address (from September 1984): School of
Mathematical Sciences, Queen Mary College, University
of London, Mile End Road, London El 4NS, UK
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Figure 1. Farfield pulse wavefunction for a circular piston radiator:
TT rea part; (b) imaginary part. From Wright & Berry (1984).

edges of atomic planes in imperfect crystals. They are most interesting in
* -wavefields that are generated from a gentle modulation of a continuous wave

*" (cw), i.e. are quasi-monochromatic, because then the dislocations typically
move. It is possible to analyse wavefront dislocations directly in terms

* of crests and troughs of a real wavefunction (Wright 1979), but because
S.wavefront dislocations are features of a quasi-monochromatic wavefield it
-. is possible, and more convenient, to use a complex representation. I shall
" consider only scalar waves, which can be written in amplitude-phase form as

"(r,t) = p(rt)eix(r ' t)

where p and X are real-scalar-valued functions that are uniquely determined
(modulo 2T for X) by * unless P=0, in which case X is indeterminate. Wave-
fronts may be defined by the equation X(r,t) = constant modulo 27, and end,
i.e. become undefined, where X is undefined. Hence wavefront dislocations
are defined by Rep(r,t) = Imp(r,t) = 0: two equations which therefore typi-
cally define time-dependent lines in 3D or points in 2D.

The simplest way that (rt) can pass through zero is linearly -- then
very close to the zero the equiphase lines (lines of constant x) look typi-
cally as in figure 2(a). This makes it clear how a wavefront which

corresponds to one specific phase, say 0, can end in this model. It also
illustrates the sense in which a wavefront dislocation is a topological
singularity, characterized by a topological invariant called its disloca-
tion strength. This is (1/27)6 dx, where C is any path encircling the
dislocation once, analogous to the Burgers' circuit around a crystal dislo-

- cation; the strength of the dislocation shown in figure 2(a) is clearly +1
(if C is traversed in the conventional sense). The topological nature of
dislocations gives them a useful robustness: they can only interact so as
to conserve global dislocation strength, and they can only end on boun-
daries.

The main purpose of Nye & Berry (1974) was to demonstrate the close-
ness of the analogy between wavefront and crystal dislocations. By con-
structing simple local model solutions of the scalar wave equation, they
showed that wavefront dislocations can have multiple strength, be of edge
or screw type (in 3D), glide and climb. For example, Wright (1979) dis-

"' cussed the following local model of a straight strength-n mixed screw-edge
dislocation in an otherwise plane wave traveling along the z axis:

-0 ° ""-
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Figure 2. Local (a) and global (b) equiphase lines around a single- ...
strength dislocation in two dimensions. After Nye & Berry (1974). .

nX+ 0s )e i*(xy,4) =  where C = z

= e

However, multiple-strength dislocations are unstable, and so will not typi-
cally be seen. Such a model shows that globally the equiphase lines in a
section through a simple dislocation must look like figure 2(b). Lines at
phase zero have been thickened to represent wavefronts; the phase saddle
(here at phase w) is essential to fit the structure of figure 2(a) into an
asymptotically-plane wave,

Nye (1981a) has put the characterization of wavefront dislocations on
a more rigorous basis and justified theoretical use of a complex wavefunc-
tion. Dislocation effects in electromagnetic waves have been investigated
theoretically by Nye (1981b, 1983a,b), and dislocation statistics by Berry
(1978); both topics are potentially relevant to NDE of microstructure.

Dislocations have been investigated theoretically in a two-beam model
and around a cusped caustic by Wright & Nye (1982). The latter investiga-
tion was numerical, using a bandwidth-perturbation theory. The most realis-
tic model in which dislocations have been studied is in the soundfield of a

* pulsed circular piston radiator, by Wright & Berry (1984). This study was
again mostly numerical, and figure 3 shows two of the nearfield plots. The

* top line is the syimmetry axis, R and Z are measured in units of the piston
radius, which is represented by the double line at the top of the left
side. Figure 3(a) is a typical phase plot; it shows an isolated disloca-
tion that was born on the axis, and a pair of dislocations that were born
just in front of the piston on a circle of approximately half the piston
radius. They are all born in the tail of the pulse. As the pulse pro-
pagates, the dislocations glide roughly along the 'valleys', or dark
fringes, of the continuous wavefield, as shown in figure 3(b). Initially
they fall further into the tail of the pulse, then they rapidly catch up to
appear at the centre of the pulse in the far field as shown in figure 1, at
angles very close but not equal to the far field cw nulls. The general
behaviour is typical of all the models studied, including those I will
introduce below, and has been verified experimentally by Humphrey (1980).

2. Detection of wavefront dislocations

I have defined wavefront dislocations to be the time-dependent
amplitude-zeros of a pulsed wavefield. Therefore, the most obvious way to
detect them is to demodulate the received signal and look for zero cross-
ings of the resulting envelope. However, this is likely to be unreliable,
because fluctuations in the zero reference level will shift the
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Figure 3. Nearfield of a pulsed circular piston radiator, from Wright
& Berry (1984): (a) phase superimposed on amplitude ... ; (b) disloca-
tion trajectories and times, and cw farfield null angles . , su-
perimposed on cw amplitude ...

*dislocations, and could apparently destroy or create them (in pairs). The
failure of this method is because demodulating by definition destroys the
phase information, and wavefront dislocations are essentially phase struc-
tures. Appreciating this, Walford et al. (1977) built an Argand-plane
display for their phase-sensitive radio-echo sounder, in which the ima-

* ginary part of the received signal is reconstructed from the real part
alone on the assumption of a restricted bandwidth (see also Nye 1981a) and
plotted against it on an oscilloscope screen after removing the cw time
dependence. At a fixed point in space the display traces out some kind of
loop, parametrized by time. The rotation of this loop as the receiver is
moved in space is a very sensitive indicator of phase changes of the modu-
lation, and hence of dislocations.

Probably the biggest failure in the analogy between crystal and wave-
front dislocations is that whereas crystal dislocations correspond to
regions of high energy density, wavefront dislocations correspond to
regions of low energy density. In such regions a signal is swamped by
noise. The effect is to 'smear out' the dislocation so that it can only be
localized to within some region, and not to a point. In the neighbourhood
of a simple dislocation the wave amplitude varies linearly. Measuring all
amplitudes in terms of the (nominal) peak signal amplitude S gives a graph
like figure 4. Clearly, the linear size D of the region within which the
dislocation might lie is proportional to (N/S), but the details depend on
the precise waveform. Performing a circuit at distance D from the true
dislocation, where the signal can be reliably measured, will give
Adx - ±2w, confirming that the circuit contains unit dislocation strength,
but precisely what constitutes this is hidden in noise.

(C 4o~bd ~c,)nos

Figure 4. Signal and noise near a simple dislocation.



3. Wivct ront dis lcat ions created by point scatterers 2 basic models

My aim in the rest of this paper is to give a general impression of
the behaviour of wavefront dislocations created by scattering from micros-
tructural defects (which might include crystal dislocations!) in an other-
wise homogeneous medium. Consistent with the general analogy between waves
and mechanics, in a region of a wavefield generated by 2 rays the disloca-
tions can be easily studied analytically; for 3 rays they can be studied
analytically in special cases, usually perturbatively; otherwise numerical
solution by computer is necessary. I shall restrict my attention to the
former two cases in two dimensions, which physically relates to line
scatterers. All the models I shall consider are related to the two-beam
model of Wright & Nye (1982), and I will build them up in order of increas-
ing complexity.

Scattering from microstructure implies the far field, because the
scatterer is assumed to be compact and buried inaccessably inside a speci-
mei z ice I shall consider only a plane incidet wave, given for cw by
e . When the cw drivi'j wgnal e is modulated by f(t), the
incident wave becomes f(t-z/c)e by Fourier synthesis, and scattered
waves will acquire a pulse envelope in the same way. There are two
scenarios for detection of the scattered wave: the detected wave either
includes or excludes the incident wave. The latter might apply if the
incident wave is a narrow beam, if the detector has high directional sensi-
tivity, or in modeling monostatic geometry. This distinction makes a big
difference for dislocations, so I shall consider both cases.

At least for fairly high frequencies, one expects the received signal
to be dominated by a small number of contributions from geometrical rays.
Then any scatterer can be modelled by point scatterers situated at the feet
of these dominant rays. Widely separated scattering points will primarily
behave independently, especially in a pulsed field where time-delays are
important. Therefore, I consider a single point scatterer, and two
closely-spaced point scatterers, each represented by a scattering amplitude
and phase as shown in figure 5, which I assume independent of frequency.

z pz
*L rt,

ae o a be

Oc

Figure 5. Scattering geometry for (a) one and (b) two point scatter-
ers. P is the observation point.

Each model will be analysed first for an incident cw of angular fre-
quency w, and then for that wave modulated with some real envelope function
f(t) a F(ot). Here a - bandwidth and I/o - pulse-length. I shall assume
f(ot) > 0 for all finite t to avoid intrinsic dislocations -- those present
in the incident pulse. As a specific example, I will usually take f to be
the Gaussian
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f (t) exp(-0 t 2 )"t)= cx(O/2). (1) .[

This model facilitates calculations, but in practice it is probably hard to
make a pulse that is (a) symmetrical and (b) decays asymptotically as fast
as a G;aussian. Simple pulse-shaping circuits are likely to give a simple
exponential decay, which is conveniently modeled by the hyperbolic secant

f(t) = sech(at) a 2/(e t+e-°t)* (2)

Pulse shape has considerable influence on dislocations.

4. Wavefront dislocations outside the incident beam

Only the two-point model of figure 5(b) is interesting -- the cw far-
field scattered wavefunction is

S-1/2 i(-k6sina) i(k[r+6sinO]-wt)Sar- ee +

\ br-1/2 i(i+k6sina) ei(k[r-6sinO]-wt))(+O(6 /))

-1/2 i((p-ui)/2+kr-wt)
r e ((a+b)cosD + i(a-b)sinD) (3)

where D a (p-)/2+wA and A E 
6 (sinO-sina)/c.

he scatt red intensity (amplitude squared) is proportional to
(a-b) + 4abcos D. Since a,b>O by definition, the cw field has far-field

maxima/minima of intensity at angles 0 such that D = N7, (N+1/2)7 resp.,
but there are no cw nulls unless a=b, i.e. there are no cw dislocations.

The scattered pulse field is

-1/2ei(( +W)/2 + kr-wt)[ aeiDf(t-r/c-A) + be- iDf(t-r/c+A)] (4)

Wavefront dislocations are zeros of this wavefunction. The conditions for
this are that the two terms in square brackets must be in phase opposition,
so that D = -D + (2N+1)7, i.e. D = (N+1/2)7, and must have equal ampli-
tudes, so that

af(t-r/c-A) bf(t-r/c+A). (5)

The phase condition shows that the dislocations will travel exactly
along the cw valleys -- the lines of minimum cw intensity. This is hardly
surprising, and in any '2-ray' system this must be so. Experience suggests
that in general it is true approximately, but not exactly. The only gen-
eral theory available, the bandwidth-perturbation theory of Wright & Nye
(1982), gives the result that wavefront dislocations in long pulses travel

approximately along the surfaces in space on which the cw intensity is
locally minimal with respect to frequency at the pulse centre frequency.
Iti( eA(e, toi( th at for any field of the form
ae + be -- the latter are exactly the surfaces on
which the phases of the two terms are opposed, i.e. the surfaces of minimum
intensity, but for a general field this is not so.

From (4) it is reasonable to define the pulse centre to lie at
T t-r/c = 0. If a=b, and f is symmetric, one solution of (5) is clearly
T=0; if f decreases monotonically away from its peak, as I shall always
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assume, then this solution is unique. The dislocations occur at the
pulse-centre also in the far field of the piston radiator (Wright & Berry
1984), but not exactly at the far-field cw null angle.

If a~b, or if f is asymmetric, the dislocation will be shifted from

T=O, e.g. for the 2Gaussian envelope (1) the dislocation occurs at
T t (ln(b/a))/2o A as illustrated in figure 6. In this model, TD can
have either sign, depending on the relative strengths of the two scatter-

ers.

Fa aussian pl i'.a.'b
T caLerc4 I plu tt s*c uthe s p

Figure 6. Dislocation time for a Gaussian pulse if a < b.

5. Wavefront dislocations inside the incident beam: single point scatterer

The incident cw field, plus th family of p b e single point of fig-
>: ure 5(a), is

..'--.-w"e-~i~t eikZ a- 1/2ei ( +kr)) •""' ":

The phase-opposition condition for minima is

+ kr =kz + (2n+)f, or r z +

where n (2n+i) - . Since r-z because r a x + za there are solu-
* ations only for 0 >0. They are the family of parabolae, labelled by n, with

nullsn

':" equationn,"'''-..-

" (2/n n

"'-"...shown in figure 7. For weak far-field 1? ttering we can assume that obser---

vations are made only where a << r-, so there are no (observable) ew

"- -- nul ls. 
ii '.

0z

Fs

• .3.

Figue 7 Parbolc diloctiontraectoies



The incident-plus-scattered pulse field is

e-iut f(t-z/c)eikz + ar f(t-r/c)e ). (7)

Once again the phase-opposition condition implies that any dislocation tra-
jectories must be exactly contained within the cw minima -- this is another
'2-ray' model.

-1/2 . -
Because ar << 1, the first term in (7) will dominate the wave-

field, so I shall now define the pulse centre to occur at T = t-z/c = 0.
Furthermore, the weak second term always arrives later than the first,
because r-z, as shown in figure 8. Hence a disl6cation can only occur at

M TD>O , i.e. in the tail of the pulse, as observed in the piston radia- .-

tor.

g.,p413 C

f-X/C) ar eo 3 bbcL red
fe ,- & i)

tt=o r- I

Figure 8. Incident and scattered pulse amplitudes.

The time at which a dislocation will pass a given point on the trajec-
tory, if at all, is determined by the amplitude condition, which using (6)
may now be written as

f = ar-1 /2f( D - n/c)' (8)

where 4 is a constant on any trajectory. For the Gaussian envelope (1), -n .

the solution as a function of z is

t a + -~-n 1
D - c c D 2 I a

which is sketched in figure 9(a). Every potential trajectory point is
traversed once by a dislocation. A pair is born (B) at the vertex (on the
z axis) of each parabola (figure 7), already in the tail of the pulse, and
moves roughly with the pulse along the trajectory, but dropping back loga-
rithmically ever further into the tail as the scattered wave gets weaker.

Let us now consider the sech pulse (2), which is probably a more real-

istic model envelope. Using this in (8) gives

cosh(oT) = (r 1/2 /a )cosh(o(T - n /c)) .

The limiting form as T _+ is

_+0(T-- /0) +2aO /c""
+eT (r1 /2 a oe n 2 n

/a)e and hence r ( z + 0n a e
n "
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Figure 9. Dislocation delay for (a) a Gaussian envelope, (b) a sech
envelope.

This imposes limits on the extent of the trajectory that a dislocation in
this pulse can explore, namely

2 a -2 / C 2 v 2 / C -" " '
2 n z a ne n z

n n max

The lower limit is not important, and for sufficiently weak scattering
imposes no constraint at all, since the trajectory satisfies -4 /2 : z any-
way. The upper limit means that the dislocations only travel a finite dis-
tance from the scatterer, i.e. they are confined. Only in the infinite
bandwidth limit (a a) of an extremely short pulse is the whole parabola
explored; in the cw limit (a - 0) the trajectory shrinks to nothing (cf.
Wright & Nye 1982). The dislocation delay is

1D a c 12-
TD atran1{a t-. , )•

which is sketched in figure 9(b).

This strong dependence of dislocation behaviour on details of the

driving pulse envelope agrees completely with the findings of Wright & Nye
(1982), and appears to be a disadvantage for NDE. A Lorentzian pulse
(Wright & Nye 1982), which decays more slowly than exponential, produces
dislocation confinement and additional more complicated behaviour, which is
even less desirable.

6. Wavefront dislocations inside the incident beam: two point scatterers

This model is difficult to analyse, so to avoid inessential complica-
tions I shall simplify the model in figure 5(b) so that b - a, V *,
a i 0. The total cw field is (cf. (3))

e-t (eikz + 2ar-/ 2 cos(wA)ei(+kr))

where the two scattered wave functions have been combined, and interfere to
give the cos(wA) factor, in which A a 6sinO/c as in 54. This cw field is
very similar to that in 55, and if k6 < 2w so that cos(wA) > 0 for all 0,
the cw minima are identical for 1 and 2 point scattering. Generally, the
phase-opposition condition gives

+ kr = kz + 2n 1 if cos(WA) > 0 (9)2n<



for cw minima, which change into maxima when cos(wA) passes through 0.
Hence it is not obvious what dislocation trajectories will do in this
model.

The total pulse field is

-iw ar -1/2[f ~cAiWA iWA i()+kr)\
S f(tz/c)e + ar f(t-r/c-A) + f(t-r/c+A)e e

Let us assume that f(t) F(at) is slowly varying, i.e. a is small, so that

f"(t) a o2F"(at) << f'(t) a CF'(at).

Then Taylor expanding and combining terms gives the following approximation
for the scattered pulse:

e-it2ar-/2[f(t-r/c)cos(wA) - iAf'(t-r/c)sin(wA)]ei(+kr) (10)

Hence the total pulse field is approximately

e iwtf(t-z/c)eikz + 2ar-1/2f(t-r/c) R ei(
- E+ +kr) (11)

2 2 2 2 2
where R cos (wA) + A (L(t-r/c)) sin (WA), =- = arctan(AL(t-r/c)tan(wA))
and L(t) f'(t)/f(t) - d lnf(t)/dt. From figure 8, which applies to this
model also, f'(t-r/c) > 0 at a dislocation in the scattered pulse, so L(t-
r/c) > 0. There are two conditions for a zero of (11). Phase-opposition
gives

-- + 4 + kr = kz + (2n+)ff, i.e. r = z + Dn + -/k, (12)n ,

where k (2n+)r - just as for the single scatterer (§5). We shall
see that nthis phase condition determines the gross appearance of the dislo-
cation trajectories, which seems to be generally the case (Wright & Nye
1982). The amplitude condition gives

f(t-z/c) = 2ar -/ 2f(t-r/c) R. (13)

Equations (12) and (13) are a perturbation (in A) of those for a single
scatterer, and I will use this observation to investigate their solution.

U For all pulse shapes, _ is symmetrical in A as are the cw minima, and
satisfies E = wA (modulo 7) at wA = n7/2. It looks as in figure 10a, on

* which the wavy lines indicate the values of HE that satisfy the cw minimum
condition (9). As A increases beyond about I/L(t-r/c), the wiggles of - go

" out of phase' with the cw steps, because the imaginary term in (10) is
increasing and has no analogue for cw. Figure 10a shows that the disloca-
tion trajectories drift smoothly across the cw extremum lines as the angle
o varies. They cross the cw minima where wA = _ = nt, pass inbetween the
'saddles' S where wA H = (n+1/2)T so that cos(wA) changes sign and cw
minima turn into maxima, and avoid the cw maxima. The number of cw-minimum
lines crossed is [k6/7rj; maximum drift occurs on the x axis, and zero drift
on the z axis and asymptotically as r • This is sketched in figure 10b
for a system with k6/n = 5/2. All these gross featurej of the trajectories
are independent of the pulse shape.

Where a trajectory crosses a cw minimum, R=1, and the dislocation time
is exactly as for the single scatterer. Otherwise, for small a and A
(A 0 as r o), R Ni, so that the dislocation times given by (13) will

,,. 6
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Figure 10. (a) E vs. A; (b) A typical dislocation trajectory.

be similar to those discussed in §5; further analysis is too complicated to
give here.

7. Conclusions

Wavefront dislocations provide markers within (possibly long) pulses,
that are more sharply defined than say leading edge or pulse centre,
although in practice they can only be localized to an accuracy proportional
to the S/N ratio. Such markers allow the 'uncertainty principle' to be
beaten, and Walford (1972) used this idea to measure displacements of a
glacier as small as a hundredth of a wavelength.

Dislocation trajectories are fairly easy to calculate approximately,
they are closely related to cw minimum-amplitude surfaces, and only weakly

% dependent on pulse shape. Dislocation times along their trajectories are
difficult to calculate and highly dependent on pulse shape. In realistic
systems dislocations seem to occur mainly in the tail of the pulse, and if
the tail does not decay sufficiently rapidly they may be confined, and
never leave the scattering region. This appears to be less of a problem if
there is no strong incident beam reaching the detector, so that onostatic
(coincident source-receiver) geometry should be favourable. The system
discussed in 54 (out of incident beam) also models the essence of this
case.

We have seen that a realistic radiator itself produces wavefront
dislocations that will be present in the incident pulse. Hence it will be --
necessary to distinguish observations of such intrinsic dislocations from
the extrinsic dislocations generated by the scattering. The propagation of
intrinsic dislocations has so far received only cursory attention (Wright &
Nye 1982), but they could be more useful for NDE than their extrinsic coun-
terparts.

I conjecture that more realistic models of scattering from microstruc-
ture will not show qualitatively new dislocation behaviour. For example,
the piston radiator model (Wright & Berry 1984) consisted of a finite size
radiator with 'infinitely sharp' edges. At quite low frequency
(wavelength - (2w/10) radius) it showed very similar behaviour to the point
scattering models, with trajectories that are roughly parabolic (figure
3b). The scattering amplitudes determining dislocation behaviour are just
the usual cw amplitudes, so anything detectable using dislocations is also
detectable using cw. However, dislocations convey the information

0!ii



differently -- for example, cw interference fringes of negligible visibil-
ity may be pulled down nearby to actual amplitude zeros at some time during
the passage of a suitable pulse, and these might be more easily detected.
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MICROPHASE SEPARATION IN DENSELY CROSSLINKED POLYMERS

Dov Katz
Department of Materials Engineering

Technion, Israel Institute of Technology
Haifa, Israel

Abstract

Based on literature survey and on experimental work by the author
and his coworkers, the phenomenon of microphase separation in densely and
moderately crosslinked polymers is discussed. An attempt was made to
explain in general terms the reasons for microphase separation. Tf.h. res-
ence of supermolecular structures created by agglomeration of smaller
microheterogeneities into structures of the micron s'.ze, due to the action
of secondary forces and displacement and changes in shape of these struc-
tures, was emphasized. It seems necessary to take into account the total
morphology, namely the molecular or chemical structure of the network

together with the supermolecular structures built by action of secondary
forces in polymers used for matrices in composite materials and for
adhesives, when their mechanical properties are considered.

Introduction

In many polymerization reactions in which moderate or dense cross-
linking takes place, the resulting polymer has a nonhomogeneous structure
due to phase separation and microheterogeneities formed during the process
of crosslinking. In our earlier studies, Katz and Zewi (1972, 1974, 1975)
(1-4) phase separation was postulated after discovering two distinct
secondary transitions in systems which contained only two reactive species
participating in the network building: the basic prepolymer and the
crosslinking agent. The phenomenon was related to the nature of the two
components, as well as to the continuous changes occurring in the system
during crosslinking. An assumption was made that formation of super-
molecular structures takes place because of physical interaction between
sections of the network. As a result of a fair amount of investigation
done on the subject of microphase separation, mostly by use of electron
microscopy, the existence of "gell-balls", Labana, Newman and Chompff
(1971)(5) or "nodules', Racich and Koutsky (1976)(6) of the size of
100-6001 was assumed by those authors and others. The phenomenon of micro-
phase separation and formation of microheterogeneities on the molecular

0 level, defined as "nodular morphology" can be attributed to a few factors,
of which the most important seem to be:

a) syneresis, mainly microsyneresis, as suggested by Dusek (1971)(7) due
to local incompatibility which may occur with the progress of polymeriza-
tion because of the inhomogeneous increase of the degree of crosslinking
(v-induced syneresis),or because of compatibility changes in polymer-
monomer interaction due to changes in the nature of reaction participants
(x-induced syneresis);

b) formation of polymerization "loci" with excessive intramolecular
reactions within the "gel-balls" which exhaust the amount of available
functional groups for crosslinking outside the "gel-balls", consequently
creating nonhomogeneous networks.



rn both cases regions with localized high :r3sslinking density are formed
which are surrounded by a "matrix" with a lower density of crosslinking.

The "nodulae" are interconnected since they are attached to the less dense

"matrix" by chemical bonds. Both above mentioned factors influence the

molecular structure and should perhaps be referred to as chemical micro-
hererogeneity of the network. Many of the functional groups remain

unreacted on pendant prepolymer or curing agent chains, because of movement

restrictions imposed on these chains partially participating in the network

formation, by the pronounced increase in viscosity of their surrounding due

to polymerization and possible also because of physical interaction caused

by strong secondary bonds. The unreacted functional groups of the pendant
chains play an important role in the aging of the polymer 4nd can be also

used for chemical modification of the system, Funke (1982) . Another

factor contributing to formation of heterogeneities in the crosslinked "
polymers are differences in the chemical and physical nature of significant

parts of the network. This may lead to formation of supermolecular
structures as a result of the action of physical forces between certain
parts of the network. Those structures are much larger than the viously

described microheterogeneities and were defined by Lipatov (1975) as

macroheterogeneities. There exists of course, the possibility, and this
is usually the case, that more than one of the a.m. factors are acting and
enhancement of microphase separation occurs.

Supermolecular Structures

Most of the following discussion will be dedicated to microphase

separation due to formation of supermolecular structures, In their basic

structure those heterogeneities appear as globules much larger than the

"chemical" microheterogeneities randomly distributed in a structureless

"matrix". Their order of organization can be increased in some cases by
stretching the polymer: the globules become aligned in the direction of
the acting stress and they may transforzl eventually into fibriles, similar

to the cases discussed by Kargin (1956ii)0 with relation to some elasto-
mers in their rubbery state. Erath & Spurr (1959)(ll) while describing

their studies of phenolic diallyl phthalate and some epoxy resins below
their Tg, reported the existence of globular formations which are "denser
that the material in which they are embedded and which may become

arranged in linear arrays". In a study of the microst ucture of

* bisphenol-A epoxy resins, published by Cuthrell (1968)EI 2) the presence of
"two-phase systems containing flocular aggregates of higher density in a
lower density interstitial phase" is described. The experimental procedure

included microscopy and mapping the samples with a micropenetrometer.

"Spherical floccules" in the size range from about 2x105 - 9xlO5 x randomly
distributed in the interstitial phase or symetrically arranged were noticed

and their size could be made large or small by curing at low or high 7

temperatures. Based on those and other reports, as well as on our obser-
vations, it seems that the larger supermolecular structures are built up

*. by agglomeration and formation of aggregates of the smallest structures
discussed before, the nodules. The supermolecular structures are held

together by intra-and-intermolecular secondary forces and are formed or
* changed during and after polymerization. After polymerization the changes

occur due to thermal and mechanical treatment of the polymer, physico-

chemical processes which take place in the polymer on aging without or with

straining, plasticizer migration, chemical attack, etc. The size and the

shape of these structures s eto be influenced by many factors as discussed

by Morgan and O'Neal (1977) , some of them mentioned above, and they0!



range from a few tens of nm up to i.1m. In a latter work, reported by

Aspbury and Wake (1979)( 1 4), on amine-cured epoxy resins used for
structural adhesives, nodular structures of different sizes were noticed.

The nodulae aggregate into larger structures, defined by Aspbury as "trees",
which vary with the curing agent, the state of cure, specimen preparation,
etc. An assumption was also made, that the fracture behavior of a polymer
may be associated with the large size aggregates.

In our more recent studies of supermolecular structures and attempt

was made to find a correlation between the nature of these structures in

the basic polymer, or created by the action of aging and stresses, and some
mechanical properties of the specimen. Most of the polymers used for this
investigation were diglycidyl ether of bisphenol A (Epon Resin 826) cross-

linked with diethylene triamine (DETA) or with metaphenylene diamine (MPDA),

while another part of the study dealt with the behavior of a commercial

structural epoxy type adhesive. Scanning electron microscopy (SEM) was
used for examination of the failure surfaces topography of specimens

fractured at room temperature, much below Tg of the polymers. The study

included investigation at room temperature of:

I. properties and failure surfaces of unstrained and strained specimens
aged in air at temperatures above Tg of the resins, Katz and Buchman

(1977, 1978, 19,79) -17 .

II. properties and fracture surfaces structure of a one component structural

adhesive aged in its prepolymerized state at room temperature, Katz, Buchman

and Gonen (1980)(18).

III. topography of failure surfaces of unaged samples bent at different
rates of strain at room temperature, Katz and Donnet (1982)(19). "

I. Aed Unstrained and Strained Crosslinked Epoxide Resins

Due to aging of X-linked Epon-DETA and Epon-MPDA systems above their -
Tg, profound physico-chemical changes occur in the polymers affecting their
structure and properties. Application of large tensional strains, 20, 40
and 60%, during the aging process results in obtaining of specimens with
different properties and a different structure than those of the specimens
prepared the same way, but unstrained during aging, Fig.l. This behavior
seems to be due to orientation occurring in the stretched samples during
their aging and to changes in the network structure of the polymer because
of orientation and different supermolecular structures, stable below T9, which
are formed in the two cases. While on SEM micrographs, Fig.2, of the
external and fractured surfaces of the unaged and unstrained aged samples
only large globular structures are observed, on the surfaces of samples

aged while strained, also oriented sections, some of them even very highly

oriented, can be seen. In spite of the fact that most of the structural
changes occurred during the aging process in the "skin and intermediate
layer" as shown by SEM micrographs and birefringence measurements, the
mechanical properties of the specimens were affected considerably. A
qualitative relation between some mechanical properties of the aged samples
and their unoriented or oriented structure can be noticed. In this case,.--.

strain induced orientation in a typical amorphous crosslinked polymer led
to different chemorheological aging processes in the specimens and to
different network structures of the aged unstressed and stressed samples

derived from the same basic polymer.

r- .-- '-
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Fig.l: 10-sec torsion modulus at 200 C ,G vs. time of aging at different

temperatures of specimens strained to various percentages of

(b) (d)

Fig.2: SEM photomicrographs of aged surface of Epon 826-MPDA specimens(xlOOO):

(a) unstrained ; (b) strained-oriented section;
(c) strained, unoriented section; (d) strained, fractured.
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IL One-component Structural Adhesive Prepolmer."

In another study by Katz, Buchman and Conen (1980)(17) which dealt
with aging in storage of a one-component structural adhesive "PM-73"
(manufactured by American Cynamid) in its prepolymerized state, a corre-
lation between mechanical properties of the polymerized adhesive and its
supermolecular structures as observed on SEM micrographs of the failure
surfaces of the adhesive, was noticed, Table I. The adhesive unaged before

Table I. Properties of unaged and aged polymerized adhesive

Aging time

Material
Properties 0 3 8 16

olymerized Swelling Weight increase 41.0 35.2 23.8 27.7
adhes ive ,.wt

Solubles (% wt) 2.72 2.73 1.78 1.41

Tension a b (kg/cm2 ) 178.4 275.0 289.0 316.0

I £b (7) 3.10 2.45 2.40 2.3

Torsion -
in rub- t Glo,R)Xl0-7 dyne/ 3.1 3.1 4.5 5.4
bery ki2)
region

Single Shear T (kg/cm ) 256 264 262 240

lap joint E (kg/cm 2) 275 246 233 228

polymerization, had after the accomplishment of the curing cycle a lower
stress at break (0b), shear and torsion modulus but a higher strain at
break (Eb), toughness and adhesion energy, than the adhesive aged at room
temperature for different lengths of time before polymerization. The SEM
micrographs of the fractured surfaces, Fig.3, show clearly the presence of
fibrilar structures in the first case, but only a few fibriles and mostly

globular supermolecular structures in the polymer specimens made from aged
prepolymers. There seems to be a clear relation between the more ductile
failure of the product obtained from the unaged prepolymer and the
occurrence of fibriles in its failure surface, while the failure surface of
the more brittle material obtained from the aged prepolymer contained mainly
globular structures, an occurrence which can be characteristic for the
behavior of a material with a high ab and a low Eb.
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(a) (b

Fig.3 SEM photomicrographs of failure surfaces in tension (r =50mm/min)
of specimens prepared from an adhesive which was before polymerization:
(a) unaged (xlOO) ; (b) aged for 7 days (x 150).

.- III. Epoxide Resins (Epon 826-DETA) Subjected to Bending at Different
Rates of Strain.

* This work is only in its early stages and therefore only a few
qualitative results of some introductory experiments will be presented and

* discussed.

Samples of EPON 826 crosslinked by equivalent ratios of DETA and
*prepared all in one batch were bent at room temperature at different rates

of strain: 50, 5 and 0.05 mm/min till fracture (by use of an Instron
universal machine). The specimens were made by machining from a plate
polymerized in a mold after careful mixing of the two reactants. The poly-

. merization cycle included reaction at room temperature for 1 hr, at 35*C
for I hr and postcuring for additional 2 hours at 115°C. The fractured
surfaces coated with a thin layer (l0o) of Au/Pd (90/10) were studied by
use of an electron scanning microscope (SEM). Since in bending experiments
part of the specimen is subjected to compressive and another part to
tensional stresses, the micrographs show different structures of the
fractured surface in the part where compression and in the other part where
tension occurred, but a large degree of orientation can be distinguished in
both regions, Fig.4. The orientation effect depends on the rate of strain
and so are the structures which formed mainly during the application of the
bending stresses. The occurrence of fibrilar structures in the tractured
surfaces is increasing with the decrease of the rate of strain and in some
micrographs it can be seen clearly, that they are developing from larger
globular structures in the presence of small globules.
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(a) (C)

(hi (d)

Fig.4 : SEM photomicrographs of failure surfaces of EPON 826-DETA fractured by
bending at different rates of strain ( Tension region):
(a) r- 50mm/min (x400); (b) r- 50mm/min( x20,000)
(c) r= 0.b5mm/min (x200) ; (d) r=0.05 mm/min(x2000);

Most of the fibrilar structures are not continuously smooth and
uniform; they seem to be built from flattened elipsoid shaped layers which
form almost uniform parallel strata, arranged perpendicularly to the
direction of the acting stress. The thickness of these layers may be of
importance and can perhaps be related to the size of the globules and to
the magnitude of forces acting inside the globules and between them. Much
work has to be still done on this subject; we believe that micro X-ray
analysis can contribute more to formation of a clearer picture of the inter-

relation between the structure of the polymer, its crosslinking density,

efficiency of crosslinking, inter- and intramolecular forces, supermolecular
structures obtained during polymerization, and the microphase structures
created while acting on the polymer in controlled conditions.

Discussion

No serious attempt was made, neither by us, nor to the best of our
knowledge by others, to correlate quantitatively or even qualitatively the
occurrence of supermolecular structures with properties of the material, but
one can not avoid the temptation to make a few highly speculative remarks
on the subject. The explanation of the influence of new supermolecular
structures obtained as a result of stretching on physico-chemical processes



(ex. aging of strained samples at high temperatures) on mechanical

properties of the polymer is simpler, because of the relative easiness

in recording of changes occurring in the network due to chemical reactions.
The situation becomes much more complicated in the case of changes, or

build-up of new supermolecular structures of nonpermanent character, due to

action of physical factors only and it seems worthwhile to consider a few

ideas from the point of view of structure properties correlation. By

stressing a polymer specimen a higher order of organization can be induced
into the material, because the globular structures will align themselves in
.the direction of the strain or they even transform into fibriles which may
or may not interact. If no considerable creep and/or stress relaxation
takes place during the straining process, and this is the case in cross-
linked systems, and if the forces holding together the newly created

structures are weak, after stress release, the oriented structures tend to
return quickly to the lower degree of organization, namely to form again a
pattern with randomly distributed globules. This will also be the situation
in nonlinear highly polar noncrosslinked polymers in their transition and
rubbery regions, when no strong secondary intra- or intermolecular forces
are preserving the new strain created structures. Such structures can be
formed in the transition, rubbery or even in the viscous flow region of
certain thermoplastics and then preserved by rapid cooling of the polymer
to temperatures below its Tg. Secondary forces, weakened or even nullified
by high temperatures act again and preserve the new structures. Consequent-
ly the properties characteristic for the oriented structures, like the

reinforcing effect, which can be observed mainly by the increase of stress
at break and of the Young modulus and often by a decrease in the strain at
failureare preserved too. The shape, orientation and size of the oriented
structures can be studied by use of different physical methods, like SEM,
LAX-S, birefringence etc. Since the oriented structures in crosslinked

polymers and in many cases in thermoplastics are not the ones with the
highest entropy at temperatures below T g, the ordered or distorted globular
and fibrilar inhomogeneities in the material will tend to relax and return

to their random distribution in the interstitial phase. Their relaxation
process will depend on the driving force related to the surplus of free
energy in the non-equilibrium state and to the magnitude of the secondary
forces acting at the relaxation temperature inside and between the inhomo-
geneities. (This description of a polymer behavior may explain the memory

effect characteristic for many polymeric products, an effect which is very
marked in polymers with strong inter- and intramolecular forces). In non-

polar nonlinear polymers the acting inter- and intramolecular forces are
very weak; the oriented structures of the stretched polymer disintegrate
easily and since the internal energy difference between the oriented and

unoriented states ("the driving force") is small, no serious reinforcement
effect can be observed due to creation of oriented structures, after cool-

ing below T of the polymer or after the orientation-causing stress is
removed. S4raining below Tg will produce in crosslinked polymers with
secondary inter- and intramolecular forces of different magnitude different

results which demonstrate themselves in such characteristics of the material,
as Gb, Eb, E and toughness. If the secondary forces are strong and the
rate of strain is high enough, one would expect that the dense globular
supermolecular structures will persist, they may become aligned in the
direction of the acting stress moving inside the less dense interstitial

phase and the material will show a brittle behavior with relatively high

E and 1b, a low Eb and toughness, on the fractured surface of the polymer
very few short or even no fibrlLes will be detected. Easiness in transition
from the globular to fibrilar structures seems to be very important when

0'
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brittleness, ductility or toughness of the material are considered. The

rate of strain at a certain temperature, or the temperature at a certain

rate of strain doubtlessly incluence the formation of different kinds of

supermolecular structures in polymers. Ex. given enough time (at lower
rates of strain) at a certain temperature, formation of fibrilar

structures is more pronounced than in experiments performed at high rates
of strain. This approach is supported by results of our experimental work
and by the conclusions derived by Gladhill and Kinloch (1979) (20) from their
investigation of crack growth in epoxy resins used as adhesives. According

to them: "it is the flow of nodules past one another, rather than slippage
of polymer chain segments, which is the mechanism involved and which is
largely responsible for plastic strains observed. Further, the different

plastic strains recorded may possibly be ascribed to morphological
differences. Mechanisms for different modes of crack growth have been
considered. It is pr.posed, that the amount of localized plastic defor--
mation arising from shear yielding that occurs at the crack propagation is
the controlling feature. Correlation between the mode of crack growth
ability to undergo plastic straining and morphology of the adhesive have
been established in support of the proposed mechanism".

Summary

The presence of microheterogeneities in a less dense chemically

attached interstitial phase in crosslinked polymers was proven in many
investigations. These microheterogeneities, from submicron nodules up to

micron size structures, are held together by chemical links and by physical
forces acting between parts of the network. They are formed by agglomera-
tion of smaller heterogeneities into supermolecular structures and exist in
their simplest shape as globules of different size distributed randomly in

the interstitial phase. Due to the influence of different factors
(temperature, magnitude of stress, rate and frequency of strain, plasti-
fication, etc.) the supermolecular structures may become aligned and
change their shape from globular to fibrilar with different more or less
ordered intermediate structures between the two extreme ones. When

rheological properties of crosslinked polymeric matrices in composite
materials or in adhesives are considered, in addition to the molecular

(chemical) structure of the network, also the strength of secondary intra-
and intermolecular forces, the formation and changes of supermolecular

structures due to the action of these forces, in other words the total

morphology of the network, should be taken into account.
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Abstract

The structure and extent of the boundary layer developed between phases in a
two-phase composite was represented by models which consider the totality of
the transient phenomena taking place along this boundary layer. These models
are based on the assumption that all physical and mechanical properties of
the composite unfold from those existing at the inclusions, to those
dominating in the matrix.

In this way a pseudophase was developed between main phases, consisting of
an infinite number of layers each one of them having progressively varying
properties from its neighbours.

" The extent of mesophase was evaluated by considering the variations existing
in the heat-capacity jumps ACp, of the simple polymeric substance made of

Z . the matrix material and the respective composite, appearing at the respective
glass-transition temperatures of both substances. Based on thermodynamic
measurements with differential scanning calorimetry the extents of these
jumps were accurately measured and these define the thickness of this

.- boundary layer.

It was, further, assumed that the abrupt variations of the mechanical
properties in the mesophase follow negative-power laws, whose exponents were
derived by measuring the moduli of the matrix, inclusions and the composite
and assuming the validity of an improved law of mixtures.

Experimental evidence with either iron-particulates, or glass-fiber
composites indicated clearly that the introduction of the mesophase yields

0 a better and more flexible model for interpreting in a realistic manner
the complicated phenomena appearing in all composites used in engineering
applications.

Introduction S,

The adhesion between matrix and inclusions in a fiber- or particulate-
composite material is one of principal factors characterizing the
mechanical and physical behaviour of the modern composite materials. All
theoretical models describing these substances neglect to consider the
influence of the boundary layer developed between phases during the
preparation of the composite.

S" In reality, around an inclusion embedded in a matrix a rather complex



situation develops, consisting of areas of imperfect bonding, permanent
stresses due to shrinkage, high stress-gradients or even stress-
singularities, due to the geometry of the inclusions, voids, microcracks
etc.

Moreover, the interaction of the surface of the filler with the matrix is
usually a procedure much more complicated than a simple mechanical effect.
The presence of a filler actually restricts the segmental and molecular
mobility of the polymeric matrix, as adsorption-interaction in polymer

- surface-layers into filler-particles occurs.

The polymeric matrix, cast around the inclusions, created phenomena of
physical and chemical adsorption. Physisorbed layers of the matrix
contribute, in general, to weak mesophases. However, the physical
interpenetration of the boundary layer of the matrix in cavities and other
rough regions of the surfaces of solid inclusions, interrelated with the
biased development of the molecular structure of the polymeric chains
there, and any other structural variations of the adjacent layers, creates
an intermixing and interpenetrating phenomenon, which influences
considerably the molecular structure of the mesophase, thus resulting to
variations of its mechanical strength. Thus, the mechanical properties ofr. the matrix films and layers close to the interfaces, which are functions

K of the initial structure of the matrix, are strongly depending on the
physical situation of this boundary layer.

On the other hand, ehemisorbed (chemically adsorbed) molecules on the
interfaces create structural variations, by developing beaded structures
of caged molecules or ladder-like molecules. All these types of chemisorbed
elements on inclusions lead to rapid variations of the properties and
mechanical strength of the interface layer, close to the surfaces of- inclusions.

Then, around each inclusion (fiber or particulate) a complex state is
developed, which creates an intermediate boundary baber of variable
thickness along the inclusions, where all these anomalies are concentrated
and influence the physical behaviour of this layer. This zone is extended
beyond the thin layer including the phenomena of physisorptio and
chemisorption, and it incorporates the zones of imperfect bonding and
shrinkage stresses, the high stress gradients, or even stress singularities,
due to geometric discontinuities of the surfaces of inclusions, to the
concentration of voids and to the impurities, microcracks and otherr anomalies.

In this study the existence of the boundary layer, constituting the
0mesophase, and developed between the two main phases of a two-piAasL

composite was taken into account for the development of a convenient model
describing the thermomechanical behaviour of unidirectional fiber
composites, This layer was assumed as developed entirely on the side of the
softer polymeric matrix, and the harder inclusion is considered as neutral.
Moreover, the mesophase was assumed as an independent pseudo-phase of
variable properties, matching those of the inclusion on the one side, and
the matrix on the other. The models are based on the same basic ideas as
the Hashin-Rosen model (Hashin, 1962; Hashin and Rosen, 1964).

The evaluation of the characteristic properties of the mesophase was
achieved by introducing two alternate expressions of an jm: ,. '* j,
,qixtures between phases incorporating the influence of the third phase. In
both models it was assumed that the mechanical and the physical properties



of the mesophasc "unj>,L," from those of the hard-core fillers to those of
the softer matrix. Thus, a multilayer model was assumed, improving the
classical two-layer model, introduced by Hashin and Rosen, for the
representative volume element of the composite.

The variation of the mechanical properties of the mesophase layer were
considered as varying according to different negative power laws along the
infinitesimal thickness of the mesophase, thus matching conveniently the
properties of the inclusions with those of the polymeric matrix. The one
model uses a three-term expression, whereas the other and simpler one a two-
term expression for this variation of the modulus of the mesophase.

In order to define the thickness of the mesophase, Ari, Lipatov's law was
considered, which interrelates this thickness to the jump in the heat-
capacity values at the glass transition temperature of a polymer. According
to this law the difference in heat-capacity jumps between the pure polymer
of the matrix and the respective composite at their glass transition zones
defines the extent of mesophase. Then, measurements with suitable samples of
the matrix polymer and the composite in a differential scanning calorimetry
apparatus define accurate the values of Ari.

On the other hand, accurate experimental evaluation of the modulus of the
composite, Ec, yields another quantity necessary for the solution of the two
versions of the improved law of mixtures considering the influence of
mesophase. The solution of these equations yields the exponents of negative-
power expressions for the variation of the mesophase modulus, Ei(r), and
constitute an effective means for defining the adhesion quaZity of the
bonding between phases in the composite.

The models have been applied either to iron-particulates, or the glass-fiber
reinforced polymers with satisfactory results (Theocaris, 1984a,b,c,d).

Both versions of the unfolding model gave reasonable thicknesses for the
mesophase layer in its proper sense. Moreover, the mode of variation of the
mesophase modulus in the layer indicated the role of transition, played by
this layer in adapting and smoothing out the large differences in the
mechanical properties of phases.

These versions of the model were based on a previous one related to a
multilayer model (Papanicolaou, Theocaris and Spathis, 1980), which was an
improvement of the classical Hashin-Rosen two-phase models. These new
versions were already presented in previous publications by the author
(Theocaris, 1984a;1984b;1984c;1984d).

The Unfolding Models in Composites

The models introduced by Hashin (1962) for the particulates and by Hashin
and Rosen (1964) for the fiber composites are of general acceptance. They

* assume in both cases representative volume elements (RVE) of the materials
consisting of a gradation of sizes of cells, corresponding to the volume
filling configuration existing in the particular material studied. Moreover,
a fixed ratio of radii between the spheres or the cylinders of the
inclusions (rf) and the respective quantities for the matrix (rm) are
assumed, in order to have the analysis of a single representative volume

* element (RVE), expressing the behaviour of the entire composite.

Besides these simple geometric models, other types of models include the



so-called seif.-uonsstunt mow'., according to which the average values for
stresses and strains in either phase are determined by solving two separate
problems, whose superposition yields the final configuration of the model.
The solution of the two individual problems allows the evaluation of the
average properties of the composite, by knowing the respective properties of
either phase. The self-consistent model was applied to composites by ..-

Budiansky (1965) and separately by Hill (1965).

An important variation of the self-consistent model is the three-phase model
introduced by Kerner (1956). In this model the inclusion is enveloped by a
matrix layer, which is turn is embedded in an infinite medium with the

unknown macroscopic properties of the composite. A variation of the Kerner
model was introduced by Van der Poel (1958), which approached more correctly
the problem of stress distribution in particulates. Both models were based
on solutions introduced by Goodier (1933) and Frbhtich and Sack (1946) for
a spherical cavity submitted, either to a hydrostatic loading, or to a pure
shear loading.

While the initial Van der Poe] model was valid for hard fillers and
incompressible matrices, this model has been extended by Schwarzl and
Eikhoff (1971) to incorporate the description of particulates along a wide
temperature range. A further use of the Van der Poel model and the Schwarzl
and Eikhoff ideas were made by Maurer (1983) in his interesting
dissertation.

Similar attempts to study three-phase particulate composites were made by
Sagalaev and Simonov-Emilijanov (1973) in the Kerner-Kerner model, where the
classical Kerner model was used twice to cover successively by pairs the
phases of a three phase composite, by Kudykina and Pervak (1975), by Takano
and Sakanishi and, finally, by Spathis, Sideridis and Theocaris (1981). All-
these models yield the moduli of the particulate composites in terms of the
moduli and respective volume fractions of three constituent phases of the
composite, without considering, except the last one, that the middle phase
is a product derived from the interaction of the two main phases and depends
on their degree of adhesion. All these models have been compared previously
(Theocaris, 1 984d).

Finally, the Takayanagi model (Takayanagi, Uemura and Minami, 1964) should
be mentioned, where the influence of the filler modulus, Ef, is taken into
account for the evaluation of the respective modulus of the composite, E
In this model the filler volume fraction, uf=p, was combined with a part
(1-T)Au of the matrix-volume fraction, u ,'which had a different influence
on Ec tan the rest of the matrix volume Traction (1OA)um.

c6
0 These three elements, that is the filler-volume fraction uf=A(P (represented

as an orthogonal of sides A and (p, quantities which represent the state of
mixing), the connected to uf part of the matrix (1-T)Aum, and the rest of
the matrix (1-A)um, were arranged in convenient combinations. The model A
consists of the uf-and (1-(p)Aum-elements in parallel and then the (1-)um-
element in series, whereas the model B contains the uf- and (1-)Aum-.
elements in series and the (1-A)um-element in parallel with the previous -.-
unit. Both models gave satisfactory approximations, either for the composite
compliance, Dc, of a particulate (model A), or for the composite modulus,
Ec, of a fiber composite (model B).

While the Takayanagi model was designed mainly for two-phase materials, it
could be extended to incorporate the influence of mesophase (Szathis, Konto4
and Theocaris, 1984).



It seems that a further extension of the concept of using mixed-mode

connections, that is in series and in parallel, for the elements contained
in such models is very promising.

In a similar context a series of models was recently introduced by Theocaris
(1984a,b,c and d) which approaches better the real situation in the
composites. The novel element in these models is the introduction of a third
phase in the Hashin-Rosen models,which lies between the two main phases
(inclusions and matrix) and contributes to the progressive unfolding of the
properties of the inclusions to those of the matrix, without discontinuities.

Then, these models incorporate all transition properties of a thin boundary-
layer of the matrix near the inclusions. Thus, this pseudo-phase
characterizes the effectiveness of the bonding between phases and defines an
adhesion factor of the composite.

For the model valid for particulate composites the component-phases are
interconnected through consecutive spherical interfaces of the filler,
mesophase and matrix. The dominant transverse interconnection through shear,
holding for the fiber-composites, is in this case insignificant, the
adhesion being now achieved by a continuously varying combination of shear -
and normal forces at the interfaces. Thus, variable components of the
hydrostatic and shearing loadings were developed between these surfaces.

Then, it is closer to the real situation of force-distribution to assume

that the contributions of phases are done by superposed in series layers of

the phases, lying the one on the top of the other in the direction of the
application of the external load.(Fig.la).
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Fig.l. Configurations of the representative volume elements
S for particulates (a) and fiber-reinforced composites (b).
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In this case, the compliances, instead of the moduli, should be added to ]
derive the compliance of the composite, since now the capacitances of the
respective electrical analogy, corresponding to the moduli of the elements,
are connected in series. This argumentation explains the necessity of adding
in this case the compliances of phases, instead of moduli.

However, since the approximation of superposed flat layers is again far away
from reality, because of the average sphericity of the layers, the
expressions for the bulk compliance of the composite should be expected to
be expressed by complicated expressions of the constituent compliances.

It has been shown that the bulk compliance Bc=I/Kc of the composite is
expressed in terms of the bulk and shear moduli of the filler (denoted with
subscript f), the mesophase (denoted with subscript i) and the matrix
(denoted by subscript m) by:

2I
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where the coefficients Afi and Aim are expressed by:

Pf Pm Pf Afi
- A - - (2)

fi Pi ' m Pi Pm Aim'

and:

3  3  3r 3 = Uf(3r i/r m uf+i r rf/r m u f (3) I I

Moreover, it is valid that,

3 3 uf +ui I1"...r /r3 =f+j -! (4)
if uf B

Equation (1) yields the bulk modulus, Kc, of the composite in terms of the

bulk and shear moduli of the phases and the stress-ratios Afi and Aim which,
on the other hand, depend on the elastic moduli and Poisson's ratios of the
phases. These stress ratios are expressed by (Theooarls, 1984b):

3 (i-vi )(uf+ui )Ef
Afi _ Tui v2 f[3uf(l-vi)+ui(l+vi)]Ef (5 "-'..

and:
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m 1 i

For the complete solution of the problem, a relation between the Poisson

ratios of the composite and its constituent phases is needed. Since the



mesophase is derived from the matrix material, it is reasonable to accept

that:

V i  vm  (7)

whereas for the Poisson ratio vc of the composite we use a modification of
relationship given by Jones (1975) interconnecting the values of Poisson's
ratios. This relationship was found satisfactory for our purposes and is
given by:

1 uf ui  ur (8)
= +- (8)

vc vf V. v
f 1 m

The last equation completes the number of relationships, necessary for

evaluating the characteristic properties of the particulate.

The model expressed by relations (1) and (8) yields accurate results, if the
constituent phases of the particulate composite are accurately defined.
However, it should be mentioned that its validity holds only in the purely

elastic behaviour of the composite, since viscoelastic effects have not been
encountered in this model. To this aspect the model is similar to all other
models and especially the most sophisticated Kerner-Kerner, Krauss,

Takayanagi, Van der Poel and Maurer models. Furthermore, it contains an

additional advantage that it, alone, incorporates the influence of the
mesophase developed between phases, which depends on the adhesion quality of
their bonding and in some regions it plays an important and regulating role to
the mechanical behaviour of the composite.

Indeed, in all previous models the boundaries of their phases were assumed as
smooth surfaces. In reality, around an inclusion a complex state develops,
which consists of areas of imperfect bonding, permanent stresses, due to
shrinkage of the polymer phases, during the curing and aftercuring periods,
and the change of the thermal conditions there, high stress-gradients and
stress-singularities, due to the complicated geometry of the interfaces,
voids, impurities and microcracks, appearing at the vicinity of these
boundaries.

Moreover, the interaction of the matrix polymer, during its aftercuring
period, with the surface of the solid inclusion is always a complicated
procedure. Indeed, the presence of the filler restricts the free segmental
and molecular mobility of the polymeric matrix, as adsorption interaction
between phases occurs. This phenomenon influences considerably the quality
of adhesion between phases, contributing to the development of a hybrid
phase between main phases, which is called intcrhasc, or, better, mesorihiae."

The existence of mesophase was proved experimentally and its extent was
evaluated by a theory developed by Lipatov (1977). Similar evaluations of the
extent of mesophase were established by calculating, through dynamic
measurements of the storage moduli and the loss factors at the vicinity of
Tg's of the matrix and the composites the differences of these quantities for
the composite and the matrix materials (Theocaris, Kefalas and Spathis, 1983).
Finally, the mesophase volume fraction, ui, may be evaluated by executing
measurements of the strain magnification factor for the unfilled and filled

polymer, as it has been nicely advanced by Zio jeZ and Romano' (1973a;1973b),
0 on a theory based on the concept of line-fraction introduced by nuceh (1960).



'or the case of unidirectional fiber-reintorced composites a multi-layer
model was initially introduced by 'k),. r,,>"v . ',, . > (1979). In this
model influence of the mesophase on the properties of the composite was
studied. Another model was afterwards presented, where the variable with polar

distance elastic modulus of the mesophase was expressed as sum of a constant
term and two variable terms, expressed as modifications of the moduli of the -

filler and the matrix by negative power laws (PapaniaoZaou, Th onoaris aiic"
2,Tathis, 1980). The inconsistencies of this model were remedied by a new
version of the model introduced by [heoeai-s (1984a to e) containing either
two, or three terms.

However, the situation with unidirectional composites appears to be much
simpler. In this case and when the fibers of the composite are oriented
parallelly to the externally applied load an improved law of mixtures holds,
where the contribution of the mesophase is taken into account. This law is
expressed by:

Ec = Efuf+EiUi+Emu (9)

where the u's are expressing the respective volume fractions.

Relation (9) may be considered as satisfactory for fiber-reinforced composites -

because, the individual moduli of phases in the RVE should cooperate through
their interfaces, which are assumed parallel to the direction of application
of the external load, this cooperation being achieved by the lateral surfaces
of cylinders developing shears between phases. Thus, this model necessitates
an addition of the moduli of the phases multiplied by weight-factors, which
are simply their respective volume contents. In an electrical analogy scheme

then, the weighted moduli constitute capacitances connected in parallel,
which explains the validity of relation (9). This relationship was found to
yield satisfactory results in the applications (Thecca2is and 1Paraniolacu, %
1979).

The representative volume element for unidirectional fiber-reinforced -
composites, see Fig.lb, consisting of a cluster of three co-axial cylinders
of the same height equal to unity, has volume fractions u's for its phases
given by:

2 r2 r2  r2 r 2
i-f fl r 'm- r -

uf 2\ ui  2,- --. and u m  ( r2_ (10)
\r , \r 2) m-." 2

m rm m

Assuming the appropriate boundary conditions between the internal cylinder and

any number of annuli surrounding it in the RVE of the composite, which assure
continuity of radial stresses and displacements, according to the loading case _-

considered, we may establish readily, by an energy balance between phases, the
well-known law of mixtures, valid for the longitudinal modulus E -E of the

composite: ("

r2 r2 -r2 r 2 '
Ec  f 22 m 2  (11) ....

m m m

If we assume further that the interphase annulus consists of a material having .

progressively variable mechanical properties, in order to match the respective -..-

properties of the two main phases boundinq the mesophase, we can define a

21
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variable elastic-modulus for the mesophase, Ei(r), which, for reasons of
symmetry, depends only on the polar distance prom the fiber-interphase surface.
In other words, we assume that the mesophase layer consists of a series of
elementary layers, whose constant mechanical properties differ to each other by
a quantity (small enough) defined by the law of variation of Ei(r).

Definition of the Thickness of the Mesophase

It has been observed that, for the same volume fraction uf of the filler, an
increase of Tg indicates an increase of the total surface of the filler
(Voyutsky, 1960). This is because an increase in Tg may be interpreted as a
further formation of molecular bonds and grafting between secondary chains of
molecules of the matrix at the solid surface of inclusions, thus restricting
significantly the mobility of neighbour chains. This increase leads to a change
of the overall viscoelastic behaviour of the composite, by increasing the
volume fraction of the strong phase of inclusions.

The variation of the properties of polymers along their interfaces with
inclusions is extended to layers of a, sometimes, significant thickness. This
follows from the fact that, if only a thin surface-layer of the polymer was
affected by its contact with the other phase, then the change in Tg should be
insignificant, since the level of the glass transition temperature is
associated with the bulk of the polymer, or, at least, with a large portion
of it.

If calorimetric measurements are executed in the neighbourhood of the glass
transition zone, it is easy to show that jumps of energies appear in this
neighbourhood. These jumps are very sensitive to the amount of filler added . -'-

to the matrix polymer, and they were used for the evaluation of the boundary
layers developed around fillers.

The experimental data show that the magnitude of the heat capacity (or U
similarly of the specific heat), under adiabatic conditions, decreases
regularly with the increase of filler content. This phenomenon was explained
by the fact that the macromolecules appertaining to the mesophase layers are
totally or partly excluded to participate in the cooperative process taking
place in the glass-transition zone, due to their interactions with the
surfaces of the solid inclusions.

Lipatov (1977) has indicated that a relation holds between a weiqht constant,
A, definingfthe mesophase volume-fraction ui, and the jumps of the heat
capacity ACf of the filled-composite and of the unfilled polymer for
particulate composites:

*cfAC
A = 1 - -(12)

AC0
p

where A is a factor multiplying the filler volume fraction uf, in order to take
Sinto consideration the contribution of the mesophase-volume fraction ui to the

mechanical behaviour of the composite.

In order to define the volume-fraction ui of the mesophase for the particular
composite studied, a series of dilatometric measurements were executed in a
differential scanning calorimeter, over a range of temperatures including the

* glass transition of the matrix, and the composites containing different amounts



of fillers. The variation of the heat capacity fp ut the samples per ml
versus temperature was plotted automatically in a differential scannirn.
calorimetry. All C =f(T) curves plotted for pure polymers and composites
presented a typical jump ACp in heat capacity at the glass transition zone.
Fiq.2 presents schematically the variation of C at this zone versus temperature.
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Fig.2. Typical DSC traces for the specific-heat jumps at the

glass-transition regions of E-glass fiber-epoxy resin
composites and the mode of evaluation of AC's.

The AC~s were calculated by ignoring the smooth protrusions B'BC appearing in
the Cp-f(T) curves (see Fig.2) and measuring the distance of the intersection
A of the tangents AA' of the glassy curve and AB of the transition curve from
the horizontal tangent CC' of the rubbery part of the curve ACp=f(T).

In order now to define the radius ri of the layer corresponding to the
mesophase, we express it as ri=(rf+Ar) and we introduce this value into the
relations expressing the respective volume fractions ui for the particulates,

' or the cylindrical inclusions. For particulate composites, which will be ujsed 
in the applications of the method, use will be made of the Lipatov formuld,

valid for particulates (Li'ratov, 1977). This relation for particulate
composites takes the form:

(rf+Ar)3  Auf
- .1-u (13)

rf f

Relation (13) yields:

0



* A

Uf uf 1-Uf (14)

f+U 1-um  1- A
The real constant B depends only on the filler-volume fraction and the
coefficient A. Introducing the values of A derived from relation (12) we can j
define the values of Ari for the various filler-volume contents uf of the

composite.

In order to define the volume-fraction ui of the mesophase for the
particular composite studied in the experimental part of this study, which
was an iron-epoxy particulate, a series of dilatometric measurements were
executed in a differential scanning calorimeter (DSC) over a range of
temperatures including the glass transition of a pure epoxy polymer used as
matrix, and a series of samples of composites containing different amounts
of iron-particles of three different diameters df=150,300 and 400pm.,
varying between ui=5 percent to ui=25 percent.

The graphs of all the data presented shapes, which were qualitatively
similar to one another. They consisted of two linearly increasing regions
separated by the glass transition zone. While the glassy linear regions
presented a positive and significant slope, the rubbery linear regions were,
all of them, almost horizontal.

The AC~s were calculated by ignoring the smooth protrusions B'BC appearing
in the Cp=f(T) curves, as indicated in Fig.2. The variation of the specific
heat, and its jumps at the region of glass-transition temperatures Tgc ,
versus temperature was plotted for an iron-epoxy particulate with df=400pm
and for various us in Fig.3. Then, by measuring the distance of the
intersection A of the tangents AA' of the glassy curve and AB of the
transition curve from the horizontal tangent CC' of the rubbery part of the
curve AC =f(T), the values of ACs for the different composites are found
and they are included,among others, in Table 1.

Fig.4 presents the variation of the differences, Ari, of the radii of the
mesophases and inclusions, (Ari=(ri-rf)), versus the filler-volume content

* uf for the three different types of iron-epoxy particulates with diameters
. of fillers df=150,300 and 400pm, as they have been derived from relation

(13).

Fig.5 presents the variation of the heat-capacity jumps, AC, at the
respective glass-transition temperatures of the particulates, versus the
filler volume content uf, for the three different diameters of the fillers
(df=150,300 and 400pm). In the same figure the variation of the coefficient
A and the volume fractions for the mesophase and the matrix, versus uf were
plotted, as they have been derived from relation (14). It is apparent from
these graphs, that the mesophase-volume content ui for the three different
diameters of inclusions were varied only insignificantly and, therefore,
they may be assumed as independent of the diameters of the fillers.

It may be concluded from Fig.5 that the variation of the heat-capacity-jump
curves are smoothly decreasing curves, as the filler-volume content is
increased. This behaviour is logical, since addition of iron particles makes
the composite more rigid (Liratov, 1977).

It is also intresting noting that, for various diameters of the fillers,
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mesophases and inclusions (Ar=(ri-rf)), versus the
inclusion volume content uf for three different

diameters of inclusions of iron-epoxy particulates.
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Fig.5. The variation of the specific heat jumps at glass-
transition temperature of iron-epoxy particulate s"that
composites, versus the filler volume content uf. The
values for the factor , the mesophase-(ui)-, and the by"the
fillervolum-volume fractions versus uf, a t derivedaria

from the values of the respective AC s are also C-3.5,
plotted . A . .+

the AClf(uf)-curves differ only slightly, with the respective curves fordifferent filler-diameters, mutually intertwining. This fact indicates that"°

I -. the size of diameter of the filler plays only a secondary role on the .

- influence of the heat-capacity jumps, which are primarily influenced by the
filler-volume coen t. A similar behaviour is expected for the variation .
of the coefficient A, as indeed it is indicated in Fig.5.----

., ~It is worthwhile indicating that the values for u~s fitted excellently a...
• third degree curve expressed by: "..

+tu i  Cu 3 (15) ! !

'i[" where the constant C was evaluated experimentally to be equal to C=3.5. i.i.

i-The values of u: , together with the respective values for E s, were
introduced in Re respective models and gave excellent coincidence with

their experimental values, based on the cubic relation between ui and uf....-_
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The values of the characteristic quantities for the three-term unfolding
model, as derived by this procedure, were included in Table 1.

The Three-Term and Two-Term Versions of the Unfolding Models

In order to make compatible the variation of the Ei(r)-modulus with its
neighbour phases, this modulus should be expressed by three terms, that is
a constant one and equal to the Em-modulus and two variable terms depending
on the moduli of the filler, Ef, and the matrix, Em, respectively.

The two variable terms should yield very abrupt variations in the Ei(r)-
modulus, since the generally large differences between the moduli of the ...-

inclusions and the matrix must be accomodated in very thin layers of the
mesophases. The appropriate functions for such steep variations are power .
functions of r with large negative exponents. Then, the Ei(r)-modulus may
be expressed by: 1

(r r

Ei(r) = m+E fr 1- Em0r (16)
mfk r m _r)

Expression (16) may be interpreted by the fact that the variable Ei(r)-
modulus, which connects two phases with highly different mechanical
properties and elastic moduli, must interconnect and span these differences.
Indeed, for hard-core composites it is valid that Ef>>Em , whereas for
rubber reinforcements we have the opposite relation Em>>Ef. However, never
happens that EfE m

If we assume that the longitudinal displacements along each of the three
phases (filler-mesophase-matrix) are, in an average, equal and if we
neglect transversal effects we can reason that, since longitudinal
displacements and strains are equal, the stresses developed in these phases
should be proportional to their respective moduli. It has been established
that, for singular regions in elastic stress fields, singular distributions
may be approximated by negative powers of the radial distances from the
singular points. Then, it is reasonable to accept in this case also as
appropriate functions, expressing the transfer of moduli from fillers to
matrix, forms described by the terms of relation (16).

The second right-hand term in Eq.(16) expresses the contribution of the
Ef-modulus to the variation of Ei(r)-modulus, whereas the third right-hand
term defines the counterbalancing contribution of the Em-modulus, to
correct the contribution of the Ef-modulus, and insert the influence of
the matrix to the outer layers of the mesophase-layer.

From the compatibility conditions for the moduli at the filler-mesophase .
and mesophase-matrix boundaries, it may be derived that for r=rf we have:

Ei(rf) = Ef (17)

which indicates the automatic satisfaction of the boundary condition for
this interface, and similarly, for r=r i we have:

(rqn n2i!!!;
+E (r fE IE E Em

Ei(ri) = rf\i/  Em\ri

which yields:
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(n-2  z og( -:voq / --!) (18) --

m

Putting:

i ~og(Ef/Em ) -

A = _ogri/rf (19)Zog.iri/..Y

we have:

n= (n2+A) (20)

where A is a rral constant, depending on the ratio of the moduli of the two
phases and the ratio of the radii of the fiber and the interphase. This
constant is called the adhesion parameter of the model.

As soon as the radius of the extent of mesophase is defined, the parameter
A is immediately defined and fixes the constant difference between the
exponents nl and n2"

Higher values of A indicate better adhesion for a particular composite,
because they imply small differences in the values of ri and rf. For hard-
core materials, where Ef>>Em, the radius ri must be always larger than rf,
and Ef>>Em, therefore the logarithm of the ratio ri/rf is a positive number
and since £og(Ef/Em)>O the values of A are always positive. This means for
a hard-core composite it is always valid that n1>r*2. On the contrary, for

". rubber-core composites Zog(Ef/Em) is also negative and therefore it is
-" -valid that n,1< 2..

Since the third term of the right-hand side of Eq.(16) takes care or the
influence of the matrix modulus Em to the variation of Ei(r)-modulus and
since always for strong-core composites this contribution is secondary,
relation (16) may be somehow relaxed by assuming that this third term varies
linearly with the radius r along the mesophase. This means, in other words,
that the exponent n2 may be assumed equal to unity, without loosing

*_ generality, and imposing to the first right-hand side term to take care of
- the totality of the change of slope of the Ei(r)-modulus.

Then, relation (16) may be written as follows:

/rf2n r r 2n (r -r f) (1 ..
* Ei(r)= Ef(") +IEm-Eff (r-rf) (21)

r \r tm ri/ (r -rf

It is easy to show that the boundary conditions for this equation are
automatically satisfied. Indeed, for r=rf we have the second right-hand
term of Eq,(21) equal to zero and the first term equal to the Ef-modulus.
Moreover, for r=ri equation (21) yields automatically Ei(r)=Em and this
satisfies the exterior boundary condition.

Relation (21) has the advantage to contain only one unknown exponent and

therefore simplifies considerably the evaluation of the unknown quantities
in the definition of the variable Ei(r)-modulus. Then, in this two-term
unfolding model remains to define this exponent 2n, since all other
quantities and especially the ri-radius are either given, or evaluated from



the thermodynamic equilibrium relations.

In this model the 2n-exponent is the characteristic parameter defining the
quality of adhesion and therefore it may be called the adhesion
coefficient. This exponent depends solely on the ratios of the main-phase
moduli (Ef/Em), as well as on the ratio of the radii of the filler and the
mesophase.

Evaluation of the Adhesion Exponents nl,n 2 and n of the Unfolding
Models

As soon as the Arts were determined and the values of ris are found, the
values of the adhesion parameter A may be readily defined by using relation
(19). For the evaluation of the exponents r1 and n2 in the three-term model
it is necessary to dispose one more equation. This equation is derived from
the values of the modulus of the composite which may be measured
experimentally. In the case of particulates use then should be made of
relation (1).

However since relation (1) is a complicated expression for the compliances
of the composite and its phases in which is difficult and time consuming
to introduce the variable modulus or compliance of the mesophase Ei(r),use
is made of the notion of the average value of the modulus of the mesophase,
E(r), which is expressed by: , ,.

(r n jl ,r f nr2 . .

Ea(r) : Em+E f -E (22)

for the three-term model and by a similar expression for the two-term
model. Then, as soon as this value is derived from relation (1) valid for
particulates the mode of variation of these modulus inside the mesophase
may be derived from relation:

ri  r.Eau 3 I E -'f ll rf 1 . .
a 3 1 [ E -E rr \ 2 1 dr (23)

r3 - m fyr) m\r) J "rdr'
m rf

for the three-term model, and from relation: -.-.

r.
a _i 3 (" r rf\.2ri } r\n r-rf l r2d(2)--'-,?

3 i L fkr ) + m-fi. ri'rfJ

m rf

for the two-term model.

Both above relations, integrated in the interval between r=rf and r=ri,

*yield respectively:

a - u E mf 2Efmf m1 -l - Em-f (25)"'E ui  Em~ u 1-B 1-- (n2  I- (25) ..1 ,) , +
.- • . •(12



and:

E2u 2n..
Eau f f 1/3 -21 (26)
11 I -B 3lLn~ fE-, 1~-B- +B- 3B (6

Relation (25) uses the value of Ea , derived from Eq.(1), and it constitutes
one equation interrelating the two unknown exponents n, and n2 . Then,
relations (19) and (25) form a system of two equations and two unknowns,
which can be solved, and yields the values of the exponents nI and n2 and
their difference A, which expresses the quality of adhesion and it is called
the adhesion coefficient. The values of the exponents n1 and n2, as well as
of their difference are given in Table 1 and plotted in Fig.6 ior the iron-
epoxy particulate composites.
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Fig.7 presents the var ia eolutio n of the varial term(rf in the

*mesophase layer for a 25 percent ronr-ep()xy pa~ ticu) fat(, as they have been ...-
derived from Eq.(22), It is worthwhile indicatnj the mrooth transition of

the Ei-modulus to the Em-modulus at the reqion Ir ir. Similar behaviours
present all other compositions.

It is interesting plotting the variation of the fi(r)-modulus, versus polar
distance around a typical filler. Fig.8 presents this transition of the
moduli from the fibers to the matrices, exemplifying the important role
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played by the mescophase layer to the overall mechanical behaviour of the

composite.
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Fig.7. The variation of the adhesion parameter A for the

three-term unfolding model, and the adhesion
coefficient 2n for the two-term model, versus the
filler volume fraction uf.

Fig.9 presents the variation of the various moduli of the composite and .
its constituents for various volume fractions of the series of iron-epoxy

particulates. It is of interest to point out the small variation of the
average value of the variable Ei(r)-modulus of the mesophase, which
reflects the uniformity of the adhesion quality of these series of
composites, which is also indicated by the almost linear variation of the
longitudinal composite modulus, versus the filler-volume content.

For the case of the two-term unfolding model use should be made of Eq.(26)

* instead of Eq.(25). Then, the system of equations (1) and (26) yields the
values of the exponent 2n and the radius r- of the mesophase. Fig.6
contains also the plot of the adhesion coefficient 2n, versus filler volume
fraction for all iron-epoxy particulates studied.

It is worth mentioning here that the three 2n=f(uf) curves for the three
4- different diameters of the fillers are almost coincident. Furthermore,

there is an equivalence between the mode of variation of the two adhesion

coefficients A and 2n corresponding to the two versions of the unfolding
model.

Fig.10 presents the variation of the interphase moduli Ei(r) for the

various inclusion-volume fractions, versus the extent of the interphase

Ar, normalized to the highest inclusion-volume fraction of 25 percent.
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Fig.8. The variation of the moduli of the particulate
composite, EC, versus the filler-volume fraction, uf,
and the mode of variation of the average mesophase
modulus, E'q, as derived from the models.
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distance r for different filler-volume contents uf

for the three-term unfolding model. 
f
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Fig.1O. The variation of the mesophase moduli, normalized

to the mesophase thickenss Ar for the 25 percent
filler-volume content composite versus polar
distance r for the two-term unfolding model.

This was done in order to show the similarity of variation of the Ei-modulus
for the various values of uf for this series of composites, possessing the

"' same adhesion properties between them. These normalized patterns are
" equivalent with those presented in Fig.9 for the three-term unfolding model,

since the differences between corresponding values of the two versions of
the model are insignificant.

Conclusions

The theoretical models describing the physical and mechanical properties of
composites consider the surfaces of the inclusions as perfect mathematical
surfaces. Thus, the transition of the mechanical properties from the one
phase to the other is done by jumps in the characteristic properties of
either phase. This fact introduces high shear straining at the boundaries.

In order to alleviate this singular and unrealistic situation two versions
of a model were presented, in which a third pseudo-phase was considered, as

* - )developed along a thin boundary layer between phases during the
*polymerization of the matrix, and whose properties depend on the individual

properties of the phases and the quality of adhesion between them.

The two versions of this unfolding model consider that the mesophase layer



possesses varying physical and mechanical properties, assuring a smooth
transition from the properties of the fillers to the properties of the
matrix. In this manner a progressive change of the mechanical properties
from the filler to the matrix is achieved in a very short distance,
corresponding to the thickness of this boundary layer.

By using Lipatov's theory, interrelating the abrupt jumps in the specific
heat of composites at their respective glass transition temperatures with
the values of the extents of these boundary layers, the thickness of the ....
mesophase was accurately calculated.

Assuming in the one version of the model a three-term representation of the
unfolding value for the elastic modulus of the interphase, where each
variable term is expressed as a negative power function of the polar
distance from the inclusion, the variation of the elastic modulus of the
mesophase was accurately determined.

The second version of the unfolding model uses, instead of three, two
terms, one of which is a negative power function of the polar distance,
acting upon the inclusion modulus, and the other-one, acting upon the
matrix modulus, is expressed as a linear function of r. -

Both versions of the unfolding model gave satisfactory results for the

evaluation of the variation of modulus of mesophase, with the second one
(the two-term model) yielding always more stable results.

The difference in the exponents n, and n, in the three-term model and the
exponent 2n in the two-term model, gave a measure of the quality of
adhesion between phases and they may be considered as adhesion
coefficients, since higher values of these coefficients characterize a
better adhesion, whereas, as these values are diminished, the adhesion
becomes less and less effective.

Both types of the unfolding model describe satisfactorily the state of
transition of the mechanical and physical properties of the composites from
its fillers to the matrix, with the two-term version yielding more stable

and, therefore, more reliable results than the three-term model.
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Discussion of Session I

Direct observations of wavefront dislocations have been made for ultrasound,

for example in two experiments by D R Andrews and in an independent experiment

by G J Hardy. All three experiments make use of a light-emitting diode as a

stroboscopic light source (Andrews and Wallis, 1977), in a schlieren system by . .

Andrews (1983) and in a photoelastic system by Hardy et al (1978).

Figure I is a schlieren image (Andrews, 1983) of a pulse of approximately 15

wavefronts of compressional ultrasonic waves that have been reflected by the

curved boundary seen at the bottom of the photograph. This image bears direct

comparison with Wright and Nye's (1982) Figure 13 (larger scale) which is

reproduced here as Figure 2. In Figure 3, Figure 1 is reprinted with 3 non-

0 circular loops sketched on it to draw attention to the extents of the three

regions of strong contrast at waves. These regions, or lobes, correspond to

the amplitude "hills" in Figure 2; in the photograph, each hill is traversed

by some 5-10 bright contrast waves. The cusp also sketched in Figure 3 is the

cusp caustic shown as a dot-dash line in Figure 2. The two dots in Figure 3

identify the dislocations corresponding to the two lowest filled circles in

Figure 2. The spatial structure of these dislocations is sketched in Figure 4

and is asymmetric. This asymmetry can be explained by a 2-beam model (see

Figure 2 of Wright and Nye (1982)) in which are superposed two envelopes with *

a delay time. Referring to Figure 5, subtracting envelope B from envelope A

(destructive interference) gives C which is very bright and short in front,

and long and weak behind.
0I

Figure 6 is also a schlieren image (Andrews, 1983) this time of waves

scattered by a cylindrical object. The occurrence of a dislocation is

indicated by an arrow.

The above are examples of dislocations generated in the visualising medium. If

wavefront dislocations are to be fully exploited in order to obtain the

microstructural information which they carry, it is necessary that they be

visualized, or otherwise detected and recorded, outside the medium in which

they are formed. One method by which direct visualization has been achieved

(Hardy et al, 1978) is to transmit the pulse of ultrasound from the solid of

* S
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Figure 1. Schlieren image of a

pulse of ultrasound reflected by a

curved boundary

Figure 2. Amplitude contours of

the cusp diffraction catastrophe.

The loci of frequency minima Y

(thick solid lines) link the c.w.

nulls (filled circles) and contain

the approximate pulse dislocation

trajectories for small bandwidth.

The loci of frequency maxima

(thick broken lines) approximately

-- \link the spatial maxima. The cusp

caustic is shown as a dot-dash

__I line

Figure 3. Same as Figure 1 (see

text)
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I bright shockwave

Figure 4. Spatial structure of

the wavefront dislocations seen in

Figure 3

____ ___ ___ ____ ___ ___ ___ tail

Figure 5. 2-beam explanation for

the asymmetry of the dislocations

in Figure 3

Figure 6. Schlleren image of

dislocations associated with

scattering by a cylindrical object
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interest and into an adjacent block of annealed glass where, by using

stroboscopic illumination, it can be seen by virtue of its associated

photoelasticity. Figure 7 is an image obtained by passing a 2 MHz pulse of 7

wavefronts through a block of steel containing a 1 mm radius hole (arrowed).

The consequent wavefront dislocation structure is clearly resolved in the

upper part of the photograph.

Figure 7. Photoelastic image in

glass of dislocations in a pulse

of ultrasound which has been

scattered by a circular hole in an

adjacent block of steel

The radius of the defect detected in Figure 7 is similar in magnitude to the

0E wavelength of the radiation used and this led to discussion of exactly what

radiations might be best suited for exploitation of wavefront dislocations as 7
a tool for NDE. Assuming that objects cannot be detected if they are smaller

than the wavelength of the radiation used to detect them then, for polymers,

microwaves might be an ideal radiation for defects of the order of lcm in size .. _

and infra-red radiation for defects smaller than this. ".
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CONTRIBUTION OF NEUTRON SCATTERING TO THE DETERMINATION OF CHAIN TRAJECTORY

IN SEMI-CRYSTALLINE ISOTACTIC POLYSTYRENE.

J.M. Guenet.

Centre de Recherches sur les Macromol6cules, CNRS, 6, rue Boussingault,
67083 Strasbourg, C~dex France.

ABSTRACT The chain trajectory in semi-crystalline polymers is a topical

subject. One way of determining it directly is to use the neutron scatte-
ring technique. In this paper, after a short description of this technique,

the results obtained on semi-crystalline isotactic polystyrene are given.
They show that the trajectory is mainly governed by the competition between,
crystals growth rate and chain mobility in the original melt.

INTRODUCTION.
Since the end of the fifties where the lamellar character of the struc-

tures in crystalline polymerslhas been recognized and the chain folding
concept2put forward, scientists working in this field of polymer science

have been steadily concerned with the trajectory of a chain once crystalli-
zation has been achieved. As at .the time there was no way of determining it

directly from the available experimental techniques, the scientific commu-

nity soon divided into two schools each propounding its own model. Schemati-

cally speaking, on one hand was standing the switch-board model which was
reminiscent of the gaussian character of the chain in the molten state and

to some extent an up-to-date adaptation of the fringed-micelle model to re-
quirements imposed by the existence of lamellae. On the other hand, was
standing the model of adjacent reentry along an hkO plane which conveyed the
idea of regularity in crystalline polymers. While morphological evidence
rather supported the second type of model especially in single crystals

.- grown from dilute solutions, no definite answer could be provided.

" In the early seventies, the successful investigations of chain statis
tics in bulk amorphous polymer by neutron scattering nourished great hopes
for elucidating the chain trajectory in crystallizable polymers and thus

for definitively settling a twenty-years-old dispute. The principle of the

. technique is at first sight quite appropriate for answering the question.

By mixing some deuterium-labelled chains in an hydrogenated matrix, one
should be able to easily determine their conformation in the semi-crystal-

line state. Unfortunately, polyethylene which was the first polymer studied
5

proved to be virtually inadequate on account of the fact that in the course

of crystallization isotopic seggregation takes place.

In spite of this major impediment to a thorough study some virtually

unsmeared results were gained on quickly quenched samples which showed an
absence of variation of chain dimension after crystallization This parti-

cular point was soon interpretated differently and thus revived with re-
newed vigour the controversy.

7

Alternatively, some polymers such as isotactic polystyrene8 (iPS) or

isotactic polypropylene (iPP)9 were fortunately found free of seggregation
phenomenon between protonated and deuterated species after cyrstallization.

*As a result more extensive studies have been performed on these polymers.

In this paper, after a short description of the neutron scattering techni-

que, results gathered on isotactic polystyrene in the semi-crystalline

- . state are reported.

.. PRINCIPLE OF NEUTRON SCATTERING EXPERIMENTS.
The use of neutron scattering to study chain trajectories, with parti-



-ular emphasis on bulk samples, relies upon the large difference of inter-
action of a neutron with hydrogenated or deuterated matter._

Whereas, chemically speaking, there is virtually no difference between
protonated and deuterated species, their neutronic contrast b is quite un-

like 1 + - , o. In addition, protonated chains scatter
neutrons mainly in an incoherent manner as opposed to deuterated chains.
Accordingly, these essential differences enable to "visualize" by small
angle neutron scattering deuterated chains imbedded in a protonated matrix.

I) Theoretical.
I. Intensity scattered by a mixture of protonated and deuterated

chains.
The intensity scattered by a blend of protonated and deuterated chains

generally reads

where '.,1,1 and NotIoare respectively the number and the polymerization
degree of the protonated and deuterated chains,.o,B7,,W.are the mean ave-
rage scattering lengths of a deuterated chain, a protonated chain and of
their blend. Finally, ,s and ,,,D are the incoherent cross-section
with obvious meaning for the subscripts. The diffusion functions S"'(1)

M . )and SjI) read
i ' <0 ui p 2

Sb. Z NH : 4P () +t. N" ! (3)

S N 1 _ +, NJ, 10o 'HO q (4) .+

where P19) is the form factor of a molecule and V(, ) the Fourier trans-
form of the radial distribution function.

;" By introducing .- MH/MoH and o Mo IMOD where M4 is the chain molecu-.
lar weight and M., the monomer molecular weight and also N4= C "N/M- and

c(>NON./ Mwhere C is the concentration of the species in g/cm3  one ends
up with

Two cases are now to be considered

*i) Protonated and deuterated species are identical (same molecular
weight and same conformation) and their solid solution is homogeneous.

ii) Protonated and deuterated chains have different molecular weight
and as previously their mixture is homogeneous.

In the first case, the following relations can be written down

0 molecular weight identity : =. and P'(,) P6 ) (6)

homogeneity : Rta[Y i ikq z j (Q ) (7)

The mean scattering length of the blend then reads

• S5' eventually reads

Relation (8) shows that S'()is at a maximum for x-o-o-T . However, the pos-
sible presence of microvoids or heterogeneitics(crystalline polymers are
heterogeneous in nature) has been so far overlooked. These heterogeneities

S
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lead to density fluctuationshence a parasitic coherent signal enhanced by
increasing the amount of deuterated species.In addition, it happens to be
quite difficult, even impossible, to prepare samples of crystallizable poly-
mers having rigourously the same molecular weight and the same molecular
weight distribution. As a result, it seems more realistic to work with
samples containing only a few amount of deuterated species (say I to 2 %)to
avoid the afore-mentioned problems.

Under these conditions, Sti) becomes

c, ,,OX.,j,." (9) " "PC"
MH.

where the following approximations have been made

2. Analysis of the scattering intensity.
The intensity found experimentally is the Fourier transform of the

conformation investigated. Instead of taking the inverse Fourier transform
to determine the conformation, a method which might prove very tedious in
the end, it is more convenient to examine the scattered intensity in dif-
ferent domains of scattering vectors (or more precisely transfer momentum).
Usually two domains are considered

i) The Guinier range where c- , being the radius of gyration of
the chain.

" -ii) The intermediate range where Q _•-.,

" In the Guinier range, the intensity reduces to

By plotting T i- as function of >-,both the radius of gyration and
the molecular weight can be measured. Consequently, determining the varia-
tion of % with molecular weight brings useful information on the chain
conformation.

In the intermediate range, the intensity takes the form

where n is a exponent depending on the conformation which is however not
univoque. For instance, a gaussian conformation and a thin sheet both give
an exponent nz- in spite of their unlikeness.

II)Experimental.
If, theoretically, neutron scattering seems to be simple, experimen-

tally some problems have to be solved so as to obtain the true intensity
scattered by the label species. The case of isotopic seggregation will be
ignoreihere. Unless the degree of seggregation is known by a separate method

0 it is impossible to get correct results under these circumstances.

The main constraint in a neutron scattering experiment is to remove
the incoherent background arising from the protonated chains which should
be flat (no angular dependence). Normally, this is done by measuring the
intensity scattered by a sample containing the same number of protons by
unit volume. For instance, pure water could do the trick. However as shown
on Fig.1, this background is far from being flat. An upturnat small angle is
visible which comes from the residual coherent scattering due to inhomoge-
neities. Fig.] shows that as the size of these inhomogeneities is increased
the upturn becomes more prominent. (Note that a crystalline sample is inho-
mogeneous since there is an alternation of amorphous and crystalline domair.

0 ,
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Intensities in arbitrary units normalized by H-water
spectrum. [am. (H)] = amorphous matrix; [S.C. (H)l = single L

crystal blank, [S.C. (H+D)] = single crystal sample containing
about 1% of D species.

Figure 1.

that have different densities).As a consequence, to obtain correct results,
one has to remove a background measured on a blank sample prepared under
the same conditions that is, in the case of crystalline polymers, crystal-
lized at the same temperature for the same time.

flynother problem consists of determining the absolute intensity, chie-
to measure the molecular weight so as to check that isotopic segrega-

tion is absent. This is usually achieved by dividing the intensity scatte-

red by the sample once the incoherent background is substracted by the in-

sity scattered by protonated water. The normalized intensityng (j)then reads:

7Ligue C1 MU N where d
is the thickness of the water sample and T its transmission. Through this
technique one can measure intensities within 30% to 50%. The discrepancy

nstems from the fact that inelastic scattering takes also place which is not
accounted for by the above relation and is difficult to estimate. in our

experiments, we preferred in addition to water normalization to use a refe-
rence sample containing the same labeled chains but imbedded in an atactc
polystyrene matrix wherein no seggregation occurs whatsoever .)This sam-
ples enables to determine the true value of 1(0) and then to renormalize

* .again the experiments.

EXPERIMENTAL RESULTS ON SEMI-CRYSTALLINE SAMPLES.
I. Samples preparation.
Protonated and deuterated isotactic polystyrenes have been synthetized

according to the Natta1 2 method. Particular care has been taken with the
deuterated material to fractionate it so as to obtain fractions whose poly-
dispersity is lower than 1.2. Blends of H and D polymers have been obtained
by dissolving them together in boiling chlorobenzene then coprecipitating
in methanol. H-matrices of different .olecular weight were used. Bulk crys-

tallized samples have been prepared in two steps. The mixture has been
moulded at 250C then quenched in iced-water in order to obtain amorphous

..-,, , , -• .
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samples. Finally these samples have been annealed for various times at the
desired temperature T to achieve crystallization. (In these experiments
Tc = 140,185,200,2201 ). Single crystals have been grown from dilute solu- -I
tions in dibutyl phthalate at 130 0 C through the use of th self-seeding
technique.

2. Neutron scattering set-up.
Neutron scattering experiments have been carried out at the "Institut "

Laue-Langevin" in Grenoble (France). Two devices have been employed DI1
(5 10- 3 <q< 10- 2) and D17 (10- 2 <q < 7 10-1) allowing to investigate the
Guinier and the intermediate domains. A rotating monochromator providing a
width at half-height O-s04 was used.

3. Results. -
All the results presented here have been interpreted with four basic

models : the sheet-like model arising from incorporation of a chain along
an hkO plane, the ACA model made up with a long sheet and two amorphous
wings (Fig.2a), the "garland" model composed of very short crystalline se-
quences alterning with short amorphous sequences (Fig.2b) and the "central'
core" model wh'h is an intermediate between the latter ones (Fig.3).

a

<--- - -rods

b

Figure 2. Figure 3.

In the following,results are given for the different crystallization
temperatures. Here only a brief summary of the results is reported. Detai-
led information will be found in references , 8 and 13 to 17.

a) Tc = 185 0C.

Two matrix molecular weights have been employed. For M w= 4 105, an
increase of the radius of gyration Rg has been observed (see Fig.4). (Note
the invariance of 1-](0) w'iich is proportional to Mw). The variation of
Rg with molecular weight of the labelled species gives Rg v M• 7 8 for xc
30%. These results are consistent with the ACA model. Data in the interme-
diate range are in agreement with this model as well (Fig.5). Conversely
by increasing the molecular weight of the matrix (Mw-1.7 106) (hence aug-
menting the viscosity in the molten state) Rg does not vary by increasing
the crystallinity and Rg-M 0 5is found as opposed to previously. A "Garland"

model is appropriate in this case to account for the results. Data in the
intermediate range (ig.5) although giving a q-2 behavior for both samples
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1-1 (q) VS. q2 (A-2 ) for different degrees of crystallinities.
0 0.35- A 0.3,U - 0.25, x 0.22, = 0.16. The slopes are
directly related to Rg

Figure 4.

have different shapes and therefore support the results in the Guinier AM-4 range and the existence of two types of models.
b) T - 2000C.
At tkis crystallization temperature for a matrix molecular weight

=8 10 IORg varies like MO.7 8 as previously, a result consistent with the
AAmodel. Intermediate behavior of the form factor is also in agreement

with this model.

c) -140-C.
As with samples crystallized at 185 0C, two matrices have been used. in

the middle molecular weight matrix (Mw-,4.2 '0 , sample C-140-HMl), Rg
varies like MO0 63 , a result accounted for by considering in that case a
central core" model. With the high molecular weight matrix (11.71

sample C-140-HM3), Rg varies like MO. 5 which is consistent wits the U
"Garland" model. Results in the intermediate range (Fig.6) clearly show
two types of behaviour consistent with the models deduced from the varia-
tion of dimensions with the molecular weight of the labeled species.

d) Solution grown crystals (Tc M 1300C).
Certainly the most interesting and decisive results have been obtained



on single crystals. The variation of Rg with molecular weight gives an expo-
nent v = 0.91 (Fig.7) which indicates that the chain fold§ along the 330
plane with an average distance between stems of about 13 A. Data gained atlarger angles confirm this interpretation. As a matter of fact two types of"

behaviour appear (Fig.8) for q<q*(q*-13 -a) l(q) = q-land for q>q* I(q)%q - 2.
Examining eform factor of a sheet with length L and width 1

P ( q ) ffA X-- - - 4 - C 3 " V% -CO).-

two regimes are expected c IL

for qLc > I and qlc < I P(q) ' q-

for qLc > and q1c > I P(q) q2

Therefore the results both in the Guinier and the intermediate ranges
are definitely consistent with a sheet which irremediably leads to the dis-
missal of the switch-board model.

Ag

500-

100- Figure 7

Plot of log R. vs. log M,; (M) Tagged chains in single
crystal, (o) amorphous sample molded at 250 0C (previous results
available in ref 14). The dotted line stands for theoretical var-
iations derived from relation 5 with (P)1/' = 12.6 A.

0 cm
COl
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Figure 8
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Kratky plot q2l(q) vs. q. Full and opened circles
correspond respectively to single crystal and amorphous samples.
In both cases M wIP5 = 5 X 105. For q < q*, l(q) q-, and for• q > qO'l(q) Z. q7
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0X0

Kratky-plot q21(Q)/KC3 vs. Q(A-1 ) in arbitrary units,
A, 0.35-crystallized sample in IPSH matrix of molecular weight

Mw= 1.75 x 106 (From series D); 0, amorphous sample, Ilk 0.35-
crystallized sample in IPSH matrix of molecular weight Mw- 4 x
105 (f rom series A)

Figure 5.

0 2 4 6 8
X x10 2

Kratky plot, q2 l(q) vs. q. A, C-140-HM1.,O
C-140--HM3. In both cases MwIpSD =5 x IOS q

Figure 6.



e) Bulk-crystallization at T= 220 0 C.

Although crystallization is achieved in the bulk, hexagonal crystals
as in dilute solution grow under these conditions. Thermal analysis reveal
however a residual content of amorphous chains independent of the crystals.
Taking this into account, SANS results giving R - Mi .78 are consistent with
a sheet-like conformation as in crystal grown fiom dilute solution. Data of
Fig.9 show the similarities of the intensities scattered in the intermedi-
ate range for both type of crystals. As a consequence, regular folding in
one lamella. is not the prerogative of crystals formed in dilute solutions.

I I i I i L

a

10-
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2 24 6 8
q.10

2

q2 yl]"

am
10-

(a) Kratky representation of the reduced intensity in
the intermediate range (q 21(q)/CD vs. q). Circles stand for the
220 *C crystallized samples, where M,(IPSD) = 5 X 1o (opened
circles stand for the highest angles on Dl1). Black squares stand
for MW(IPSD) = 5 X lo in APSH matrix molded at 220 *C. For
clarification of the figure the upper curve has been shifted upward
by a factor of 1.1. (b) Same representation as Figure 5a. Circles

* stand for solution-grown single crystals with M.(IPSD) = 5 X 105.
Squares stand for 220 °C crystallized sample with M. = 7 X 1o.
The upper curve has been shifted upward by a factor of 1.1 to
clarify the figure (opened circles and squares stand for highest
angle on DI 1).

Figure 9.
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4. Consistency of the SANS results.
If these results might appear as interesting, they however need be

confirmed or at least get support. One way of testing the validity of the
interpretation given h e is to look into viscoelastic properties. A crite-
rion proposed by Flory can be invoked in that respect. It consists of com-
paring the long relaxation time T of a molecule in the melt to the envelop-
ment time T which is defined as 'The time needed by the crystalline growthe

* front to overlap the molecule (T e Rg/G, G being the radial growth rate).

If m < Te the chain has time to rearrange so as to fold in a regular way.
Conversely if T > Te only small portions of the chain have time to rea-
rrange leading to an irregular folding ("Garland" model for instance). Ap-

plying this criterion t iPS (Tm have been obtained from long relation time

of actactic polystyrene) one is led to

T = 185 0 C matrix with M = 4.2 105 m e (ACA)
" with MW= 1.7 106 TM >> Te (Garland)

T = 200 0C " with M = 8 105 T e (ACA)

TC = 140 0 C " with Mw = 4.2 105 T1 > T (Central core)
c with Mw = 1.7 106 Tm> e (Garland)

T= 2200 C << e (Sheet-like)
C .m e

Solution grown m << Te (Sheet-like)

These comparisons support both the neutron scattering results and their
interpretation. From this, it can be safely concluded that chain mobility
with respect to crystal growth rate determinesthe chain trajectory. The
higher the "mobility", the more regular the chain-folding.

CONCLUSION.
Small angle neutron scattering happens to be a powerful tool for inves-

tigating polymer conformation in bulk-samples provided that isotopic segre-

gation does not take place. In the case of iPS, the technique has enabled a

successful determination of the chain trajectory in a crystalline medium.

From this investigation we have been able to show that the competition

between the crystal growth rate and the chain mobility in the surrounding

melt monitors the final conformation in crystals.
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MOLECULAR EXTENSION AND ORIENTATION IN A CRYSTALLINE POLYMER

D. M. Sadler

Institut Laue-Langevin,

BP 156X-38042, Grenoble Cedex, France

Abstract

This paper is centred on the capability offered by neutron scattering and
isotope labelling to obtain directly the degree of molecular extension.
The method has been successfully applied to a crystalline polymer
(polyethylene). Two systems have been selected as extreme cases: viz
stretched crystalline material where the molecules both extend and align,
and solution grown crystals where, although the chains are again oriented,
the molecule is restricted in length to the thickness of the lamellar
crystallite.

Introduction
*i

In crystalline polymers, chain extension has often been inferred from
orientation, since until recently only the latter has been accessible
experimentally. The distinction between the two is illustrated in Figure
1, where two oriented stacks of lamellae are shown schematically (in two
dimensions).

*, :1V! i
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(a) (b)

Figure I . Schematic two dimensional representations of hypothetical single
chain conformations in a stack of crystalline lamellae. Broken lines
indicate parts of neighbouring molecules. (a) Each molecule participating

*in only one lamella (b) Each molecule distributed between several

lamellae, giving covalent links between lamellae.

*



Individual chains are indicated by the continuous lines, and parts of other
neighbouring molecules by broken ones. In (b) there are links involving
covalent main chain bonds between the lamellae, whereas in (a) these are
absent, at least as concerns the molecule "labelled" in these diagrams.
The properties of (a) and (b) should be very different, in particular how
they deform under mechanical load. Neutron scattering using isotope
labelling is enabling, for the first time, molecular extension to be
measured experimentally so as to distinguish (a) from (b).

Neutron scattering has not been used as a method of routine testing, but is
not primarily because of excessive cost. For example, the low angle
scattering facility DlI at the Institut Laue Langevin is shared between so
many research groups and projects that each of these probably costs no more
than one requiring substantial use of electron microscopy. D1i can be
hired on a daily basis. Clearly however the logistics involved with an
instrument requiring a reactor and a sample-detector distance of 10m is
very restrictive. Nevertheless, neutron scattering is relevant to the
interpretation of many other techniques, e.g. to assess over what condition
there may be a correlation between chain orientation and extension, and
this is currently the justification of its consideration for NDE.

The neutron scattering method has been developed over about ten years and
has been reviewed elsewhere. Discussion of this basic material will be
mainly restricted to a reminder of the degree of information loss involved
where imaging is not possible, and where scattering is used as opposed to
microscopy. The basic equations are very well understood and can be
written in terms of a powerful and flexible Fourier transform formalism.
The interference (diffraction) effects in the intensity scattered are
obtained by summing scattering contributions over an "assembly" (in the
present case this is an individual molecule, see below):

nI(a) = <Fourier transform (g(r))> (1)

= Fourier transform (<g(r)>) (2)

where nI(j) is the intensity per molecule, lqi = 4n sine/X where 20 is
the scattering angle and X the wavelength, and g(r) is the (intramolecular)
correlation function. g(r) is most usefully thought of as a histogram of
the number of times a separation vector r occurs between scattering centres
(labelled hydrogen atoms in the present case). It is important to realize
that although g(r) contains less information than in a focussed image,
th'ere is often still enough to distinguish physically different models.
For example, if the stems, corresponding to the crystalline traverses of
crystal lamellae, are arranged in rows (e.g. adjacently re-entrant folding)

0 g(r) is quite different from models where stems are in two dimensional
lusters (e.g. fully random folding). Hence the ability to distinguish

thtese two examples is not limited by the lack of imaging lenses.

The averaging indicated by 0 includes not only different molecules but
different orientations. Averaging over orientations depends on the
1"texture" of the sample, e.g. isotropic or fibre-like, and most of this
paper will be concerned with the latter and the additional information
which is available as compared with the former.

The reason why the scattering of individual molecules is accessible is best

* 1



expressed as "partial incoherence": scattering contributions from
correlations between different molecules cancel if deuterium labelled
molecules are mixed randomly with similar unlabelled ones. This is why
neutron scattering is unique in separating g(r) (intramolecular) from g(r)
(intermolecular). For polyethylene isotope mixing is sometimes not
entirely random, and the corresponding intermolecular terms at very low q
limit to some degree the experiments possible.

This paper is further restricted to sufficiently small q that only the
* overall size of the molecule governI the scattering (the 'Guinier" range).
* The size is expressed as R C=<z > where z is distance of a D atom from

the centre of gravity of the molecule along the fibre axis, axis of
symmetry, z) and Rxy (E< - <y > where x and y are at right angles to
z). In this case, by expanding the complex exponentials in the Fourier
transform:

I(O)/I(q) 1 + d2 q2  (3)

where d is the analogue of Rand R along any measurement direction
For example, Re can be measured direcly if intensity data can be collected

* for.& along z.
Two examples will now be given for polyethylene corresponding to l(a) and

1(b): solution grown crystals and fibres respectively.

Solution Grown Crystals

Figure 2 shows the model derived a series of experiments not specifically
concerned with orientation (Sadler and Keller, 1977, Sadler and Keller,
1979, Spells and Sadler, 1984): (a) shows a folded ribbon along the crystal
growth face which folds back on itself ("superfolding"). (b) shows the
stems in projection down the chains, showing a statistical preference (of
75%) for adjacent re-entry. A method of analysing oriented samples
(Sadler, 1983) has now been developed which can extract rvalues so as to
test an important feature shown in 2(a): the restriction of molecules to

* . single lamellae.

.........................................

(a) (b)

Figure 2. Schematic representations of the conformation in solution grown
crystals, based on measurements not specifically concerned with
orientation. (a) Perspective view showing the folded ribbon itself folding
back (b) projected view down the chains.

SouinGonCStl 2.



The coordinates tor displacements from the centre of gravity of a

molecule can be expressed using polar coordinates Il and 1 where 1 is
the angle between r and the measurement direction q. The dimension
obtained by using plots according to equation (3) depends on distances as

projected on to

Hence <r2 cos 2P> = d2 is accessible experimentally.

This dependence on cos2  recalls the formalism used for optical dichroism. .
depends not only on the molecule, but also on the way the platelet

crystals are held in the diffractometer and the spread of platelet normals
with respect to the symmetry axis of the sample. A concise way to combine

these orientation distributions is to make use of order parameters:

P 2 () = (3<cos2 P> - 1)/2 (4)

For convoluting different orientation distributions together, the

corresponding P are simply multiplicative. The result is a linear
dependence of d2 on cos 2 , where a is the angle between the sample axis and

q, and Figure 3 shows two examples of plots.

Figure 3. Orientation plot of d2

JI (obtained from plots according to
<C II equation (3)) versus cos 2 where a is -"

3=- the angle between the measurement
direction and sample axis of symmetry.

Molecular weight 90000, crystallization
I 343K from xylene solution. Upper

2000- points: as crystallized, lower points:

heat treated at 396K (dry). The 7
independent measurements come from

dividing the detector into 15 segments. S
000 The error bars are derived assuming 1(0)

is independent of a.

0 0I 0.2 03
o S 2 i'l } o 1 7

-- "-

Figure 4. Resui s of R and & 50 /
R for samples as in Figure 3,
v sus heat treatment temperature I

70 11 18'i 2
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Three technical points are worth mentioning: R values are accessible even j
though measurements are not possible along z; data from the whole of the
two dimensional detector can be used (cf. using only horizontal and

vertical "slices" on the detector corresponding to cos2 a - 0 and cos 2a
0.3); textures with lack of complete orientation are usable. As a result,
data with rather low basic precision can be exploited to the full.

The result is rather simple: for crystals as grown Rz<R (lower points in
Figure 3) but after heat treatment involving crystal x{hickening Rz>R. -

(upper points). In both the cases quoted here the R agree with t.z
molecules being in single lamellae, i.e. no interlamellar links as in

*Figure 1(a). However, when results for a range of heat treatment
temperatures are considered (Figure 4) there are R values at intermediate
temperatures greater than implied for restrictionZ to single lamellae (e.g. :3
for 112 0C the average lamellar thickness has only increased slightly above
the initial, 700C, value). The implication is heterogeneity: the rims of
crystals, probably D rich, thicken at lower temperatures than the centres.
Heterogeneity has been clearly indicated previously. The approximate
constancy of % during heat treatment is intriguing and has obvious
implications on t e mechanism(s) for changes in molecular conformations.

Deformation Studies

Another type of analysis, applicable in cases of very high anisotropy has
also been developed (Sadler and Barham, 1983). Melt quenched polyethylene
was stretched in an Instron tensometer to draw ratios in the range 5-10, so
that the samples had tape geometry (i.e. "fibre" axis in the plane of a
sheet sample). Figure 5 shows a contour plot of (difference) intensity as
recorded on the two dimensional counter (64x64 elements, each 10mm square;

* here the detector - sample distance was 9.14m and the X -8A).

....... .. . . . ..., :,-
.-.. .. ..... .... ...

.. ... ...

• a

..... ......

Figure 5. Contour plot of difference intensity for stretched polyethylene
(fibre axis vertical, further details given in the text)

* 6
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Figure 6. Schematic views of initial

conformation prior to deformation of

melt quenched crystals, and the

approximate shape of the molecular
envelope assuming molecular
deformation is affine with sample (see

text). c crystal axis is along the
chain.

The fibre axis z is vertical in the diagram and since small q correlates
with large distances, we can see directly that intensities fall quickly

with q along z (i.e. R is large) but slowly with q along x (i.e. R

relatively small). For Rx  measurements equation (3) is used fo
intensities along "x" (horizonlal in Figure 5). For R it is not possible

to plot intensity through the origin q = q = 0 (the centre of Figure 5),

so we use the approximation that hols good for R >> , that a plot

along z at finite q (e.g. along rectangles in Ffgure 5will give the
appropriate q dependence. In this way very high R values are obtainable.

For three molecular weights, Rx decreased approximately as predicted
according to molecular deformation being affine with the sample (e.g. for a

molecular weight of 62000 the initial "R value" is 100A whereas the final

R both measured and predicted, was 31A). Rz however increases less (to

* 56 A in the example chosen) than for affine deformation (1000A).

For a second set of experiments, solution grown crystals were drawn at

about 100 0 C, to draw ratios near x20. In these cases the changes in

Z dimensions are far less than predicted by affine deformation (e.g. R f

104A compared with 11A predicted, and R 140A compared with 1000A). Ro
explanations are possible for the difference in molecular deformation

between melt and solution grown crystals. Firstly, if in the original -.

. crystals there are few interlamellar links (Figure 6(a)) the deformation

could move the molecules without unduly distorting them (solution grown

crystal case). If, however, there are such links even before deformation
(Figure 6) then as the crystals distort different parts of the molecules
will be pulled apart. Incidentally, the somewhat confused arrangement of

bowed crystals shown in Figure 6 is taken from a micrograph of a melt ...

quenched sample, and should be contrasted with the idealized flat parallet

lamellae shown in Figure 1 and in many other publications. The second

possibility is that the higher temperature used during deformation for
solution grown crystals has enabled the molecule to relax during

deformation so as not to reach full "affine dimensions". Experiments have
been carried out on higher temperatures of deformation for melt grown
crystals where the draw ratios are higher. A preliminary analysis suggests

that indeed, as expected for the second explanation, the changes in R
values for high temperatures are more significantly different from the
affine predictions than is the case for cold deformation.

6 Conclusions

Neutron scattering using isotope labelling is enabling molecular extension

in solid polymer materials to be measured. The relevance to deformation

,0 •- • -



mechanisms is clear from the discussion above. Although the technique is
not likely to become suitable for routine testing, there is a need for more
experiments along the lines of the preliminary ones described here. The
significance of results from other techniques (e.g. for measuring
orientation) can then be used with more confidence in assessing molecular
events under various conditions (e.g. as temperature of fabrication is
changed).

Addendum

. Computer simulation studies (Sadler and Gilmer, 1984) are now indicating a
new explanation for the why molecular shapes should differ between melt
(high temperature) and solution (low temperature) growth. Figure 7 shows
the result of such a simulation, showing (left to right) the initial "seed"
crystal used, and two crystals after growth with different E/kT values,
where e is the energy of bonding between units (each unit corresponding to
several chemical repeats but less than a complete crystal traverse). Both
these crystals have fairly rough growth surfaces (pointing towards the
bottom left of the diagram). In such cases the fold re-entry would be
fairly random, whereas if the growth surface were to be smoother, adjacent
re-entry would be promoted. The latter is probably the case for solution
growth (Figure 2).

0o

Figure 7. Results of computer simulated crystal growth, with the initial
*seed on the left. Shaded areas are linked to opposite faces by cyclic

*boundary conditions. Molecular direction is vertical, with non-
crystalline sequences omitted.
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.- Discussion of Session II

- It is evident that the nature of certain fabrication defects in polymers can

" be investigated only by resorting to neutron scattering. When discussing the

"-'. prohibitively high cost implied by the desirability to subject polymers to .

*-,, neutron scattering, even for specialised polymer components, Dr R E Green Jr .

pointed out that the US ceramics inspection industry now uses transporter

carried neutron sources.
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QUALITY CONTROL AND LIFETIME PREDICTION
OF RUBBER FABRIC COMPOSITES

D M Turner, Director,
New Projects, Avon Rubber plc, Melksham, Wiltshire

ABSTRACT
The rubber Industry has been manufacturing composites from its In-
ception over one hundred years ago. The pneumatic tyre is a highly
sophisticated composite where great care is taken to ensure that the
fibre reinforcements are precisely located. These and many other
products have a high degree of reliability. For a number of reasons
NDE techniques have been difficult with rubber so reliability has
been attained by attention to manufacturing methods and quality con-
trol.

In this paper, as a case history, the problems of design, manufacture
and quality control are considered for the very large bearings re-
quired by Tension Leg Platforms (TLPs). Currently a multi-layer
spherical laminate bearing is being used which does present problems -.

in manufacture and evaluation. An alternative is proposed making
use of polyaramid tyre cord where specialised X-ray and ultrasonic
techniques developed for the tyre industry may be applied.

Figure I illustrates the layout of the Hutton Tension Leg Platform

Leece M J (1983) 'Hutton TLP Mooring System Flexjoint' Paper pre-
sented at "Rubber in Offshore Engineering" Conference, PRI London
13th April, 1983.

At each corner there are 4 legs which are terminated at each end
with a flexible bearing so that the whole rig can respond to wind
and tide motion by parallelogram motion. Good working conditions
on the platform are provided as the horizontal resonant frequency
will be below that of the wave frequency whilst the vertical is
above. The total vertical upthrust on the legs is 13,000 tons
but allowing for 100 year storms and conditions where one of the
legs may be out of action, the maximum load required on an ind,-
vidual leg is 2,400 tons. The maximum angular offset is 16.6

The Hutton TLP uses a multi-laminate spherical bearing which is
illustrated in Figure 2. The actual bearing is composed of
successive layers of stainless steel 6 mm thick and rubber of
4 mm thickness. Bearings of this principle have been used
for many years for the blades of helicopters and more recently
for the thrusters of space rockets. Thus the knowledge was
present to calculate the strains and loadings throughout the
bearing and comparisons were available to make realistic predic-
tions of the expected fatigue life.

0' ,L."''
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Figure 3 shows some of the results which have been obtained on
various rigs and some riser bearings in service which suggest a
minimum achievement in number of cycles expected at various angu-
lar displacements. By the application of Miner's Rule, this
information can be used to predict a life against a history im-
posed by wave conditions.

The performance of such a product does depend on a good bond
between the rubber and the steel. Proprietary bonding agents
have been found to be remarkably reliable but in a product such
as this where the rubber layers are only 4 mm thick and the indi-
vidual plates are 350 mm wide and a metre in circumference, it is
far from easy to ensure that the rubber is properly distributed
to create the correct contact pressure throughout during the mould-
ing process. Any void in the rubber will act as an initiator for
crack growth and will upset the distribution of strains in the re-
maining part of the rubber. Such voids even with the geometry
like this can be detected ultrasonically. More difficult, however,
is where sufficient rubber was present to prevent the formation of
a void but was not sufficient to ensure a satisfactory bond. Ultra-
sonic methods under these conditions would only be able to locate
actual voids, and not incipient weaknesses. For products such as
engine mounts for the automotive industry, all bondings are checked
with shear loadings 50% greater than they would experience in service
and if there was an unbonded area, there would be an increase in de-
flection. This technique will only eliminate really bad bonds as
it is difficult to control the elastic modulus of rubber to better
than 6% so that only bondings with unbonded areas of greater than
10% of the total are likely to be detected. After such tests the
products are inspected closely to see whether there are any cracks
on the surface as in fact the stresses are going to be highest at
the edges. Elimination of products even with the smallest of
cracks on the surface is justified and it does ensure maintenance
of a reasonable quality level.

Because of the reported difficulties with the spherical laminated
bearing, Avon Rubber plc decided to investigate the possibility of
a different concept of bearing making use of polyaramid tyre cord.

• ~~The essential features seen in Figure 4 are: .. "

I The main body of the bearing which is effectively a tube com-
posed of plies of polyaramid tyre cord set at an angle of 25* to the axis but in alternating directions.

• 2 A large and a small diameter termination which transfer the
tensions in the tube to the internal and external rings or
members.

3 A core which creates the necessary pressure to prevent the
tube from collapsing under the external tension.

It can be shown that such a bearing under tension will deflect ex-
ponentially with the line of action of the tension being close to
the centre line at the small end and still being within the base of
the bearing at the large end. The principle of asymmetric ends was
chosen on the grounds for a viable production process which enables
the tube to be b ilt and cured on a mandrel and then permit the



CCD

o

:Dcr 2  LU
0J n

LE m 0
0 0r

0 Z 0CC

LU-1 04
-i -iL 0 .

x LO
CD)

I cr. Z:

0 LA-

*i .. J LU
m D o 00 LUL

)cr-J~ LU-

0

-j-

LLJ Jr

(Lf LLJa r

0

6 co 0

(XVN) 93O-i3SJJO 8v'1flONV dJli



0 7'

K,~o

(rn
zI 'I



AD-Ri53 284 PROCEEDINGS OF THE WORKSHOP ON NDE OF POLYMERS HELD AT 2,0
VINEIRO PORTUGAL ON 4-5 SEPTEMBER 1984(U) BRISTOL UNIV
(ENGLAND) H H WILLS PHYSICS LAB 85 SEP 84

UNCLRSSIFIED DRJR45-84-M-8i82 F/6 11/9 NL

E//mhll/I/Il-
--l/El//////E
h/ //EEllllllI
IIIIIIIIIIIIIu
Ellllllllllllu
llllllllllllu-



W 2.

111111 °

=11 115 4 1120

MICROCOPY RESOLUTION TEST CHART
NATiONAL BUREAU OF STANDARDS- 1963-A

\

*. . . .4 7 4-- -7 - 6*

[, ,,4
. . . .. . . . . . . . . . . . . .. 4 '*4*..,** .

4l • I !l •. u - 1- * -- ,



7- 7r - 7 TV-r

-3-

mandrel to be withdrawn.

A development programme has been proceeding on a small scale model
tube of 55mmdiameter. The intention is to complete a dynamic
programme so that the fatigue lives can be determined for various
strain levels. The actual test programme consists of applying 20%
extensions to gas filled tubes set at a pressure to give the required
loading. The results from this can be related bending as of course
bending involves compression on one side and extension on the other.

The first part of a programme was to establish a specification which
could withstand a 9 ton static load. In fact to achieve this, con-
siderable attention had to be paid to the shape of the ring in the
small end and Figure 5 shows the progressive evolution of the design.
It was originally thought that the greatest Interaction between the
ring and the cord would be at the top end but in fact the more im-
portant factor was the high compression set up between the bead ring
and the inner termination and progressive increases in the ring
radius led to 9 tons being achieved consistently. The next feature
which emerged was that if the load was held at 9 tons, failures would
occur after a few minutes. Reducing the load to 8 tons produced
failures in between 10 minutes and I hour.

This brought home the realisatlon that polyaramid cord behaves like
conventional plastic materials and has a time dependent strength.
Thus the dynamic programme could only commence at loads which were
below those which would be influenced by the static loading. Lives
are now being obtained at,5 ton and 4 ton loadings.- Lower loadings

, would involve tests lasting several weeks. This example underlines
the difficulty in establishing reliable SN data. If It Is assumed
that the shape of the curve is similar to that obtained from rubber
fatigue testing where, in particular, small amplitude cycles have
negligible fatigue effects, some reasonable estimates can be made

, of the life. In Table 1 a prediction is made for the life of an
extensible mooring tube of similar construction to the tension link.

TABLE I
FATIGUE LIFE NO OF CYCLES 1/1000's OF FATIGUE

EXTENSION OF RUBBER IN RANGE LIFE USED

8 6 E 8 l.5 E 5 .25

10 1 E 8 6 E 4 .6

* 12 1.3 E 7 3 E 4 2.26

14 4 E 6 1 E 4 2.50

16 1.7 E 6 3 E 3 1.76

18 8 E 5 8 E 2 1.0

' 20 4 E 5 l.8 E 2 .45

22 2.5 E 5 3 E 1 .12

24 1.6 E 5 6E 0 .04

26 1 E 5 1 E 0 .01
*7-- ":
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Figure 5:Development of the small bead ring.
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The above Table shows the expected fatigue life of rubber under

the strain imposed by the stated extension of the tube related
to the number of cycles experienced in service at that extension
in the course of one year. The proportions of the fatigue life
used are summed to give 8.9/1000 which is equivalent to a life of
III years.

The philosophy of the manufacturing process will be similar to that
"" used in tyres where great care is taken to ensure that the textile

or steel reinforcement is placed exactly where it is required.
The basic material which consists of unidirectional cords embedded
in rubber is amenable to precise location during the building pro-
cess and in the case of a large bearing, the correct application
of the material would be checked layer by layer. The curing pro-
cess should not encourage any movement of the cord and material.
in the curing of tyres it is also hoped that cords do not shift
position but, in fact, some movement does occur. Factories mak-
ing steel radial tyres are all nowadays equipped with X-ray equip-
ment. Monsanto manufacture a specialised X-ray system where the
emitter can be placed inside the tyre. Successive portions of
the tyre are scanned by rotation of the tyre and the images pre-
sented on a television monitor. Figure 6 is the X-ray picture
of a test piece containing all the normal types of tyre reinforce-
ments.

u. "  Jo

[ '22 a.. .

Fig. 6 This is a test piece called a pie with a sample of all
the common materials used for tyre reinforcement sand-
wiched In a tread compound. It gives some Indication .Xa
of how well a system can resolve these materials.

*Clockwise, starting at bottom right the materials are:
I Steel, 2 Rayon, 3 Kevlar (Aramid), 4 Fibreglass, *

5 Polyeste, 6 Nylon.



Cieari there is extreme 1 ,, 03d resclution for the steel co-d

anc glass fibre and reasonable resolution for the aramid and

nylIr,. The technioue has no difficulty in identifying some

of the faults which occur with radial tyres such as open splices

or distorted cord paths.

A major difficulty with using ultrasonics on rubber components

has been the presence of a large number of fine air bubbles on

the rubber surface during immuersion in water. Sonatest Schlum-
beroer have overcome this by developing a dry coupling syste-".

usino PVC covered wheels as transmitters and receivers. Thus

a tyre car, be set up with the wheels located at selected posi-

tions on the tyre and then the whole tyre scanned by rotation.

125 MHz is used in short pulses which permits resolution of

defects down to I rnm in size. With this technique it is evi-

dent that any small areas of separation or lack of bond can be .

detected between the rubber surface and the outer ply. Once

the basic technique can be made to work then many developments

are possible by compute- processing of the received signals which
can lead to ultrasonics providing valuable information on the
integrity of a full scale multi-ply tube.

CONCLUSION
The purpose of this paper has been to examine some of the design

and quality control requirements for two products which typify
the new uses of rubber components in the offshore market. The

main quality problems will be solved by the traditional approach

to ensure that all constituents have been correctly prepared and
are positioned accurately during assembly. However, the industry

is continually examining new techniques such as X-rays and ultra- L... '

sonics where current development activity will improve the inter-

pretation of results and the engineering development permits their

use in the production line.

The work on the Helical Tension Link has been --

assisted by a grant from the Department of Energy.
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Feasibility of Useful Real-time In-process Evaluation of Laminates

by
Kenneth L. Reifsnider

Reynolds Metals Professor
of Engineering Science and Mechanics

Virginia Polytechnic Institute and State University
Blacksburg, Virginia 24061-4899 USA

Abstract

Composite materials are not ideal materials in the classical sense, i.e.,
they are anisotropic, nonuniform and inhomogeneous. This situation is
further complicated by the fact that these materials are usually used in
laminar form with different layers having different properties in a given
direction. Consequently, when these materials are loaded, the damage
development process is very complex, consisting of a variety of
combinations of damage events such as cracking, debonding, micro-flaw
growth and internal stress redistribution. It is generally not possible
to characterize these events or the combinations thereof as a real or
effective single through crack, as one might do for common metals.
Therefore, it is not possible to follow the damage development process by
measuring something as simple as a single crack length. The present paper
describes three experimental methods which can be used to follow and
quantitatively characterize the severity and extent of damage development,
in real-time, in composite laminates. Moreover, these methods are chosen
because of their relationship to the physics and mechanics of the damage
development process and the subsequent mechanical properties of the
laminates. The methods are vibrothermography, tensor stiffness change,
and ultrasonic stress wave analysis. Concepts, applications and
feasibility of in-process use will be discussed.

Vi brothenmography

We will be concerned below with thermographic techniques which depend upon
the manner in which materials dissipate energy during mechanical
excitation. In particular, we will address the method called
"vibrothermography', a term coined by the authors to describe the concept
and related techniques whereby the internal integrity and uniformity of
materials and components is interrogated by observing the heat pattern
produced by the energy dissipation which occurs when a specific vibratory
excitation is applied to the test piece. Vibrothermography, then,
consists of the study of thermographic (heat) patterns which are recorded
or observed in-process during such an excitation. It has been observed m.
that the details of the mechanisms which produce such dissipative heat are.
directly related to the mechanisms of material deformation and degradation
in several important ways, a fact that provides the basis for the use of
the scheme as a nondestructive test and evaluation method and general
philosophy. This technique was introduced in 1974 by Reifsnider and
Stlnchcomb and is unique in the sense that it uses heat patterns produced
by the specimen itself rather than introduced from an outside source. The
heat so produced under cyclic loading is proportional to the energy
dissipated by the material at each point which is, in turn, proportional
to the material deformation at that point. Hence, it is possible to

.. -.: : .



determine the severity and distribution of damage by observing the
severity and distribution of local deformation as indicated by the heat
pattern [1-3]. An example is provided by Fig. 1 which shows progressive
heat patterns developed in a notched graphite/epoxy specimen under cyclic
loading at three different times during the loading process. The heat
patterns do not provide a description of each individual damage site or

event, but rather describes the cumulative damage in some local region and
its collective effect. In that sense, vibrothermography provides an -
interpretation of the complex damage patterns. As is the case for many
nondestructive test techniques, a major challenge is the specific
interpretation of the thermographic heat patterns in terms of strength and
life. This interpretation requires that precise associations be made
between the heat patterns that are produced and the micro-states of stress
and states of of material that control the strength of the laminate and
correspond to the heat patterns observed. Efforts to make such
associations are underway. An example is provided by Fig. 2 which shows a
super-position of ultrasonic C-scan inspection (gray and black) and
vibrothermographic inspection (white isotherm lines indicating degree C
rise over reference temperature) of a random fiber glass/epoxy sheet
molding compound specimen with a region of delamination on the right-hand
edge. We have found that internal free surfaces such as delaminated sites
provide major sources of energy dissipation under cyclic loading;

vibrothermography is an excellent method to locate and characterize such
delaminations. However, a major part of the energy dissipation in many . .

polymeric matrix materials is also due to viscoelastic nonlinearity in the
constitutive behavior so that local gradients and stress fields caused by
damage disruptions of integrity of the specimen are also potential sources
of heat.

One of the particular advantages of vibrothermography is its ease of
applicability to large-scale structural examinations. An example of this
is provided in Fig. 3 which is a thermographic pattern observed during the
cyclic loading of a full-scale rotor blade which was about 3' wide and 30'
long. The image of the rotor blade runs from the lower left to upper
right of the photograph and a pattern of increased heat is shown by the - -

elliptical image shown in the center of the picture. This pattern was

observed in the early part of the life of the blade at a time when no
other nondestructive testing technique indicated that damage had
occurred. Subsequent loading produced failure of the blade in this -'

location. Hence, vibrothermographic techniques are quite applicable to

full-scale and in-process monitoring of damage development in composite
laminates and components.

S..Stiffness Change Methods

- The notion of stiffness is the fundamental idea on which the concept of
elasticity was constructed by Robert Hooke in the mid sixteen-hundreds.
The corresponding mathematical statement followed the definition of stress

and strain by Augustin Cauchy in the early eighteen-hundreds and the
introduction of an elastic constant of proportionality by Thomas Young in

1807. (References 4-6 treat various details of related history.) While

* the idea of a "modulus of elasticity" as a material property is defined by

the elastic stress-strain relationship known as Hooke's Law, the concept
of stiffness is usually more broadly interpreted to include the

load-displacement record of response of a specimen or component. No other
concept is more basic to the mechanical response of materials. The

2



interpretation, measurement and understanding of stiffness has been
developed over more than 330 years.

The idea of relating stiffness to the internal integrity of materials, and
to the process of damage development when a component is subjected to
continuing load histories is a much more recent concept. (Some details
can be found in a summary article by O'Brien [7]. Salkind, et al.,
appears to be the first investigator to discuss stiffness change during
fatigue loading as a characteristic of composite materials [8-9]. In the
early 1970's the present investigators reported large stiffness changes in
notched composite specimens (both polymer and metal matrix systems) and
associated those changes with damage zone development, acoustic emission,
heat emission, fatigue life and residual strength [10-15]. Over the last " "
several years, the present authors have conducted a number of
investigations which specifically focus on the association of stiffness
change with damage development in composite laminates [16-20]. The
results of those investigations will form the basis for the present
discussion.

Figure 4 shows three illustrative examples of stiffness change during
fatigue loading taken from Ref. [21]. Curve A for a [o,90A laminate
cycled at a maximum stress of 67% of the static strength in a tension-
tension test shows an initial drop in stiffness associated primarily with
matrix cracking. The same type of change occurs for curve B (which is
from a test of a [0,90,t45] laminate) and curve C (for a [0,+45]
laminate) cycled at the same relative amplitudes. There is also a secono
range wherein very little additional damage or stiffness change is
observed in curves A and B but edge delamination in the quasi-isotropic
laminate is revealed by stiffness change in that region for curve B. In
later stages, longitudinal splitting of 0* plies causes step reductions in
curve A, delamination causes further reductions in curve B, and the final
coalescence of damage causes a very abrupt drop in curve C. There L

associations of stiffness change with microdamage development events,
which was established in the investigation reported in Ref. [21], provide
an excellent foundation for the interpretation of stiffness changes during
in-process monitoring in a quantitative way. In fact, stiffness changes
can be used to determine the collective effect of complex patterns of
microevents on the global response of a component as we will show with a
few examples below.

The stiffness response of a unidirectional reinforced composite lamina can
be characterized by four independent in-plane constants, the tensor
stiffness values. When the continuity of the material is interrupted by
matrix cracking, debonding, fiber fracture, and combinations of damage

. events the lamina becomes more compliant. The specific type of damage is
reflected in the specific type of changes induced in each of the tensor

s.. stiffness moduli. The amount of damage is indicated by the amount of the
stiffness changes. An example of this latter fact is provided by
Fig. 5. That figure shows the changes observed in the axial stiffness of
a cross-ply glass/epoxy laminate induced by cyclic loading as a function

I. of the number of cracks observed in the 900 plies. The monotonic decrease
(which is nicely matched by our analysis) appears to be bounded by a

* simple estimation obtained from laminate analysis by discounting the
* In-plane shear modulus and transverse stiffness of the broken plies. The

amount of stiffness caused by matrix cracking or other damage modes is
directly controlled by the nature and amount of local stress

3



• ,redistribution associated with the damage event. For commonly used
engineering laminates, for example, damage modes such as matrix cracking
and delamination may be fairly pervasive and influence significant volumes
of material, causing substantial stiffness changes which are easily
measured and monitored. However, fiber fractures tend to be relatively
isolated in small volumes of material throughout a major part of the life
of the specimen and are generally associated with relatively little global
stiffness variation.

Perhaps the most important aspect of the use of stiffness change as an
indicator of fatigue damage development is the power of interpretation
associated with the concept. While it is not clear how information from
many other nondestructive measurement schemes should be used to anticipate
strength and life, stiffness is more directly associated with those
ideas. Any analysis of stress states involves stiffness components as a
direct input. Also, micro-mechanical models of damage events can be used
to directly associate global specimen stiffness changes with the remaining
strength of the laminate by calculating the local stress redistribution
associated with the damage event. Since fatigue life is defined by the
incidence of identity between the residual strength and the applied stress
amplitude, such a scheme can also be used to predict fatigue life. The
author has recently developed a cumulative damage theory which uses such a
model [22].

It should also be mentioned that changes in other components of the
stiffness tensor may be larger and more useful than the load-direction
modulus. Highsmith, et al., have shown that changes of 74% are predicted
and observed in cross-ply glass/epoxy laminates, for example [23]. Large
changes in other in-plane and bending stiffness values were also predicted
and observed.

Stress Wave Analysis

Ultrasonic test methods have traditionally played a major role in the
field of nondestructive testing and evaluation. Ultrasonic waves have the
capability to travel through materials in a manner which is sensitive to
the integrity and the anisotropy of the constituents and the boundary
geometry of the component. While the complexity of the constituent phases
and their boundaries (and the damage states that develop in such
materials) greatly complicate the mechanics of stress wave propagation,
nondestructive testing and evaluation techniques based on the '
interpretation of such propagation generally provide highly sensitive and..
very practical methods of investigating such materials.

One such method, to be discussed here, was originally suggested and .

described by Vary [24-26]. The technique employs both a sending and a
receiving ultrasonic transducer that are in contact with the same surface
of the object being examined as shown in Fig. 6. A train of ultrasonic
pulses is introduced into the specimen and the resultant stress wave
detected by a receiver. A number of oscillations received in a period of
time which have an amplitude which exceeds a specified threshold value is
used to define a "stress wave factor" (SWF) which is a product of the
oscillation count, the total time of counting, and the repetition rate of *.

the sending transducer as shown in Fig. 6. Hence, the principle of
operation of the device depends upon the manner in which acoustic energy
is transmitted from the sending to the receiving transducer. As a
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consequence, the technique is particularly sensitive to the internal
microstructure of the constituent phases of the composite material, lamina
interfaces between plies of a laminate, and the properties of the
composite materials in each ply of a laminate including the anisotropic
nature and orientation of those plies. It should be noted that it is
possible to interrogate composite materials in various directions which .-.,.
may be of special interest because of specific loading or material I
characteristics. In the intuitive sense, it is clear that "poor" material
will be a "poor" conductor of acoustic energy from one transducer to the
other. As is frequently the case for nondestructive test methods, the
difficulty lies in attempting to be more precise and quantitative about
the influence of material properties and arrangements on the energy
transmission process; it is especially difficult to anticipate the
absolute value of changes in the amplitude of a transmitted stress wave
caused by specific types of changes in material properties and
arrangement. While continuing progress is being made in this area, we 7
will be satisfied at this writing with descriptions of relative changes
and comparisons.

As suggested by the arrangement shown in Fig. 6, the SWF is quite
convenient for practical applications. The method requires access to only
one surface of the material to be examined. Transducers may be
permanently fixed or moved about to examine various areas. In-process
monitoring requires only that adequate recording and interpretation
instrumentation be available.

The type of information that can be obtained with this technique is
illustrated by Fig. 7. That figure shows comparison data for stress wave
changes and stiffness changes observed during the cyclic loading of a
quasi-isotropic graphite epoxy laminate. As we explain in a previous
section, stiffness changes are reliable quantitative indicators of damage

-Jl development during fatigue loading. For the particular test shown in
Fig. 7, a stiffness change of about 15% was observed over the 70,000 cycle

m: life of that laminate. However, the SWF recorded during the same damage
development process showned a change of over 90% for the experimental
arrangements and conditions used for that test. Figure 7 represents a
typical experience, the SWF is extremely sensitive to damage development
in composite laminates and provides an excellent in-process method of
monitoring such development.

Another important point can be made with the data shown in Fig. 7. Stress
"i wave propagation in materials is controlled by the same tensor stiffness

quantities that we have shown can be used as damage monitors in composite
materials. Hence, one would expect, for example, to be able to obtain
independent indications of material integrity in different directions in
an anisotropic material by making independent measurements of the SWF in

" those directions. It is indeed so. However, it should also be noted that
-* the transmission of stress wave energy from one transducer to another

depends more strongly on material volumes close to the surface of the
specimen being examined than it does on material elements further into the
bulk of the specimen. Hence, the technique is best exploited for use on
relatively thin laminates.

Instead of holding the sending and receiving transducers in one position
to measure changes in the properties of that region over a period of time
as shown in Fig. 7, it is also possible to make comparative readings over
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an area of material at a given instant of time as shown in Fig. 8. The
glass epoxy cross-ply laminate used for that series of measurements
eventually fractured in the position shown by the shaded region at the
bottom left of the figure. It is seen that the SWF had a low value (poor
energy transmission) in that area, although the SWF data were recorded
before the specimen was loaded. This peculiar, and somewhat unique,
characteristic ability to locate a region which eventually is associated
with the fracture event appears to be related to the fundamental
association of this technique with local stiffness values [27]. This
conclusion was reached by employing the technique of moire interferometry
to obtain the full-field in-plane axial displacement as a function of
position along the length of a specimen during quasi-static tensile
loading.

In summary, the stress wave analysis technique as described in the above
paragraphs is a highly practical in-process method which can provide
reliable comparison data concerning the initial and eventual condition of
composite laminates which is highly sensitive to constituent properties,
orientations, and geometries and well correlated with performance.
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Fig. 1. Dissipated heat patternls olhserved uirirl cyclic loddiny oft d
center-notched yrapite/epjoxy lamninate (maximum cyclic stress was
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Fig. 3. Thermoyraphic pattern of heat dissipated during the full-scale
in-process testing of a helicopter rotor blade.
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Discussion of Session III

The consensus of opinion is that a major remaining problem for the NDE of

rubber coated fabrics is detection of inadequate adhesion between fabric and

rubber. At the present time, only proof testing appears to have met with any

real success.

There followed a lengthy discussion on the sizes of the defects which are

important in laminates. On the one hand, there is no doubt that delamination

is a problem, that it can be extensive on a macro-scale and that on that scale

it can be satisfactorily detected and sized using conventional ultrasonic

C-scans. However, theories for in-service dynamic fatigue of fibre reinforced

laminates are modelled on the accumulation of micro-scale damage, some of

which is attributable to the fabrication process and most of which involves

such molecular level phenomena as the debonding and breakage of individual

fibres.

In respect of possible in-process detection of poor interfacial bonding

. between fibres and matrix, there was discussion of the virtues of simple

mechanical testing accompanied by the detection and analysis of the associated

adiabatic heating. Since it is conceivable that measurement of the latter

could make use of existing commercially available equipment, the following

written discussion was solicited.

That the interface between fibre and matrix materials is an important location

* for dissipation of energy during cyclic deformation of composite materials is

best demonstrated by carrying out identical tests on a range of specimens,

each specimen fabricated using fibres of constant but different diameter from

the rest in the range. Figure 1 shows data reported by D Short (1970) for

glass reinforced polyester resin.
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The energy is dissipated as heat which arises adiabatically as the

instantaneous consequence of application of stress. In Fig. 2 consider a

lengthst of glass fibre which is suddenly subjected to a load W.
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The immediate response is adiabatic although, after a time, the wire will

reach equilibrium with the surrounding air.

dU - Wd. + TdS "1<

We can write, for the temperature change for adiabatic reversible change, w
T)S ~ (di)W

8WS as

-8T1w T W :5 ::

for small loads, the numerator Is a thermal coefficient of expansion and the

denominator is l/T multiplied by a specific heat at constant pressure.

Assuming a linear coefficient of expansion and Hooke's law, we have a linear

relationship between length, temperature and load, viz 1,..

1 10 (1 + a(W)T + p(T)W)

so 8 a +
8T' 8T ",---.

To obtain an expression for ( ) we make use of the Maxwell relationship

( T odT.

)WJ

Integrating with respect to W, we find

W

S -S 0 + 1 0dW+ 2 d 1
Lo dT J
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V Hence 1

(,s) LS~O + I hW2 d 2

8TTd0

- 0 ka. PO C + It hw 2d 2~

T0 dT2

where a is the cross-section of the fibre and p0 is its density

* Therefore

a + w _

dT dT

-a 0P0c p + 1Wd

T 2 d
or

( dT dT

* d(W/a) - p d2 p
S + W

T 2a0  dT2

*W/a 0  a Is the applied stress, a is the thermal expansion coefficient, PocP
*is a volumetric specific heat and dP/dT and d2 o/dT2  are temperature

coefficient. of elastic compliance.

At low loads

(dT )Sd

For fibreglass, a 4 x 10 6 fractional extension per Kelvin,



-, .r . - -,-. ., --. --. -

P0  2.2 x 10 " kgm- 3 and cp 500 Jkg 1 K - 1

Hence

dT K
10-9 -2"

-2
(d .N.°

At 300K, the strength of fibreglass is - 3 x 109Nm-2, so adiabatic loading up

to the elastic limit would change the temperature by about three degrees.

In practice, fibres would be loaded to less than their breaking strength so

the momentary temperature change is expected to be a fraction of a degree. A -

camera and processing system developed by Sira Institute and known as- SPATE A

registers temperature changes by remote measurement of infrared emission with

a discrimination of about one-thousandth of a degree and spatial resolution of

0.5um. With such a temperature sensitivity, the consequences of stress

changes of the order of 106 Nm-2 should be detectable. -'-

Reference

D Short (1970) "Effect of fibre diameter on the specific damping capacity of

glass fibre reinforced polyester resin" M Sc Thesis, University of Bristol
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THE VALUE OF IN-PROCESS MONITORING OF ACOUSTIC EMISSION
DURING PARTIAL PRESSURIZATION OF PRESSURE VESSELS

G. Marom, A. Mittelman and I. Roman
Graduate School of Applied Science and Technology

The Hebrew University of Jerusalem
91904 Jerusalem, Israel

ABSTRACT

The paper describes the conceptual framework and the corresponding
research stages of a project destined to develop a non-destructive pro-
cedure for the evaluation of filament-wound pressure vessels. In general,
the establishment of a non-destructive technique is a two-phase process
consisting of a systematic identification of the fundamental failure modes,
fracture mechanisms and of the relevant defects, followed by correlating
a particular non-destructive output with a specific defect of mechanism.
To increase the reliability of the technique a characterization of a
variety as wide as possible of fracture mechanisms is essential.

The procedure chosen for investigation in the present study is based
on detecting specific acoustic emission data generated during a series of
partial pressurization cycles, and interpreting the data in terms of
specific material damage.

The research programme included three-point bend testing employed to '-

generate failure modes such as tensile, compression and delamination, each
comprising a sequence of fracture mechanisms. A correlation between those
mechanisms and acoustic emission data was established. Tensile testing
was carried out to examine in detail tensile and delamination failures
typical of pressure vessels. Tensile specimens containing artificially
implanted damage were also tested to verify the concept of the proposed
non-destructive procedure. Presently, testing is extended to filament-
wound pipes under NOL type loading and to ASTM pressure vessels.

1. INTRODUCTION

Poly (p-phenylene terphthalamide) fibres (Kevlar 49) have recently
become a major reinforcement material in high performance filament-wound
pressure vessels. Simultaneously with the technical development of the
new product it is essential that reliable non-destructive quality control
techniques be developed. Such techniques should provide tight rejection/
certification criteria for advanced materials in critical applications.

Acoustic emission (AE) was chosen in the present study because of its
reportedly high relevance to pressure vessels, see for example SPI (1983).
Acoustic emission has been shown to be a most promising technique for fail-
ure monitoring of composite materials. Substantial contributions to the
understanding of failure of these materials have been made using AE equip-
ment based on simple analogue processing. The commercial computer-based
AE systems which are now available generally report a wide range of para-
meters for the AE signal. Hence, it is now possible to obtain additional
information regarding the nature of the source event. In addition, those
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systems are now employed to identify source-events during partial, non-
destructive loading of composite materials.

It is therefore clear that an AE-based technique has become a natural
candidate in the present study whose task has set to develop a non-destruc-
tive procedure for the evaluation of filament-wound pressure vessels.

2. A FRAMEWORK FOR NDT

Our proposal of a conceptual framework for non-destructive testing
had to consider three main parameters and prerequisites. We proposed

to relay on an AE-based technique; we assumed that a monovalent correlation
between AE signals and source events could be established; and the test
procedure had to be integrated in the production line. It was assumed
that a technique that utilizes the Felicity Effect would infact fulfill
these requirements and produce an appropriate solution.

The proposed procedure is based on subjecting the pressure vessel to
2-3 successive partial pressurization cycles. The first cycle will pro-
duce acoustic emission signatures of the perfect or the defective vessel.
The subsequent cycles according to the Felicity Effect, will result in the
perfect part in no or very little acoustic emission as long as the first
pressure level (threshold level) is not surpassed; the defective part will
continue to produce AE even under pressures below the threshold level.
This AE signal will result from interactions (source events) between a
defect and the stress field, and it will enable to identify the type of
defect present. The pressurizations can be carried out in the production
line immediately after removing the vessel from the mandrel.

3. PROGRAMME STAGES

In general, the establishment of a non-destructive technique requires
simultaneously two parallel research paths. The first consists of a syste-
matic identification of the fundamental modes of failure and of the rele-
vant fracture mechanisms and related defects; the second path consists of
receiving, storing and analyzing of some non-destructive output such as
acoustic emission. These are followed by establishing a monovalent corre-
lation between the non-destructive signals and specific mechanisms or
defects. In order to increase the reliability of the technique a variet"
as wide as possible of fracture mechanisms should be characterized, leading
towards a thorough understanding of the failure processes.

The actual research programme imxrrerged from tl,is background as follows.
The call for a total chr:acterization of the fracture mechanisms of Kevlar-
reinforced composites re3A:.ted ir select.inp flexural testinp for the first
stage. Bending of comlo! itp materials may nroduce one or a combintion O n

failure modes, namely, tfnrile, compressive and delamination. I-Kach of
these failure modes comprises a sequence of fracture events ard fractAre
-:echanims related to the reinforcement (fibres), thf matrix ',d thc inter-
race. In addition, extraneous fracture mechanisms also take t'lace due to

the physical conditions which derive directly from the ]oadinf techniqie.
As a result a wide variety of fracture mechanisms may he generated by
fi exural testing.

The focal point of th ,;#-,-!nd -taru war; the invti ration f J'ailurc
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modes with particular relevance to failure of Kevlar-reinforced pressure - "
vessels, namely, tensile and delamination failures. This was carried
out by axial and transverse tensile testing of undirectional coupons of
a wide range of fibre contents.

The Felicity Effect was tested through a comparison between perfect
and damaged unidirectional specimens, containing either a notch or a . -

delamination. Between 2 to 3 successive tensile loading cycles to 60%
of the ultimate stress were performed.

Presently, testing is extended to filament-wound pipes under NOL

type loading and to ASTM pressure vessels.

4. RESULTS OF FLEXURAL-TESTING

4.1 Modes of Failure

The failure of Kevlar-reinforced epoxy composited in 3-point bending
occurred by either one of two modes being failure by longitudinal fracture
of fibres in the tensile side, or by shear delamination in the neutral
plane. Each of these failure modes was preceded by compressive yielding
in the compressive side typical of Kevlar composites. The first failure
mode was typical of the lower volume fraction composites, and the second
was typical of the higher, with a distinct transition in the volume frac-
tion range 45-48%. With interlaminar loading the transition occurred at

the lower end of the transition range, ,,45%, and with translaminar loading
the transition occurred at the higher end, ,48%.

Fig. 1 is a qualitative representation of the load-deflection curves

for the respective failure modes. The curve of the fibre fracture mode
is characterized by a yielding stage and a longer ultimate deflection.

These result from compressive failure occurring in the compressive side
of the specimen as discussed below. The curve of the delamination mode is - -

characterized by a main delamination event followed by a number of secondary

delaminations.

delamination mode

* 0 tenisile mode

DEFLECTION

Fig. I" "-.
Fig. 1 Load-deflection curves for delamination and tensile failures



The transition from failure by fibre fracture to failure by delamina-
tion was governed by the fibre volume fraction. It was therefore detectable
by monitoring various mechanical properties and plotting them versus the
fibre volume fraction. Figure 2 presents the transition as reflected by
strength measurements. The results show that the transition occurs around
f = o.45 - 0.48. Although the ultimate strength values, a, were calcula-
ted for the entire of range, only those below the mode transition points - -

are appropriate. Hence, in view of the observed transition to a delamina-
tion mode controlled by the shear stress at the neutral plane, the ultimate
shear strength values, T, were calculated for Of values above the transition
point. These are shown in Fig. 2.

600 ,f,2750

~J- 5 0 0  
.*

I 0IL -50<g
z o400 - 2

W 300 - 40 La

200 UW
3 0!

I I I I I I i I 20
0 0.2 0.4 0.6 0.8

Fig. 2 Ultimate tensile and shear strength values

The reason for the mode transition at a critical *f point lies with
the different functions that a and T have in of. Whereas a increases
linearily with 0f, T decreases due to increasingly high proportions of
interface at the shear plane. In fact, at high of values T is governed
by fibre-fibre contacts of zero strength and by the fibre-matrix interfa-
cial strength being relatively weak with Kevlar fibres. Hence, the critical
of point is the value of Of for which a and T attain their ultimate values
simultaneously. In the translaminar case T may be higher due to the action
of misaligned fibres, resulting in a somewhat higher critical O±*

Regarding the actual values of a up to the transition point, they in-
deed seem to increase linearily with *f. However, they are smaller compared
with the rule-of-mixtures values calculated with Of = 2.75 GPa. The lower
values derive from a calculation assuming both tensile and compressive
elastic behaviour of the Kevlar-reinforced composites. As a matter of fact
these composites exhibit non-linear compressive behaviour, resulting in a
different stress distribution, as discussed in detail by Fischer and Marom
(1984), producing the rule-of-mixtures values for a. Another important
outcome of the non-linear compressive behaviour is that stresses tbove tMw
compressive yield stress shift the neutral axis downward. rhe marking of
this shifting is obtained by the onset of delamination failure, taking
place within the neutral plan in its ultimate new location away from the

*i
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centroidal axis. This is shown in Fig. 3 with four specimens representing
different fibre volume fractions above the critical of, which sets the
failure mode transition.

CENTROIDAL AXIS

= :0.62 4 =0.56l * =0.51 = 0.46

- Fig. 3 The displacement of the neutral plane (marked by delamination)
from the centroidal plane as affected by the fibre volume fraction

4.2 Fracture Mechanisms

Fractographic examinations of the fractured specimens revealed typical 4

features of the two observed modes of failure. Fig. 4 contains examples
of scanning electron fractographs showing the details of a tensile failure

Fig. 4 Scanning electrone fracto- Fig. 5 Scanning electrone fracto-
0graphs of tensile failure graphs of delamination fail-

related fracture mechanisms ure related fracture
mechanisms
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mode. The important observation concerns the fracture of the Kevlar fibres

and their pull-out from the fractured matrix. It is seen that the fracture

of the Kevlar fibres occurs through an axial splitting mechanism, followed

by a pull-out stage of the two opposing split portions.

Examples of the details of the delamination failure mode are presented

in Fig. 5 by scanning electron fractrographs showing the final shear damage
in the matrix typical of the delamination mode, and the typical splitting

of the fibre. Although fibre splitting occurs under both tensile and de-

lamination failure modes, fracture proceeds differently in each case.

Three typical fibre failure events under the delamination mode may be ob-
" served. The most interesting and unique is the shear failure of an indi-

vidual filament also shown in Figure 5. The other two events are the tearing

off in the axial direction of the fibre skin to form a continuous ribbon,
and the production of deformation kink bands on the compression side of

a sharp bend. For a more comprehensive examination of the fracture mecha-

nisms see Davidovitz et al (198h).

Additonal fracture mechanisms studied were those related to compre--

ssive failure and to transverse failure (obtained by transverse 3-point
bending). Figures 6 and 7 present examples of corresponding micrographs
related to these respective failures.

Fig. 6 A kink bend formed on the Pig. 7 A typical transver.e

specimen surface in the fracture s,.rfacp

compression side

4.3 Preliminary AE Results

Figure 8 presents acoustic emission amplitude distrillutiuris ubtaied
for 3 different failure modes. It is obvious that the different modes

are distinguishable by their typical acoustic responses. Moreover, the

tensile-delamination mode transition is also detectable through, the ALE

data. This is exemplified in Figure 9 by plotting the ratio of the

event count in the amplitude ranpe 10-20 dB to the total event count



versus the fibre content. The preliminary AE results already indicate that

matrix fracture events probably occur in the amplitude range of 10-4 dB,I

while fibre fracture events occur in the amplitude range 45-65 dB.

oPL 1_7 3.4 5) 68
*~550-

S275- (b)

S0 17 34 51 68

'~240[

IZ~t (c)

0 1'7 34 51 68S

PEAK AMPLITUDE (dU)

* Fig. 8 AE amplitude distributions by a 375 kliz sensor; (a) tensile;
- *(b) delamination {jj)_tranlsverse failure modes
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Fig. 9 Event count ratio as a function of the fibre content, showing
the failure mode transition at $f -0.50
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5. RESULTS OF TENSILE TESTING "' ".=

5.1 Fracture Mechanisms

Failure under tensile loading occurred by a combination of fibre
fracture and longitudinal matrix and interfacial shear failure. The
first occurred progressively with the loading of the specimen, and the
latter occurred at the onset of failure. The mechanism of fibre fracture
exhibited the typical splitting process regardless of the fibre content.
The matrix and interfacial shear failure events exhibited strong depen- .*.

dence on the fibre content, with the longitudinal shear damage increasing
as the fibre content is increased, This is seen in Figure 10, where
only one longitudinal shear crack is observed in 27% fibre content, while
multiple longitudinal shear is observed in 73% fibre content.

* 7

Fig. 10 Longitudinal shear damage in fractured tensile specimens asL
a function of the fibre content

Typical details of tensile failure-related fracture mechanisms are
shown by the scanning electrone micrographs of Figure 11.

Fig. 11 Tensile failure of unidirectional KevIar-reinforced composite:
0 ~(a) longitudinal s~hear damage; (b) fractured fibres; ?c)' matrix

and interfacial shear damage.
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5.2 AF: Data

The AE information was analyzed at a number of points during the
loading of the specimen. This enabled to establish a correlation between
the acoustic signal and the source event. Some of the AE results are
presented in Figure 12. On the left hand side of this figure we see ampli-
tude distributions for the events which occurred up to 95% of the ultimate
load. The amplitudes appear in the range 39-65 dB and result from fibre
breakage which occurs progressively with the loading. On the right hand
side of Figure 12 we see the amplitude distribution of the total events
at the instant of failure. The high fibre content composites exhibit an
addition of events in the range 18-38 dB, related to matrix and inter-
facial failure.

These partial AE results already indicate that amplitude distribution

ranges may be correlated with source events such as fibre or matrix frac-
ture, with a high degree of confidence. Additional information obtained
for instance, by tensile testing of transverse specimens strengthens this
picture. A fuller account of the AE results is in preparation.

6. RESULTS OF CYCLIC LOADING

In this phase of the research 3 loading cycles to 60% of the ultimate
load were applied to 3 types of specimens, two of which containing a notch
or delamination. The results reported below were obtained with an insuf-
ficient number of specimens to allow a thorough statistical analysis, and
at this stage they should be considered as of indicative value only. A
number of AE transducers were used; the 375 kHz transducer for example
provided the following information.

Av. No. of events Count ratio

Specimen ist cycle 2nd cycle 3rd cycle 2nd/lst 3rd/ist

Original 13926 1208 621 8.7% 4.5%

Delamination 19876 1483 753 7.5% 3.8%

Notch 39483 4485 3407 11.4% 8.6%

0 It is seen that the presence of a notch results in a drastic increase
- in the total event count in the first loading cycle, and the count ratio
- after the 3rd loading cycle is almost twice that of the undamaged specimen.

Delamination seems to be a less noticeable damage under tensile loading,
however, the total picture obtained with more specimens and transducers
points in the same direction as that of the notched specimens. It is also
thought now that a lower load level of about 30% of the ultimate would re-
sult in a more significant picture. Tt is clear though, that such AE data
as presented above is indicative of the presence of damage and of its type.

0 .
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7. o majr oncuson that reflect on future progress of this study

are as follows:

(i) Specific fracture mechanisms and failure modes may be identified
at a high level of confidence by AE data.

*(ii) A.F during non-destruictive partial loading produces information
regarding presence and ty-pe of material damage.
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THE STRAIN RATE DEPENDENCE OF ACOUSTIC EMISSION. INCLUDING THE

DETECTION AND NON-DETECTION OF DEFECTS KNOWN TO BE SUBJECTED TO

INTERNAL STRESS.

Jan-Fredrik Jansson and Henrik Sundstrom.

Department of Polymer Technology

The Royal Institute of Technology

S-100 44 Stockholm. Sweden

ABSTRACT.

The initation and growth of cracks in CSM laminates have been

studied using stress-strain relations, hysterisis, mechanical

loss factor, laser light scattering and electon microscopy in

combination with acoustic emission. In tensile tests three

regions of fracture initiation and crack growth have been

defined. The strain limits as well as the acoustic emission

event rate and energy per event of these regions changes with

the type of composite as well as with the strain rate. The
changes have been analysed with respect the the defects in the

* composite. It is shown that acoustic emission is unable to
detect some types of fracture mechanisms at low strain rates

and thus the influence of the defects on those mechanisms.

DEFECTS IN CSM POLYESTER/GLASS FIBER LAMINATES

The fracture long term loading capacity of CSM laminates is

limited by a large number of different types of defects. These

defects not only have their origin in the heterogenious struc-

ture of the composite itself but also in the imperfection of

* the laminating methods and in the processing properties of the

raw materials.

Most CSM polyester/glass fibre laminates are made either by
hand lay up, by spray up of chopped rowing followed by manual

rolling or by resinject techniques. 2
All these different methods involve risks in producing incomp-

lete wetting of the fibres resulting in poor bonding between

the fibres and the matrix, flaws, gas inclusions etc.

The glass fibre strands are often built up by several hundreds

of fibres. To prevent the rowing formed in this way of being

splintered during the handling, the fibres are usually held

together by a binder of high molecular weight polyester,
polyvinyl acetate or the like. The idea is that this binder

should be dissolved in the polyester resin, allowing the fibres

to be reasonably well distributed throughout the laminate.

0 -6.- . '



However, due to the relatively high viscosity of the resin and
the small local shear flow that can be achieved around the
bundles during the normal fabrication of the laminates the
fibres also stick together in the composite. This results in

-*-. large variations in the fibre content reaching more than 60 -
by volume within the strands although the average value might
be as low as 15 - 20 Z. The effect is of course, an increased
strain magnification within and around the bundles in addition
to the generally non-uniform local stress distribution in the
composite.

It is also reasonable to expect the binder to affect the
properties of the cured polyester. Due to the imperfect mixing
which can be expected around the bundles, the binder will be
included in different amounts and in different ways in the
polyester network. The result might be a lowered T and either
degraded or enhanced fracture properties. g

The properties of the polyester matrix itself vary through the

laminate. Thus, the number and length of the styrene bridges
(the crosslinks) vary due to the curing conditions. The chemi-
cal structure of the network and the degree of crosslinking are
influenced by fillers, fibres etc. Some authors, e.g. Katz et
al (1980, 1982) and Sperling et al (1978) have reported
substantial local variations in the crosslinking degree and a
globular structure of highly crosslinked material surrounded
by areas with lower degrees of crosslinking.

Internal stresses are built up because of the shrinkage of the
matrix around the fibres while curing and the larger thermal
contraction of the matrix when the laminate is cooled down from
the curing temperature. These stresses can locally exceed the
strength of the matrix to cause cracks.

It is obvious that all these defects will influence the frac-
ture properties and especially the fracture initiation in
different ways and to diffenrent extents. It is also well known
that the viscoelasticity as well as the time and strain rate
dependent fracture properties of the polymer matrix affect the
fracture behaviour of the composite and also the influence of
the defects on the fracture initiation and growth.

Therefore, a NDE method for control of the loading capacity due

to fracture has to be capable of distinguishing defects which
are active to the fracture processes from "passive" defects,
also taking into account the deformation and fracture proper--"
ties of the matrix.
At least to some extent, Acoustic Emission used for the indi-
cation of the fracture initiation seems to fulfill these
conditions.

IL
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FRACTURE PROCESSES IN SCM LAMINATES RELATIONS TO DEFECT_.

There is no single method available at present which is capable

of both the identification of the different types of fracture

initiation and crack growth mechanisms in composites, and of

the measurement of their intensity.

Fig.1 shows the acoustic emission event rate. AE(N), i.e. the

number of events per time unit for a CSM, E-glass/polyester

laminate during tensile test at a strain rate of 201 per hour.

Sundstr6m and 3ansson (1984).

The curves show three distinct regions:

I. which ranges from 0 .Z strain, at which the acoustic

emission appears, to approximately 0.351 and is
characterized by a slow increase in the event rate.

II. where the acoustic emission event rate is multiplied and

Ill. which ranges from approximately 0.91 strain up to the 7

final failure which occurs at about 1.5Z strain and is

characterized by a constant or even decreasing event

rate.

q This means that the accumulated number of event follows an
S-shaped curve starting at 0.1] strain and having its

inflection at about 0.81.

~ 1n- -111--
A AE(N)

.15 It

.- .10 
'-"_-"I .

LA

05 "o '

.5 1.0 1.5
Strain I°%

Fig.1 The stress, event rate and energy
- rate vs strain for a CSM laminate (V =17Z)

at 20Z per hour strain rate. The arrows show
the regions I-1I1 defined in the text.
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A few events of high energy accur already at very low strain.

although a more continuous high energy emission does not appear

until above approximately 0.41 strain.

In Fig.2 the rate of the average energy per event is plotted

for two different strain rates. The behaviour seems to be

composed by several mechanisms. Appearing at about 0.47. strain

for 20X per hour strain rate, the ayerage energy per event

increases up to a plateau, 3 - 5 pV per sec, in region II. An

additional, superimposed mechanism, which gives an exponen-

tially increasing energy per event rate, seems to dominate the
behaviour above 0.9X strain in region III. A more detailed

stuqy s ows a further plateau below 0.35Z strain at about 5 - -

10 PV per sec for the very low energy fracture processes in

region I.
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Using measurements of stress strain relations, hysterisis,

mechanical loss factor, laser light scattering and electron

microscopy in combination with acoustic emission, the following

fracture sequences have been deterted in CSM laminates with a

plain polyester matrix, Sundstrom and Jansson (1984).

The failure is initiated at very low strains, region I. by
• "" debonding between the fibres and the matrix within the strands.

With increasing strain, transverse intra-strand matrix cracks

are formed by the growth and coalescence of the debonds, region

II. The size of these cracks increases until they are tempo-

rarily arrested at the edges of the fibre bundles.

At still higher strains, region III, a few of the intra-strand

cracks proceed into the matrix rich regions between the

strands. The final catastrophic crack growth occurs when a few

of these cracks have reached a critical size.

Thus, the fracture initiation is strongly dependent on those

defects which determine the stress and strain conditions within

the fibre bundles: local fibre distribution, wetting of the

fibres, internal stresses, local matrix properties etc.

In the same way, the different fracture mechnisms preceding the

final crack growth are influenced by the fibre distribution and

* other large scale defects.

- " The detailed influence of the different defects on the initia-

* tion and growth of the fracture has been studied only in a few

cases, although many general relations can be formulated.

Therefore, very little is known in what way the different

defects will appear in NDE methods capable of predicting

fracture behaviour and loading capacity.

In the following, a few relations of this type have been

listed.

-... Dependence on fibre content.

As can be expected, the numbers of debonded fibres, intra-

strand matrix cracks and cracks in the inter-strand matrix rich

regions increase with increasing fibre content. For very low

fibre content, only very few cracks are induced in the inter-

strand regions and, in principle, the final failure is caused

by the growth of only one matrix crack.

The strain of approximately 0.1Z for the initiation of the

debonding does not seem to be much affected by the fibre

content, at least in the region 10 25 7 by volume.

On the other hand, the formation of the intra as well as of the

inter strand matrix cracks is shifted towards lower strains at

increasing fibre content.

In contrast to this, the strain at the final failure increases

when the fibre content is increased from 10 to 25 7, due to the

larger number of matrix cracks formed before the final failure

L.%



Influence of fibre distribution,

The number of debonds as well as the number of intra-strand
matrix cracks are reduced as can be expected due to the more
favourable stress distribution in laminates made from strands
which include only a few fibres. Besides, both the strain at
the formation of the large scale matrix cracks as well as their

number increase. At constant fibre content, this improves the
loading capacity of the composite.

INFLUENCE OF STRAIN RATE.

- • Fig.3 and 4 show the effect of strain rate on the event rate
and average energy per event rate.

i-

.375 /°

.

rr 55 1. 1.5

i - i

L !

Strain [%] J

Fig.3 The event rate vs strain for CSM laminates
(Vf=1,X) at different dr aw rates, sample length 170 mam. - - I
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Fig.4 The energy rate vs strain for CSM laminates

(V f017Z) at different draw rates, sample length 170mm

At reduced strain rate both the event rate and the energy rate,

decrease. Also the characteristics of the fracture regions

defined above change:

- The strain at which AE(N) appears remains mainly constant.

while the level of the plateau in region I decreases

slightly.

- The increase of AE(N) and the appearance of the AE(U) in

regiop II is shifted towards higher strains and their levels

are slightly reduced.
- The event rate preceding the final failure is not influenced

to any higher extent. Due to the decreasing intensity in

region I1. the effect of this will be that the intensity in

region III decreases, however.

At very low strain rate AE(U) in region II is suppressed and

the exponential part of the curve in region III is shifted

towards still higher strain levels.

Si '
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Fig.5 shows the rate dependt-nce of the strain limits for the
different regions as it appears in both the event rate and the

energy per event rate. When the strain rate is decreased from

20 to 0.005. per hour the transition: I - II is shifted from
about 0.3 to 0.65Z and the transition: II - III from 0.9 to

1.2Z strain. _ _ _ _

1.5

4-

.5

-3 -2 -1 0
log [mm/min]

Fig.5 Effect of draw rate on the strain limits of
the three regions difined in Fig.1.

Thus. the strain at the initiation of the debonding does not
vary significantly with the strain rate in the region 0.005 20
Z per hour.

On the other hand, the number and size of the debonds. as well

as the conditions for the intra-strand matrix cracking seem to
vary in a rather complex way with the strain rate. Different
techniques, for instance light scattering and acoustic emis-

sion, also give different information on the kinetics of these
processes.
The exact behaviour is not known at present. Thus, while the
effect of the strain rate on the number of debonds is not
clear, it is obvious that the number of intra-strand matrix
cracks initiated before the development of the large scale

cracks in the matrix rich regions, increases with decreasing

strain rate. On the other hand. the number of cracks formed in
the matrix rich inter-strand regions before the final failure
decreases with decreasing strain rate. This implies that a
smaller number of the formed intra-strand cracks continuesto

grow out into the matrix rich regions.

* S



The explanation of these phenomena may be found in the visco-

elastic-plastic behaviour, in the strain rate dependent frac-

ture mechanisms of the matrix and in the relaxation of the

stresses around the induced cracks.

During the slow deformation, a general smoothing of the stress

distribution takes place in the composite due to the visco-

elasitic behaviour of the matrix.

Furthermore, local stress relaxation will occur in the matrix

when the debonds are formed. This changes the conditions for

the growth and coalescence of the debonds and thus, those of

the formation of the matrix cracks. In the same way, the larger

number of intra-strand cracks produces a more favourable stress

distibution around the strands which will delay the initiation

of the large scale matrix cracks.
The phenomena will be strengthened still more by the changes

which might take place in the fracture mechanisms in the poly-

ester matrix. Thus, the ability of the matrix to form oriented

structures absorbing part of the fracture energy during the

*- crack growth is strongly dependent on the strain rate.

At high strain rates, all the different techniques mentioned

above give similar results with respect to the nature and

intensity of the different fracture processes. In this case.
the intensity of the acoustic emission will give an indirect

measurement of the influence of the different active defects.

Also at low strain rates, the initiation and growth of the

debonds and the intra-strand matrix cracks are easily detected

by a continuous increase in the 450 vertical light scattering
and by a whitening of the laminate.
Also, acoustic emission seems to give an adequate measure of

the initation and growth of the debonds, despite the very low
acoustic energy that can be expected to be emitted at low

strain rates.
However, the energy emitted by the initiation and growth of the

matrix cracks within the strands seems too low for the acoustic
emission to be detectable. This means that both this special
mechanism as well as the defects behind are not immediatly
detectable by acoustic emission.
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Abstract

A major hindrance to the wide use of advanced composites is the
absence of proof testing and life prediction techniques and these require
an understanding of the way damage accumulation occurs. The acoustic
emission technique is an attractive means for damage investigation. Our
approach was on the one hand qualitative as it involved a statistical
analysis of the amplitude of the recorded signals without differentiating
them and on the 6ther hand quantitative by counting events under different
loading conditions. It has been found possible to correlate different
damage mechanisms with typical acoustic patterns on amplitude histograms

*' and also to develop an understanding of damage kinetics which are usefull
for determining as in a proof test, the longterm reliability of structures.

" -Introduction

The impressive mechanical properties of C F R P are coupled with a
low density. As a consequence it is often used for structures requiring low
weight or inertia and for this type of application it is clearly desirable
to be able to subject the material to as high a load as is safely possible.
There are, however, difficulties in replacing traditionnal materials by new
ones and not least of these is the lack of long term experience and the
necessity of developping new methods of control adapted to the new
material. The lack of a proof testing technique or a means of determining

" the long term reliability of composite structures is inhibiting their
adoption for applications for which a cursory glance at their short. term
properties would indicate their iminent suitability. The acoustic emiss;ion
technique has proved to be a usefull tool with which it is; possible to
monitor the processes of damage in composites. The usefulness of the ...

" ."reso ] t:.; wh i ch 'ire obtained depends on the theoretical means of" an,t v:;i ; ;in(!
T- model iing.

* _1
* I
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Experimental details

Experiments have been conducted on flat unotched plate specimens
made from different types of prepreg. They were Ciba Geigy Fibredux 914

CTS, which has a curing temperature of 1801C, and resins obtained by mixing

the Ciba Geigy systems - CY 205 and CY 208 - in different proportions. The

component CY 208 is a plastifier and can be mixed in any proportion which
the CY 205 resin. The cure temperature was 1200C in the latter case. Some
unidirectional carbon fibre reinforced polystyrilpyridine were also tested.

The P S) P specimens were made by the Soci~t6 Nationale des Poudres et
Explosi fs, tecure temperature was 20CInalcases,threnocmt

was Toray 'T30() carbon fibres.

All acoustic emission monitoring was made with a 3000 series
Dunegan Eridevco system. A PZT differential transducer type D140 B was
employed with a dominant frequency at 200 kHz. The system consisted of

a 40 dB preamplifier with a frequency range of 100-300 kHz, an amplifier

with adjustable gain and an impulse detector transforming all peaks ---.

* exceeding the threshold (25 dB) at the output into digital pulses. The dB

measurements were given in reference to a I pV signal at the transducer.
The inalysis system was set to have a dead time of 100 Ps which allowed one
event only to be counted for each series of pulses separated by less than

100 ps. During creep tests, as earlier studies (I ] had revealed a nearly
logarithmic stabilisation of acoustic emission as a function of time,

countr were recorded on an X-Y plotter which allowed a direct trace of - " "

Lop T as a funct ion of N. Tests were conducted using a total gain of

Qualitative evaluation

The damage produced in composite materials may be of a complex -.

nature, and thus, the problem of discremination between the different and *
often :;imultaneous mechanisms arises. Several parameters may characterise
an a(-)uw;tic signal, amplitude, energy, duration etc.. Experimental results

obtainet0 on different materials have shown that statistical analysis based
,cn the dit. ributioii function of certain of" those parameters might allow the
di.;(-rimination ot diFferent mechanisms and leads to the identification of

the Fb.'; .i .ourue.i: of the detected acoustic emission. Amplitude analysis
,ria 1,e; :i('h an ;,l ro;ch to be attempted j - ] . To describe the amplitude -

I LATI I Iit i (' , ,;' i hoo:;e a differential tunction f(V) defined by the
jun ,,v ' ,' ,.rn ;. ; ,t t-he :imI,litiide V (,r ;a -imoilati ive function g (V) • -

, i ''. !.\ tii( ~'ur- -1 Krnl:.:;ic; hove the amplit.ude V. To a first
; ",xi-'iat -n thi ; hci',;t t lic i ri (V) cat, Le written equal to

--

Vi r, (1)o V04 5



where V is the smallest detected amplitude, N the total number of events0 o

and b a parameter which may be a function of damage mechanisms for a given

material [4]. On logarithmic scales the corresponding histogram will give

a gradient the value of which is -b. As a consequence, the appearance of

several mechanisms will devide the histogram into several linear zones.

a. First ply failure

Considering cumulative histograms on logarithmic scales obtained at
rupture with unidirectional and cross plied composite (0, 900) , we can see
that there is a very clear difference in the curves obtained from each type
of specimen (Fig. I). For the unidirectionnal case, we can only distinguish
one linear part (b- 2) and most of the amplitudes are lower than 65 dB. For
(00, 900)s materials, two straight lines can be clearly seen, one for

amplitudes lower than 65 dB and another for amplitude higher than 65 dB. So
if the curve is approximated by two straight lines, it can be seen that the
initial gradient b is close to those obtained with unidirectional
composite (b =l,) followed by a second gradient giving b which is

cower (b 0,3). Since it has been shown that matrix failure

parallel to fibres produced large proportion of high amplitude
(0,3 <b 7) [5 ], we can deduce that first ply failure may be

responsible for the appearence of the second mechanisms of emission at high
amplitude.

NLog-

0 -- tensie test - "",

--- Creep test --.

- (5 (--o,-,o"-

00

.10

* 20 40 60 80 dB

'Fi I. :Cumulative hi.;togr;m () ocou:st.i( erission amplitude of (00 ,90 ) -

and unidirecti ona 1;pecimen at .0 F)ture0)nal ,t



It i: t hen p('::; t Ie U) i(e t the f'irs t. plIy rupture or its
mni ti at ,)f wi th t he arne of the :;ecoiid distribution at high ampliitu-

des (Fig. I). A r-nrrelitior has been made ti th calculated values of first
ply failure uISitip the I'sai-Iiill criteriw and also by visual observation
(optical microscopy and X-ray) on a wide range of lay-ups. The results are
in good agreement with acoustic emission detection (Fig .3) when the ply
rupture is activated by tension in the layer. If shear stress dominates, as
for ( 450) composites for example, we detect the initiation of the ply
rupture, that is to say the decohesion of fibres and matrix [6]

Log&H
Ne

0 v 346 Mpa

403 Mpa

461 Mpa

-10

20 40 60 80 d

Iig. 2 Evolution of the cumulative histogram of acoustic emission
*amplilit de of' ((0, * ) spec imen as a func tion of stress durin g

tens ii tei; ti ng.

0S



G stres nupture .

v ply ruptre (90)

I AE detection "

0.5

0-

12 3n

Fig. 3 First ply failure detection by acoustic emission compared to the
*theoretical determination for (0 ,90, ±450) composites (n 1,

2, 3).

b. Fibre breakage and matrix microcracking

The usefulness of the statistical analysis of the signal amplitudes
depends on the theoretical means of modelling and analysis of damage
accumulation. A new method of analysis could be based on a spectral

9 approach of the differential histogram. For this, we use a new function for
the cumulative histogram

' -b
V a og (V) N -)(2)

:V -b -b
V V

For amp Ii tudeC) 5;ICh that V > > V and V > .V we have
0 C) +i

.-. -h- -h"

V + V V

;.-g v) N ( V -b V -a

_0) a 2



* which lead to the Pollock law (1) which is a limiting case of this
function. The main advantage of' the equation (2) is to give a corresponding

*-symetrical differential histogram with a maximum n at V [7] When the
0 a

amplitude is expressed in d5 we have

x - xa
th 13 2 )(4)

g(x) No[- th(x~a

wit th b" (
202

From equation (4) we can deduce

I dg (x n (x) B I th' B (x xa)) 1 (5)
N dix N 4 2 xo-xa

0 0 l-th B(-

PuttLing

n B 1(6)
-0
N 4 ,xoxa
o 1 -d

W We hav e

1,(x) 11 1 th i (7)

* ~)n Logar ithmi c a(i: t he dilit'erenLi at hii r;ogran will be represented by
two sym tr i cl i riear t f :lpe P ii id -B ibou t xai Hence each observed
peik -,in he 4--n-j, 'Ai ie - rre lziteo wi th ,i particular diegradatiorn
me( h.in



This approach has enabled the detection of several mechanisms wich

produced emissions during tensile tests of P S P based unidirectional ,:-.
composites as several peaks were found with different values of B (Fig. 4)
We can attribute these results, to microcraking of the matrix (xa = 25 dB/
and xa = 34 dB), fibre breakage (xa = 40 dB) and interfacial debonding
(xa = 47, 55 and 60 dB). Compared to more conventional composite materials
(Fig. 5), we can see a high proportion of events at low amplitude for
the P S P composite. This can be attributed to microcracking of the resin

n
b=o.44• -0.708

1.73
102 .

1.73

10

0 s0 dBM

Fig. 4 Representation on logarithmic scales of the normal amplitude
histogram obtained on P S P unidirectional composite material (q =

* 588 MPa).

n n (i o')
a 362 MPS S 71 Mpg

553 pg
c714M P&

0.75 ®724 MPg B*1.®ISU5

*0.5 0.5

0.25 0.250

* -

o dS B dB

FiP. :ompari;ori of the di tlereritiA ami slttde histogram for
a) 1) S P and h ) eexv n :ed unidirecl ional romposite material.
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due to i ri ter-ri j i t rv! : er I r:c( by the curing cycle. In fact, the P S 1

mat.rix is very brittle (K , (),,H M11a) and the triaxial state of stress
due t.o the ditterence of lhe 'oe t (- ients of expension of the matrix and

the fibres is very imjwrtant when the composite undergoes temperature

variations between () or W;0 0 G as is the case during its elaboration.

Quantitative evaluation

a. Life prediction

A model of damage accumulation in unidirectionnal C F R P loaded in
the fibre direction has been proposed and shown to be applicable to a
number of different structures including filament wound tubes 1 1, 8 . It
is assumed that the carbon fibres are perfectly elastic and that an
unidirectionnal C F R P specimen can be considered to be a fibre bundle
embedded in a viscoelastic matrix. The effect of load transfer by the shear
of the matrix isolates fibre breaks in a narrow section of the composite so
that the Rosen model of a chain in which the links are fibre bundle. Their
lengths are determined by the load transfer between a broken fibre and
unbroken fibres [9 ] It has been shown that as damage is accumulated in a
fibre bundle, the load which can be safely supported without causing
catastrophic failure passes through a maximum [1I . At loads lower than the
simple tensile st'ength of the bundle, the specimen can support a greater
degree of damage than at. the maximum load given by

N (/"
(N - N) f Log (8)

where P is the applied load, N the number of broken fibres, N the total
0

number of fibers, f a constant and 6 the Weibul] shape parameter
characterizing the failure probability of fibres. Figure 6 shows the curve
given by equation H. If it a given steady load P a mechanism' 1' /

100

E
t0 A2  -A

Al .

0
P1  P2

Load 0 .
.. kvo litlo(4 (if f i t,. .r n. (l il( 'i t y of i bu dr l i I; 'ibres; ,ir

br(ker in ord(r 0 nc-re~;i(, ;t fre it.h while it is; held underi.

6. •
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of degradation produces further fibre f'ailures, even though the load .
remains steady, damage will be accumulated along the line A, 3. Acoustic
emission reveals that further damage is accumulated at constant load and
that if further loading takes place after reaching the damage level A2 no
emissions are recorded when greater load is applied. It has been shown [1 1
that this observation demonstrates that the accumulated damage is the
progressive failure of the weakest fibres in the composite. Under steady
loading damage accumulation evolves in a quasi logarithmically decreasing
fashion

dN A

dt (t )n

in which N is the number of events, t the time, T a time constant, n a power
close to one (n = 0,99 for 914 CTS unidirectional composites) and A a
parameter which depends only on the applied load. I

The combination of the damage accumulation model for composites and

the analytical description of the acoustic emission recorded under steady
loads permits minimum lifetimes to be calculated. In order to be able to
calculate the residual life of structures it is necessary to obtain the
master curve shown in Figure 6. This has been possible for prepreg specimen
but not for cured specimens as failure is of a too brittle nature. The
first part of the curve is easily obtained however as are the number of
emissions to failure and the mean value of breaking load. As the damage
level at the breaking load is a minimum level which must be exceeded at all
lower loads, a calculation of the time necessary to reach that level will .. [.
give a minimum life time prediction.

.•- .
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The rate of' damage accumnulIati on mus;t, depend oni the ,it;(-oclI i!; t(

pro~pert ies of' the ma trix. Th is c cin he observed when less ri gid (I ('ox vh
composites are under creep .onidi tion. I n Fi g. the evolu ci ni i

*compliance D (t), for two resin-, is repre.sented. [lie first re.:;irc ;yl,*c!-
contains 70 % of CY 208 and 30 % of CY 205 whereas the second contains 3( %

* of CY 208 and 70 % of CY 205. The first matrix is much more compliant than
the second one which leads to values of n lower than for the second
material itself lower than the obtained value for 914 CTS composites
(Table I).

D0(t). J0 (pa')

SCO a/C0j 0.54 1. 05 1. 5 1. 7 0. 9 1.041 12

not RO .me RI

400

VOV

200

zson

10, 102 1o3 10 o5g0

t (S)

Fig. / Influenre of' plastifier percentage (CY 2?08) on the compliance oif
the matrix.

4(cilerl<.~ (1 (y 'f) ~ '~ ( 'A

Cy " ' ,



%i I z t.5 t , t i t, q () i tt!~ tU t at)i Ii i ze I t-
t tI.,th~i It Qie 'i IC ienit i in t)( tri i i i ai ca anoft. th e degree ofr

W) I V M I sAt 1 )rt ja)f t to I V', M Pot t i ,t i eanIt i! 0 a ;Is f'unc t ion o f the
fibr'e volume t rat mr. V , hln' ta rigid matr I-x (.414 CTS) n decreases to
( ")7/1 f V fis equal t:o % insteaO of (, )9 for V equal to 60 %. This may
be due to a greater freedom of' movement of the resin. The coefficient n
could therefore be indicative of good elaboration :good cure cycle, good
volume fraction etc. At first glanc-e, the difference of 0,02 in the value
of n appears small, however in reality it. is highly significant. In fact,

* if n is put equal to I and equation (9) integrated we see that

N A Log T (10)

so that from equation (9) and (10) we have

* dt N -
Log - - + Log A--

The function Log t i F, therefo e a Linear, function of the

accumulated number of emission N but any derivation of' n from unity will
/result in a non linear curve for L.og ! which will became progressively

dN
noticeable with time (Fig. 8). The variation from linearity is shown to he
v mrtronly dependant on nf[ s l

L di

44
-A (2o)

a
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jor arm irIte, , it ha:1 ; been :;howrl t b1t, wh(-Il t he :i i , : ,
rupture dominated, the ,icoti;t is emi:; ) II rate, -'iI bhe dec.r; i he (I I - it i l-
ly in the ,;ame way as tor Un idi rect inrinl ,sompo:; it: . In that ';;, the
c, oeff'i i ent n whic h are obtained, are igene rally Iwet lh;r, ths,;e Aziineo
with uridirertionnal composite (Table ]1). The \,alue;; a! he r,r,:'t ter

Specimen 00 (0, 90) (±150) c ( 1)
S S

n n,99 0,98 0, ab , A

rable 1" Values of r for each type of specimen

n is then an indication of macroscopic effects (ply ruptures) which do
not evolve. This has been verified by the analysis of amplitude
histograms during creep conditions on (00, 900) and (p0 , 900, T)
materials, P stands for cloth layer oriented at I50.sin these conditions,

the cumulative amplitude histograms are very similar to those obtained on
unidirectional composites and do not show high amplitude distribution
(Fig. 1) as has been noticed during tensile testing. Then the existence
of ply craks in a 900 layer in a (00, 900) composite, for example, will
lead to a change of n signifiying greater -'damage accumulat.ion in the ('

layers while the damage in the 901 layer does not proglress hnit haf; an 12
influence on the activity of the 00 layer.

b. Proof Testing

The var i at ion of coeff i ci en t. A as a func ti on of app 1 ed stressi
Cafi he obtained by applying steady loads at increasingl[y high loads lol-.'
enough to determine the rates of emission as well as the precise value of
n. The [rarar meter A ha,; beon found to T)hev tie rei ation shi , :

I .i: + :s , " , t J if, 1' ' ,' : i 1" ''. j , + Y 
t  

* ' ' t J

Q I' t IIr .i ', ;t i .

*q S S
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retfererice to -1-1ti On () it ~;r e .;ee Iri from 'ig.( ht Ih till

inverse re 1 at i om;h ip between the parame ter k anid the breakinug :trenr t.-
The coe ffi ci ciit.! k have been obtained w ith two c reep tests at. 800) and
]I 20u M1a. It ia l,;o poss lble to correl ate the Stress at failure and the

time constant r for given specimens. From equation (t1) we see that

when Log (dt) 0

~Ae -N 0IA (12)

where N is the number of emissions at dtg
0 dN

K

4 -

10 00i 0 aMp

Io t e I , I , it tr : t I ii e



It (-an be seen that the time cor.stant, T is a function of the total number
of emissions, including the emissions produced (luring initial loading
until he condition Log 0 is reached at the rate given by the
coefficient A. There appears to be little correlation between N and the

0breaking strength but there is reasonable correlation between T and the
stress at failure, as it can be seen from Fig. 10. The coefficient k and
Tcan be obtained during proof testing at low loads which allows an
extrapolation of the behaviour during service condition and using the
life prediction model as a statistical treatment of these parameters, a
better prediction of the stress at rupture could be obtained.

I

-- U

UU U

| ,

12 13 14 15 0lOOMpe

Fig. 10 :Correlation of the coefficient obtained during a creep~ test
(1200 MPa) and stress at. failure for 914 CTS unidirectional _

composite materials.

Conclusion

Although acoustic emii; ;ion Ls a global and indirect techi Lque,
it is possbile to use it in both a qualitative and a quantitative way to
define the accumulated damage in CFRI'. Amplitude analysis enables first
ply failure detection arid al.so discrimination between fibre breakage,
matrix c-ra,"kirio' or interf'ari;l f'ail -ire ind :;(, reveals the effect. t 1 c) f
interrial sqre.; ii; ic i c r;( h du. to t ie uro' cycle on i flereni
Sn i dii reQ tioril I ( ' ;C i :; I, ie eri;. I.ieri i I f I1 f b e 1a r' ,l i , ited ,

:oir itin) ' over .t ,;,tle:; .u. n '', iI; It) V; nt I e-; I.eI( (! thu de- , 1:I1 i ..

(of da)mapge 'kirv't.i :-. 'Ihe:;e ,re r',l t o the rheolop'v of the ma$t r x hit.

al:o to maCr', (fj ( ,f'ect.; fir:-t ii-, t lprei, which lo no t  propr -so .
;tati , tiraI 1> , ei tr 1 1t ' I t Ito , i f r (- f lr,. h Ir e:t ori z ini,. the k.ot, t, . ',ii

he rel;t.ed t(, !he' r (kint, :;t.reri),,uth ) f t f r,;iteri-,l . All thte-s '(-;il t

rmight he tak,.r i ;I I . int , it" : I f , ii It' I rIII , t f e t I t t I,

fabr i cat i on
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Discussion of Session IV

Strictly speaking acoustic emission is a destructive rather than non-

destructive technique. However, since acoustic emission is widely used to

monitor the properties and behaviour of fibre composite materials, it was

decided to include it in this workshop.

Y L Hinton, R J Shuford and W W Houghton of the Composites Development

Division, Army Materials and Mechanics Research Center, Massachusetts 02172

have investigated acoustic emission during cure of fibre reinforced

composites, and conclude that acoustic emission is a potential in-process

quality control technique for resin-based materials. Acoustic emission data

(including events, counts, count rate, rms and amplitude distribution) and dc-

resistance data were collected during the cure (heating) and cool-down of 6-

ply SP250/S glass and Fiberite 934/kevlar 49 prepreg laminates. Acoustic

emission appears to be very sensitive to microstructural changes in laminates

occurring during the cure. The acoustic emission observed during the heating

phase is thought to be due partly to outgassing of the resin and partly to __

cure shrinkage (caused by polymerization/cross-linking), whereas the acoustic

emission during cool-down is attributed to the creation of residual stresses

associated with mis-match of thermal expansion coefficients between fibre and

matrix materials. Under identical experimental conditions, kevlar/epoxy

laminates produced significantly more counts with higher amplitudes than the

glass.epoxy laminates. Correlations were found between the acoustic emission

activity, the dc-resistance and the resultant residual stresses. A

preliminary account of this work has been published in US Army publication

AMMRC MS 82-3, May 1982).

*i
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A NON-DESTRUCTIVE CONTROL OF FIBER CONTENT AND ORIENTATION

IN SMC-ARTICLES

G Menges and H Cherek

Institut fur Kunststoffverarbeitung (IKV), TH Aachen, West Germany

Fiber reinforced compression moulded parts with complex geometries show a wide

variation in their mechanical behaviour. The reason for this is the undefined

flow direction, which changes from cycle to cycle and produces different fiber

orientations and different fiber contents at critical points in the moulding.

With manually operated moulds and presses these differences have to be

tolerated. It is evident that there exists an urgent need for non-destructive

quality control of critical points on every part produced.

We now suggest that this quality control is best achieved by an X-radiographic

method in conjunction with automated optical assessment. Hitherto we have

used the birefringence of a laser beam transmitting an X-radiograph (Menges

and Geisbusch 1979). It is demonstrated that information about the average

"* .. fiber distribution and fiber orientation is thus obtained.

* - NONDESTRUCTIVE QUALITY CONTROL OF HEAVY-DUTY COMPONENTS

Variable flows of mat packets and resultant undesirable orientations and

separations must always be expected. In shaped components which have

0 supporting functions, e.g. in aircraft and automobile construction, it is

especially not possible to do without quality control in respect of quantity

and direction of fiber. Such tests may be either destructive or

nondestructive. Since destructive tests, because of the lack of

. repeatability, are unable to supply representative findings for the

* manufa turing process, nondestructive tests methods are of special interest.

Work on a variety of nondestructive testing methods is being done at the

Institute. Thus, the measurement of several characteristic mechanical

properties, such as deflection under load or the like, permits conclusions to

0o



be drawn as to the quantity and position of fibers in the component. This

method, however, is specific to the component and must still be confirmed by

practical experience.

A method is presented here which permits the quantitative determination of

fiber orientations and local fiber contents by means of X-radiographs. The

. - reinforcing fibers appear on the radiographs as transparent rectangles on a

dark background which, upon irradiation with coherent light, generate special

diffraction effects. Evaluation of the resultant diffraction pattern by

computer, permits exact calculation of relative local fiber contents and

orientations in the X-rayed sector of the component. The mathematical bases

and derivation of the method of evaluation are explained in the Appendix to

this report. Studies relating to this subject area will also be found

in Meyer and Erber (1977), Polato, Panini and Gianotti (1980), Lipson and

Lipson (1969) and Kreis (1984).

1.1 Instruments

Figure 1 shows the test setup for the evaluation of diffraction images of

* "radiographs.

motorued rotatlni

j-Wter -pu-er Ov face

Figure 1. Optical bench for the evaluation of radiographs

0



An unpolarized He-Ne laser beam with wavelength 632.8 nm and power 5 mW serves

as the light source. The beam diameter of 0.83 mm is expanded to 8.3 mm by

means of a beam expansion adapter. The collecting lens located behind the

diffracting object in the standard test setup for the visualization of

diffraction images (compare for example Lipson and Lipson, 1969) is omitted in

the present case. Instead, a slightly convergent bundle of rays is produced

by reducing the focal length of the optical expansion system to 800 mm, this

sharply images the diffraction pattern in the focal plane of the optical

expansion system and focusses the diffuse beam to a point.

The photographic film holder for the radiographs is moveable in both

horizontal and vertical direction by way of computer-controlled stepping

*motors, so that each point of the picture can be moved into the path of the J
* laser beam. -

A rotating slit diaphragm, likewise computer-controlled, is located in the 77
focal plane of the optical beam expansion system (Figure 2).

II

- Figure 2. Rotating rectangular diaphragm
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Because of the very high light intensity (see Appendix), the diffuse beam

concentrated on the focal point is screened out of the continuing path of rays

for all angles of rotation 4, of the diaphragm. Hence a considerably smaller : 71
measuring range and a correspondingly higher resolution may be selected on the

photometer.

The smallest step width of the stepping motor operating the diaphragm is 0.9 0 .

With the speed reduction ratio of 4:1 between motor and diaphragm drive this

results in a resolving power of the angle of rotation 4, of 0.2250, or,

expressed in another way, 800 test positions during a half-turn of the

diaphragm. Each test value I ((p) thus obtained then corresponds to the light

intensity of the portion of the diffraction image passed by the diaphragm. It .

is shown in the Appendix that the intensity I (4,) thus measured for the

diaphragm angle 4 is directly proportional to the number N(a) of the glass

fibers oriented at the angle a = 90 -9 0 .

I (4) = N(a) (1) -

For reasons of symmetry,

I (,) = ( + 180 )

p.
also applies, so that only a half turn of the diaphragm is ever required in .

order to plot all the data. -

A microprocessing system based on Motorola's 68000 is used to control and j '

evaluate the measurements. By means of suitable interfaces and stepping "'

motors, the computer is able to position the radiograph, preset the angle of -

rotation of the diaphragm and read in the intensities measured on the

photometer. In addition, a printer with graphics capabilities is added for - 6

printing out the results. With a view to easy expansion and good

maintainability, the evaluation programs have been written in the high-level

structured programming language "SORBAS".

On scanning of the diffraction image the large number of positions of

diffraction pattern relative to diaphragm slit produces geometric fuzziness in

7-71-
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the measured intensity values and this prevents direct conclusions as to the

numbers of fibers. This fuzziness is the result of optical interference

Kattributable to the test set-up. Figure 3 shows the influence of this

- fuzziness on the intensity distribution for an ideal lattice of rectangles

*with direction of orientation a - 00 The reproducibility of these

* influences, however, makes it possible for the computer to eliminate them from

the intensity distribution. The result of this process for an ideal

diffraction lattice having the two orientation directions a, 7 nda
00 and a line ratio of 2:1 is shown in Figure 4. The relative percentages of

fiber in the two directions of orientation can now be read off directly on the

diagram.

6 -_.
'LUX
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t e Figure 3. Integrated intensity of a lattice of rectangles

Because of the many unknown influences on the proportionality factor (X-ray

conditions, film density, scattered light, laser intensity, etc.), the

proportionality of the intensity test values to the numbers of fibers

(Equation (1)) does not lend itself to determination of the absolute number of

fibers oriented at the angle a. The relative number of fibers oriented at

6 each angle may, however, be determined very accurately by means of the

Sbcomputer. The reference area for measurement of this orientation parameter is

then in no way limited by the diameter of the laser beam. Owing to the

0
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Figure 4. Integrated intensity and number of fibers of a cross lattice

facility for displacement of the photographic film holder, the entire

radiograph can be read point by point in successive measurements and

reconstructed in the computer program. By this method the intensity

distribution of the respective diffraction image is plotted by way of the

angle of rotation 4' of the diaphragm for each point. If attention is paid to

even illumination of the film when the X-radiograph is photographed, and the

photograph is properly developed, the proportionality constant in Equation (1)

may be regarded as constant over the entire film so that test values of

various points on the picture can also be compared directly with each other.

Flow-induced separations ("resin pits") or accumulations of fiber can thus be

. reliably detected. The resolution of the method is thereby determined in '

advance by the area sampled, i.e. by the diameter of the laser beam. Local

differences within a sample area cannot be detected because of the integrated

"" character of the measurements.

To assist interpretation of the results, a graphic presentation is generated

by the computer, representing an idealized image of the fibers in the sector

of the component inspected. Although no direct correlation exists with the

4 *



actual location of the fiber, these graphics have proved to be very good for

analysis of orientational states and detection of mechanically weak points.

An orientation parameter, independent of direction, which reflects the degree

of fiber alignment in freely selectable sectors, serves for the general

description of orientational states in the component. Application of the

method will now be demonstrated for several practical examples.

2. Examples of application

"Acceptable" radiographs, which of course are not always obtained are

naturally always a pre-requisite for the determination of fiber orientations

by this method. The results of studies in this subject area, together with

general instructions for X-radiography of SMC components, are summarized by

Nottrott (1983) so details of the technique will not be discussed.

In many practical cases of application, for example in two-dimensional

components having a wall thickness of several millimeters, the preparation of

radiographs presents no great difficulties. .

Example 1

Figure 5 is a schematic drawing of an automobile bumper (fender) produced in

the molding process, with the location of insertion of a blank identified by

the shaded rectangle, and the sector inspected by X-radiography identified by

the broken rectangle.

position of chage inspected arao

Figure 5. HMC bumper

0!



The raw material consisted of a pre-preg layer with unidirectional continuous

fiber reinforcement and two surface layers with random short fiber

reinforcement (HMC). The fiber image generated by the computer and the

intensity distributions of two test points are shown in Figure 6.

ideolized imOge of fibers

*,3 .

rotating angle rotating angle _ 1
Figure 6. Fiber distribution in an HMC bumper

Here only the relative number and the orientational state of the fibers can be

obtained from the image. In the left half of the ideal fiber image the

aligned continuous fibers do not appear as continuous fiber images. Instead

they appear as highly oriented short fibers.

In this case the blank packet inserted into the die turned out to be too

short. Since the unidirectional layer is not capable ot flow in the direction

of orientation, the critical boundary regions of the bumper were filled only

with the irregular fiber layers flowing off the surface layers.

- xl



Example 2

In a rectangular plate of SMC, a region with mould boundary lying parallel to

the direction of flow was inspected. Figure 7 shows the flow rate in the

center of the flow channel and the resulting fiber orientations in the

finished part.

velocity of compound flow mould-

edge

idealized image of ffbers

Figure 7. Origin and nature of fiber orientations in SMC parts.

Here the preferred orientations in the region of the mould edge are

attributable to excessive shear stress of the material due to adhesion to the

wall in the mould-filling process.

However, a similar fiber image is also obtained in the case of unfavorable

flow-front travel in the filling phase. When blanks are not centered in the

mould, in some cases the main flow front is surrounded by flow from already

filled mould regions. In addition to the strong orientations which, owing to

the high shear of the detoured flow front are produced in the narrow flow

channel between main flow front and mould boundary, a bond line results. Bond

line fractures on removal of the moulded part are the inevitable consequence.

6



Example 3

An unfavourable flow may lead to strength problems in the case of inserts too.

In this example a mounting strap about 4 cm wide was reached transversely by

the flow front. The resin pits produced behind the strap in the direction of

flow are clearly detectable in the fiber image (Figure 8).

N accumulotion of fibers ,nsert kck of fto's3

cdrecton of flow L

Figure 8. Lack of fibers caused by inserts

When their cause is known, such weak spots can usually be eliminated by

alterations to the geometry of the blank and/or of the place of insertion of

resin mats.

Example 4

Accumulations of fibers before dummy areas which are reached by the flow front
only in the process of filling the mould ire another frequently observed

problem. In the worst case such fiber accumulations hinder the transport of

fibers past the dummy area to more distant regions of the shaped part. Ibis

was the case in the component whose fiber distribution Is shown in Figure 9.

Sq
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Figure 9. Fiber accumulation at a dummy area

If the problem cannot be solved by altering the location of the insert, which

frequently the case in practice, checking of the suspect regions of the shaped

part is especially important.

Example 5

In all cases the flow distance influences fiber orientation and hence the

strengths of SMC components. Figure 10 shows the curve of the orientation

parameter, independent of direction, over the flow distance I in a SMC part

which was moulded at a constant compression rate.

In this case the increase of orientations with growing flow path is explained

by the elevation of shear rates in the moulding material at decreasing flow

channel height and almost constant compression rate of the press. Not until

the end of the flow path at the mould boundary is there again a decrease in

the orientation parameter, owing to turbulences in flow of the fibers.

The examples presented show how important fiber orientation and distribution

measurements are for quality control and calculations of the strength of SMC

parts. But in addition, such measurements also permit an increase in the

quality of moulded parts generally. On modern presses, for example, the

compression rate can be varied over the flow path. Owing to the possibility

to control the positions of fibers in the component, the compression rate can L

then be optimized so that the strength-reducing orientations shown in the last

example become minimal.
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Figure 10. orientation parameter as a function of flow distance
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* Appendix

For a wave diffracted by a slit, the amplitude given by Fourier theory is

+a/2-i.
((U) f e *dx

-a/2

where the phase shift

211
U = x.sine

u = wavelength
e= diffraction angle
a = slit width

Hence 1+/ ~ i .

= u -1 " a/2 a.iU

2

* And the intensity is

I(u) -

For a slit with a definite length b, we use the two-dimensional Fourier
transformation:

M CO

((u, v) f 1 f f(x,y) e e-'~vy dx.dy

For more than one slit in the plane the amplitude will be

f(x,y) I f recf ____I

j=1 a 0 for other cases

FWith this the diffraction pattern of the plane with many rectangular slits of
dimensions a x b corresponds to

Ka.u b.v N-
j(u,v) _____jef.a.b.sin 2 sin 2, *e .el i

a.u b.v j=1

2 2



And for whole intensity

I(Zi,v) = iW (-U, v)I 2 -

f~aab. slnJ

22

ra.u b. 2

2 2
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F.C.Frank

H.H.Wills Physics Laboratory

Tyndall Avenue, Bristol BS8 ITL, England.

Abstract

The orientational statistics of uniaxial objects (e.g.

chopped fibres, discs, or crystallographic poles) can be

fully displayed in a two-dimensional map: customarily in the

stereographic pro3ection. Essentially triaxial objects, on

40- the other hand (e.g. crystal lattices, or chopped ribbon)

require three parameters to specify their orientation, and .

therefore require a three-dimensional orientation map. It

can be presented on the printed page as a stereoscopic pair.

This poses the question: What are the best coordinates

for the three-dimensional orientation map? The answer is

that there are several, with various alternative merits, all

of them tounded on Euler's "Nova Methodus.." of 1776 (not the

Euler angles) which utilizes the theorem that any change of

orientation ot a rigid body can be represented as a single

rotation through an angle w (0<, <a ) about an axis repre-

sented by the unit vector

2 2 2
o= ( 1,f2 , 3): I +  2 +  3

On this basis, choosing a standard orientation to be repre-

sented by the point at the origin, any other orientation will

be represented as a point at:

* A Xo te

where f(w ) is same function of w , monotone increasing in
(0< <7) and preferably antisymmetric (t(- ) =-t()

"Choices with particular advantages are:

"- • ""--i



(I) t(w ) kw

(11) t(w ) snw

(III)t(W tan t 7n

(IV) t(w [ (w snw= /

Thsfunctions are sketched in figure 1.

(I) has the merit of crude simplicity: it suffices tar

purely topological arguments.

(II)is algebraically advantageous. Trhe Cartesian ccmponents

at A

I n IC)=( 1 t2~3 sin 2

together with

X Cs2

farm the real and iffaginary components at elements af the

unitary 2 x 2 complex Cayley-Kiein matrix which affords the

most efficient way of calculating a combination at rotations

In , ), though never actually used by Euler are called

the Euler parameters by V~hittaker (1904).

(III)yields correspondingly the parameters of Rodrigues

(1840):

(R11R2 ,R) I ~/ n /X 'c /X A

((J (W 'W2, tanw

whlich give the gexnetrically most advantageous map: because

the trajectory of the map-point tar a continuingj rotationJ4
about one axis following a rotation abuRnthr3i is

a straijht line: and the arientationally equidistant surtace

between two given orientations is a plane. Rotations Re

followed by are combined by Rxiriges' vectorial formula

(given originally, of course, in a different notation).



-A +  (-R ....."A
-RA. _RB

The demerit of this map compared with the other three is

that the complete orientation map space extends to infinity.

(IV) yields the statistically advantageous map, in which a

perfectly random orientation population would produce a
perfectly uniform density of map-points.

Stereoscopic presentation

Having determined coordinates in the orientation-map,

X1 y] ,Z (e.g. Cartesian components of the Rodrigues vector)

for each ot the members of a population, a stereoscopic

presentation is obtained by plotting, for the left picture

Y +X /10, Zi and for the right picture

Y i-x /10, Z1. Other combinations give other steoreoscopic

views.

Symmetries

If the objects under consideration have discrete rota-

tional syrnetries (e.g. when they are crystal lattices) one

orientation will be represented by more than one point in the

orientation map: e.g. 24 points, for cubic symmetry, or 4

for orthorhombic symmetry (chopped ribbon). The advantageous

-- convention then is to choose from these alternatives the

point with least , so utilizing only a fraction of the

• whole space of the orientation map, in a cell around the

origin. in the Rflrigues map this cell is a polyhedron with

* plane faces. Fbr orthorhonbic symmetry it is a cube: tor

cubic symmetry it is a semi-regular (Schl~fli 823) truncated

cube.

For certain problems, e.g. considering the relative

orientations of the cubic lattices of neighbouring pairs of

* grains in a polycrystalline metal we can make a further

reduction ot the utilized space in the orientation map;



t 1r-St c ha nq N the spjns ot coordinates to make all

jX)sltivu, .-nd the~n permuting them so that

x > Z > 0.

The utilized space is thus reduced to a pentahedron (a

singly truncated tetrahedron) which is 1/48 of the truncated

cube.

tonw

'4113

F'igure 1. T1he tour choices tor the radi L -7 I nto
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Text

In the context of this workshop my contribution is

largely Zukunttsmusik, because in the context of plastics,

with or without reinforcement, I do not yet know of a case

where full three-dimensional information about the orien-

tational statistics of its anisotropic components is avai-

lable. When the reinforcing components are needles,e.g.

chopped fibres, or discs, two parameters suffice to define

their orientation, and a two-dimensional map (customarily in

stereographic projection) sufices to display the orient-

ational distribution. For objects, all similar, but lacking

uniaxial symmetry (e.g. chopped ribbons as reinforcing ele-

ments, or crystal lattices) this map cannot display the full

* information.

The problem is familiar in metallurgy, in which the

properties depend on the lattice orientations in the grains,

but the metallurgists must usually content themselves with

the less complete information given by pole-figures, which

. are two-dimensional stereographic maps showing the statistics

of orientation of particular crystallographic planes.

I was first presented with the problem nearly 30 years

ago by Cecil Dunn, who was professionally engaged in de-

"* termining pole-figures, but, realizing the incompleteness of

this intormation had gone to the trouble of using a finely

collimated X-ray beam to obtain the complete crystallographic

orientation of 200 grains, one at a time, in a specimen of

steel. He raised the question, what was the best way to

display the result? He was aware that he would need a three-

-dimensional map, and proposed to use the Euler angles de-

tining rotation trom one standard orientation as mapping

coordinates. I told him he should not use these, and showed

him how to define a more symmetrical set ot three coor-

dinates. The matter has remained dormant because the expe-

rimental side of the problem was too time-consuming: the

back-reflection Laue technique required an exposure ot about
Ian hour per grain, and Dunn's 200 was not enough tor real
2
statistical significance. Today, using Kikuchi patterns

produced in the eLectron-microscope, with an on-line micro-

computer, more than one grain-orientation can be determined



per m i nuto ( nd the t ime. is daat) I ot be i nj shortened) , so

the proulem becomes a practical one, at least in the domain

ot metallurgy. The same technique should be applicable

whenever crystals are used as reinforcing components in an

amorphous matrix, and other rapid techniques should be devi-

sable for other cases where the orientation of components can - -

be of importance for the macroscopic behaviour of a material.

What I did not know when Dunn consulted me was that had

he been able to consult Euler he would have received just the

same advice: don't use the Euler angles. In 1776 Euler

published two successive papers in Novi Commentarii Petro-

polis. In the first of these "Formulae generales...", trea-

ting generally the mathematics of displacement of rigid

bodies in three dimensions, rotations are parameterized by

use of the Euler angles. It will be appreciated that given a

mathematical way ot specifying rotations we obtain imme-

diately a way of specifying orientations by adding a con-

ventional choice of one standard orientation: any other

orientation is then specified by its rotation from the stan-

dard orientation. In the second of these papers of 1776,

"Nova methodus..." Euler introduces another and more sym-

metric way of parameterizing rotations by use of his theorem

that the rotation from any one orientation to another can be

specified by an axis of rotation, and an angle of rotation w

about that axis, uniquely apart from multiples of 27T in w.

Accordingly, he recounends as parameters to define a rotation

the three direction cosines (only two of which are inde-

pendent) ot the rotation axis, together with the angle w.

Neither Euler, nor any )f the early writers on the subject,

speak of mapping, but in the ;prit of Euler's "New Method"

we may tak,_e as i map)is, v(,,e-t.or tor rotations (or orien- .

tat ions, i t we re( prc-; *ni t the standard oriontat i,)n t)y the

po i nt at the or ij in) the product ot the un it vector z cor-

respond nj to the rota t io)n axis (whose components are-, the

atoresaid direction co:i,,s) , with t(w) which is some t uric-

t ion ot u, monotore- increa inq up to I ,T, iril (s i rat) I y an

odd tunction . ALI map:; in which the representat ve point is

removed from the oriq in t)y thi vector:

S 0 ( )0
A t. . 1w) )



i.e. in a direction corresponding to the rotation axis by a

distance signifying the rotation angle, may be justly called

Eulerian orientation maps.

The whole subject of the mathematics of rotation is much

bedevilled by arbitrary conventions of sign. For this, and

other related reasons, there are hardly two text-books which

agree on the standard form for the Euler angles, use of which

we are here avoiding. Even those authors who carefully em-

phasize anticlockwise omit to say whether this is seen from

the origin, or from an external viewpoint. When returning to

the subject after an interval I habitually write at the top

of the page my mnemonic ALI-CLO. A positive rotation is

anticlockwise as seen looking in to the origin, clockwise as

* seen looking out from the origin.

Just as in mapping the Earth on to a plane no one pro-

jection combines all possible advantages, so in orientation

mapping there are several different advantageous choices for

the radial scaling function f(w) . Four which can be
recommended are:

(i) f(w) = kw (2)

(with k -1 for agreement with the others near the origin)

(ii) f(w) = sin w (3)
2

(iii) t(w) - tan -1 (4)

(iv) f(w) = [3 (w-sinw)I1/3 (5)

S(i) has the merit of crude simplicity. It is the mapping I

recommended to Dunn. With k = Iall orientations2' possible
are mapped within the sphere of radius n/2.

0 (ii) maps all possible orientations within the sphere ot

radius unity. Diametrically opposite points (rotations ot +w

and -v) must be deemed equivalent to each other. This scheme

has geometrical advantages over ( i) but its chiet advantage

is algebraic because the Cartesian components ot A:

.-.



to,~ to, X" s in (6)

together with

X = COS (7)
2

form the real and imaginary components of elements of the

Cayley-Klein matrix, to be considered further below. The

parameters ,n,ix appear in German literature as A,B,C,D.

The proper name for these parameters is a matter of some

dispute. Whittaker (1904) calls them the Eulerian para-

meters, giving reference to Euler's two papers of 1776 in

which, however, they do not appear. They are called the

Eulerian symmetric parameters in the publisher's note which

appears as an introduction to Klein and Sommerfeld's "Theorie

des Kreisels" (1897): but in a footnote (p60 of that book)

this name is given to the Rodrigues parameters X,li,v (which

does Rodrigues less than justice). In the main text ot that

book they are called the quaternion magnitudes (Quater-

niongrbssen) . That name, or perhaps preferably quaternion

parameters, is correct. But one need not infer from this a

need to learn quaternion theory: a knowledge of the rules of

matrix multiplication will suffice.

(iii) yields the parameters of Rodrigues (1840), components

of what we shall call the Rodrigues vector:*|

A ( 2 ,  A3 ) = () X IV)

= (&/X, r/x, C/x = (A/D,B/D,C/D)
o (t o £o ta- 8to z 0, z ' {) tan 1wH • I
1' 2 3 2

(These parameters X, P, v , di fer by a ticto)r 2, advantajce )uS. Iy

omitted, trom those ot Rodrigues)

Apart tron the emer it that tor al I possibht orien-

tat ions it extends to nt ifity, a demerit which d isappear'

when the objects cors idered poss.., r)ti t i (na I symrnm, t r ICS

this ,ives the jeomern,.it tcIily m()st adv r) t a ,)W5 ot )r intat Ion

T mps. I'he ta t thait t tit L itr 'dtr i to , wre' mt c nc t-ned



with a ijetra than witn jeometry, and did not think in terms

ot mapping, has caused excessive disregard for Rodrigues'

admirable paper. It was the tirst full development after 4

Euler ot his "new method", and the first to make systematic

use ot tunctions of the halt angle. As a sample I give his

construction (which would surely have pleasued Euclid) to

find the resultant rotation axis for two successive rota-

tions, represented by Rodrigues vectors P and Q. Inciden-

tally it will show how the half-angles naturally enter the

problem. Let OP, OQ, be lines from the origin corresponding

to the axes of the two successive rotations. Cast a plane

OPR through OP making an angle - with the plane OPQ, and
2 P I

another plane OQR through OQ making an angle + Q with the

plane OPQ: they intersect in OR. The first rotation carries
* OR to OR' , its mirror image in OPQ. The second rotation 4

carries OR' back to OR. OR is therefore the line in the

rigid body which is in the same position after the two ro-

tations as it was before: it is therefore the axis of the

resultant rotation.

I omit Rodrigues derivation of the magnitude of the

resultant rotation. Throughout his paper one perceives

formulae which would have been simplified by use ot vector

* notation, which, however had not yet been invented. This is

most striking in his expression for the resultant Rodrigues

vector R, from successive rotations expressed by their

Rodrigues vectors P and Q, which, so written, becomes

R = P + Q - P x Q

I- .0 (-)

a valuable tormula, much less widely known than it ought to

)f. t makes; plainly visible the non-commutative nature of

rotlt ions, ind thj ,act that this is a second order property,

disappearinj for intinitesimal rotations.

One important jometrical property o)f the Rodribjues map

fo lows immediately tfrom this formula, namely that t()r

cant inuinj rotat ion v ( now, of varyinj magnitude about a

. - fixed axis) 101 lowinj on an arbitrary fixed r( tat ion P the

trajectory o)t the representative point R is a straiqht Iine.
* iThis i.s self-ev, Went whei, 0 an(1 P are o)rthojonal , i.e. whetn P>



IIk it r iywher. i n t h l' . t i ), 5 th )riin orthogonal to

Q: nut since t he set. 4 trijectorins trom all such points P

tor a l iven direct ion OL Q riaCh all points in the inifinite.-

map space the same must Wt? true tor any direction ot P.

A second most va Luatrle jeoretric property ot the Rodri-

gues map is tnat the Lnrientationally equidistant surface

between two orientation points P and Q, that- is, the locus of

pointsjR representing orientations from which equal mag-

* nitudes of rotation, VIare required to reach orientations

P and Q, is a plane. This is most easily proved alge-

braically oy way of the parameters of system (ii) and use at - 4

Cayley-Klein matrices. i

The best intzoduction to Cayley-Klein matrices is pro-

bably that given in the first chapter at Klein and Som-

merfeld's book "Theorie des Kreisels" (" mTheory of the Top") -

(1897). This begins from a consideration of stereographic

projection. it (x,y,z) is an arbitrary point on the sphere . .

x 2 +y 2+z 2 =i, its stereographic projection, from the centre

of projection (0,0,1) on to the plane z=0 is (u,v,0) where:

x y
U z IV (10)

Form the complex number

W U + iv. (11)

10
*Then it can be shown that it the sphere is given an arbitrary

rotation, bringing (x,y,z) to (x',y',z') then.

q + w' = W -+ 6(12)

which should prOhab~y We Calt" the Riemarin-Kicin t rAwtional.

L i near transformat ion) a nd t hc -:omfpl ex pa ramreer ~ ,- r- yX , I

U ~~whic h dot ine the rotation are related to the real parametets'

nl I c I dft i tie.d a bo-ve Oy

0Y n~l~ 6 13)



Now perform a second arbitrary rotation:

UIW' +8'

W ' w"ig
WI Iw WI'

y'W' +6'"

= e"Wq +8"

(14)
Y"W +6"

0!

By substitution one finds that

Thus the combination of rotations is represented by

multiplication of matrices. These 2x2 complex matrices, each

of which represents a rotation, are Cayley-Klein matrices.

Among other properties they have determinant 1 (because E 2 +

n 2 + 2 + X = 1) and the inverse matrix, representing the

opposite rotation, corresponding to changing the sign of

either to or w, is obtained by transposing the matrix and

" taking its complex conjugate.

Given the Cayley-Klein matrix defining a rotation, Eq

(12) affords a prescription for the way the rotation operates

on any vector in the rigid body. From this we can readily

derive the customary real 3x3 matrix for transformation of

vectors by rotation, in which the elements are made of

squares and products of the parameters ,q, ,X.

Just as combination ot rotations in the plane can bt.

expressed either by multiplication ot complex numbers, or by

multiplication ot 2 x 2 real matrices, so in three dimensions

rotations can be combined either by multiplying 3 x 3 real

matrices or 2 x 2 complex matrices: and the latter is more

economical ot effort, requiring in a numerical example less

than halt as much arithmetic.
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.he Cayley-Klein matrix can be expanded as a sum ot tour

s impler matrices:

i ( -)( )+i )+) (17) 
<<.-i + o o(-io7)..

One of the first three terms plus the last makes the Cayley-

-Klein matrix tor rotation about the x,y,or z axis. The

tirst three ot these simple matrices (the last being just the

unit matrix) are called the Pauli matrices. They are regu-

larly used for calculating rotations in quantum mechanics.

They are accordingly often called the spin matrices, a name

which regrettably conceals the fact that they afford the most

economical means of calculating rotations of any objects in

three dimensions.

When the objects to be mapped possess rotational sym-

metries there are several indistinguishable orientations, to

be represented by different points in the orientation map.

For example for chopped ribbons, or for ellipsoids, or crys-

tals with orthorhombic symmetry ( i.e. objects with 3 2-fold

axes of symmetry) there are four indistinguishable orien- 7-

tations: if one is represented by the point at the origin,

the other three are at points on the x,y,and z axes at dis-

tances corresponding to rotations of w = +Tr: each of these

pairs is to be counted as one. In the case ot cubic symmetry -.-- 4
the 4-fold, 3-fold and 2-told axes generate 24 equivalent

points. it is needless to plot all equivalent ponits in the

map, and it is an advantageous convention to choose that one -

which is nearest the origin, i e. which has the smallest

value of w. u der this convention all points plotted will

tall within a domain around the origin bounded by portions ot

surface each ot which is orientationally equidistant from tile

standard orientation and one of its equivalents.

We may calculate the orientationally equidistant surtace

between any two orientation points P and 0 by use of Cayley-

-Klein matrices. Denoting by KAB the Cayley-Klein matrix for

rotation trom A to B, by requiring equal va[lues ot x in



K K K-

PR K-OR K.O(1P)

and KQR KOR KOQ  (19)

we obtain an equation in Cnn defining the locus ot R on

this orientationally equidistant surface. It is found to be

a complete hemispheroid spanning a diametral plane of the

bounding sphere. On transforming to Rodrigues coordinates it

becomes an infinite plane. Thus all orientationally equi-
distant surfaces between pairs of points in the Rodrigues map

are planes. This makes it the geometrically most advan-

tageous map, and the presence of rotational symmetries avoids

its one serious disadvantage, namely its infinite extent.

In the case of orthorhombic symmetry the basic domain is

a cube with faces normal to the x,y, and z axes, at a dis-1
tance tan - = 1 from the origin. The corners of this cube,

at a distance V3 from the origin, represent rotations about

_[1,1,1] of 2 arctan V3 = 1200, the greatest possible

disorientation between two orthorhombic objects, orien-

- •tationally equidistant from all four equivalents of the

standard orientation. In the case of cubic symmetry the

*I basic domain has bounding surfaces normal to x,y and z at a

distance tan = /2-1 from the origin , and normal to

[1,1,1] axes at tan 1 = 1/3, forming a Schl~fli 823 semi-
6

-regular truncated cube, the faces of which are regular

*octagons and equilaterial triangles, so that all edges are

equal. The vertices are at (V2-1, /2-1,3-2/2) and sym-

metrically equivalent points (24 in all) at a distance of

(23-16/2) from the origin , corresponding to rotations ot
1/2 o

2 arctan (23-t6/2) = 62.7994.. about <I,I,/2-1> axes:

the greatest possible disorientation between two cubes.

In some metallurgical uses ot the stereographic pro-
jection it is appropriate to use less than the whole or the

projection, using symmetry properties to plot all poles

" -* within one fundamental triangle between (100),(110) and (111)

poles in the case ot a cubic crystal. A similar reduction

can be appropriate in orientation mapping, particularly when

we are only interested in the relative orientations of

neighbouring pairs or objects ot orthorhombic cubic symmetry.



This reduction is etfected by changing the signs ot all

negative coordinates in the orientation space to positive,

and permuting them into an order of descending magnitude:

x y) z 0 o

This places all plots within a sector which is only 1/48 A

of the basic domain, itself 1/4 for objects of orthorhombic

symmetry or 1/24 for objects ot cubic symmetry, of the whole

orientation space. In a metal we might be looking for spe-

cial crystallographic relationships between the orientations

of neighbouring grains. The ordinary twins of a cubic metal

would appear as points at one vertex of this fully reduced

zone - the centre of a triangular face of the truncated cube.

The principal Kronberg-Wilson relationships would appear as

particular points along [111] , [100] or [1101 axes.

To display population statistics on a map of the Earth,

one preterably uses an equal area projection, so that a

random distribution of population gives a statistically

uniform distribution of points. The radial scaling function

of mapping scheme (iv) provides the corresponding equal
volume orientation map. When the map is transformed by an

arbitrary change of the standard orientation, any volume

element migrates with change of shape but not change of

volume. It will, however, be a long time before in any

practical case we acquire orientation statistics deserving

the use of this refinement.

It finally remains to make the three-dimensional map

visible. This can only be done on the printed page by use ot

stereoscopic pairs. A stereoscopic pair for a view looking

in along the x-axis is obtained by plotting z against y +

J.lx tor the lett and z against y -. lx for the right member

ot the pair.

z versus .636x + 778y tor the Lett, and z versus .778x +

.636y tor th,' right gives a sturuoscopic pair tor the view

looking in along [1101 . A stereoscopic pair for the view

looking in along [1111 is obtained by plotting 0.4083

(-x-y+2z) against 0.8660(-x+y) + 0.0577 (x+y+z) , the plus and

minus sijnfs 5i ing t iKen tor the lett and right pictures

respectively.



- Discussion of Session V

In the absence of any known orientational statistics for triaxial objects in
polymers, it was necessary to draw on data from metals in order to demonstrate

a practical application of F C Frank's three-dimensional orientation maps.

The orientations of the individual grains in a polycrystalline metal are J

rarely, if ever, randomly distributed and, to display and investigate the

nature of distributions of grain orientations, R M Longden and J Weinbren

(1984) have used a scanning electron microscope to obtain electron back

scattering patterns from individual grains in metallographically polished

sections of both as-cast and annealed copper. In figures l(a) and (b), and

2(a) and (b) respectively, their data are presented as stereo pairs of the

R-map for each section. To observe these three-dimensional maps, the reader

should photocopy the figures, position each stereo pair in a stereo viewer and

adjust the relative position of the pair until the central markings -

coincide.

F C Frank speculated on the R-map for pure cube-textured copper. There will

be a Gaussian cluster of points at the origin. There will undoubtedly be some

• twinning, represented by small clusters on the triangular faces. (The

triangular faces represent rotations about <001> of 600, the octagonal faces
represent rotations about <001> of 45%, and the biggest rotation about <00D>,

represented by each of the 24 corners to the cell, is 62.950). As likely as

not, the specimen will have been scratched during preparation, in which case a

* few large grains might have nucleated. These will be represented by points on

the <100>, <110> and <11> spars spanning the origin to the octagonal faces,

cell edges and triangular faces respectively. %

.. ..S

S@



One convenient classification of polymers is into those which do and those .."

which do not crystallise. The degree of crystallisation can be as high as 90%

by volume and the creation of preferred crystal orientations, during the

mechanical deformation of polyethylene for example, is well known. When

sufficient polymer crystal preferred orientation data becomes available, that

data could be displayed with advantage by using one of F C Frank's three-

dimensional orientation maps.

Another obvious polymer application for the maps is in the display or

orientations of chopped reinforcement ribbon. The fabrication of components

from sheet moulding compounds and from dough moulding compounds imparts

substantial degrees of preferred orientation to the chopped strands. The

generation of F C Frank's three-dimensional maps lends itself to computer

methods so real-time display and control of chopped ribbon orientation is

certainly feasible.

References

R M Longden and J Weinbren (1984) "Textures in Metals" Stage III report,

H H Wills Physics Laboratory, University of Bristol
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THE PROPAGATION OF LIGHT THROUGH FIBRE REINFORCED COMPOSITES

J P Sargent and C Upstill

H H Wills Physics Laboratory,

University of Bristol, Tyndall Avenue,

Bristol, BS8 1TL, U.K.

Abstract I
In situ detection and measurement of sub-micron gaps between fibre and

matrix material in low fibre content epoxy and polyester resin composites
can be achieved by examination of the manner in which light is transmitted
in a direction transverse to the fibre axis. We consider the optics of a
matrix in which is embedded a fibre with an annular interfacial gap between

fibre and matrix, and present calculations and experimental observations
for both air and water filled gaps. Although carried out using model

*0 composites, the methods we have investigated can in principle be applied to

any low fibre volume fraction composite. The experimental work reported has
shown that the presence of absorbed water gives rise to a small (-0.3%)
permanent increase in refractive index of the matrix resin.

For gaps larger than a few wavelengths, we show how a simple
geometrical optics ray tracing procedure may be used to describe the
distribution of light. For small gaps, and for angles greater than the

critical angle, a more useful approach is in terms of evanescent waves,
which give rise to transmitted waves beyond the gap as a result of optical . .
tunnelling. We present calculations of the flux transmitted across
interfacial gaps for plane polarised light and compare these with

* experimental observations. Using the fact that a phase shift difference is
introduced between the TM and TE evanescent waves which have optically
tunnelled through a small interfacial gap, we show that such gaps may be
readily detected by observation of the bright contrast which they produce
when viewed between crossed polars. In addition, we demonstrate how
quantitative measurements of very small (- nm) gap widths can be made from

*Q - measurements of the phase difference between the TM and TE transmitted
waves. Finally, we discuss the use of the exact theory for the scattering
of electromagnetic radiation by coaxial dielectric cylinders.

Introduction

* A necessary prerequisite for a fibre reinforced composite to function _
in a structurally efficient manner is that load transfer from matrix to
fibre should take place. In resin compobites, it is known from measurements
of mechanical properties that realisation of load transfer is progressively
impaired during water uptake from humid in-service environments. Loss of
load transfer amounts to loss of interfacial adhesion and/or loss of the

0 mechanical contact that gives rise to interfacial friction. Physically,
this implies the creation of gaps at the interface. Photomicrographs of

'- glass-fibre composite specimens known to have sustained mechanical damage,
.-" • or to have been subjected to weathering, frequently show fibres which
*" exhibit a characteristic pattern of light and dark bands parallel to the

fibre axis when viewed in transmitted light. In addition, close inspection
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Figure 1. Transmission optical photomicrograph of a debonded glass fibre
in an epoxy matrix, showing regions in which the interfacial gap

contains both air (large dark areas) and water.

of individual fibres often reveals areas of interfacial contrast, which in
some cases are lighter and in other cases darker than elsewhere. For

example, Figure I is a transmission optical photomicrograph of an isolated
fibre in an epoxy/glass-fibre composite which has been immersed for 24
hours in distilled water at 950 C. In general, some of this contrast is
because of the development of a refractive index mismatch between the fibre
and matrix material and some because of the creation of an interfacial gap.

Development of a refractive index mismatch

If there is intimate contact between fibre and resin such that there
is no interfacial gap, and if there is no refractive index mismatch between
fibre and resin, then the fibre will be invisible when viewed in
transmitted light. In these circumstances the fibre will only be seen when
viewed between crossed polars; residual stress birefringence in either
material, caused by resin cure shrinkage and/or differential thermal
contraction between fibre and matrix materials during cooling from the
resin cure temperature to room temperature, shows up as regions of bright
contrast. Figure 2 shows such a pattern of stress birefringence for an

i -xurv 2. Transmission optical photomicrograph of a glass fibre in an
t..poxy matrix viewed between crossed polars, before exposurP to
wa t v r.

0 6
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epovx/glass-tibre compos i ,t photogrape0 under crossed polars with the

:nicroscope objective focussed jo Lh plane of the fibre axis. The specimen
was subsequently immersed in distilled water for 2.7 hours at 92 0 C and,

with the microscope modified so that the specimen could be illuminated with

parallel light from a laser, photomicrographs were taken with the objective

lens focussed in the plane of the fibre axis (Figure 3a) and at a distance

of 200p above the fibre axis (Figure 3b).

b1.

* I

Figure 3. Transmission optical photomicrograph of the specimen shown in

Figure 2 but viewed with laser light and after 2.7 hours
immersion in distilled water at 920 C. (a) objective focussed on g
the plane of the fibre axis, (b) objective focussed 200 p above

the fibre axis.

*Images similar to those recorded in Figure 3a and b can be generated
* simply by immersion of a glass fibre in immersion oils: in Figure 4a and b,
0we show images of a single S glass fibre covered with drops from two oils-

of differing refractivye index, and focussed (a) in the plane of the f ibre
axis and (b) at a distance of 200p above the tfibre axis. The refractive
index of the oil dif fers from that of the f ibre by +0.005 on the right hand
side of the figure and by -0.005 on the left, a refractive Index gradient
existing In the oil mixture between these two regions. In the middle of the
image the refractive index of the fibre and immersion oil exactly match

and no fibre can be seen. Comparing Figure 3 with Figure 4, it is evident
that in the epoxy/glass-fibre specimen shown in Figure 3 there has been a
s malI Iinc rease in refractive Index of the resin as a result of water

*I;'t *1kt, fin(I that this causvs the fibre to behave as a very weak diverging

* p



L'ure 4. Transmission o tical photomicrograph ot an isolated ,lass l tre

in immersion oil. On the left of tie Viac the, ret rct ive inIdex

mismatch re lat ive to the oil is -U.(b, r 1 .t it ho.

refractive index nismat'1 is +U-0. 5. (a) ', lt ivo W:im . ,

the platne -t tK tibrt, ixi,, (t) ') ,- r ive t kitss !',  2' .. ,

the fibre axis.
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Figure 5. Optical geometry for a composite specimen comprising a glass
fibre (refractive index nl) surrounded by a concentric annular
interfacial gap (n2 ) contained within a resin matrix (n3 ).

2-dimensional surfaces, which we observe in sections, e.g. as lines on a
photograph or in the focal plane of a microscope. If they occur, such
caustics dominate the microscope image.

Figure 6. In geometrical optics, a family of rays envelope a focal surface
or caustic (bold line). Note that the caustic is "one-sided".
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Figure 7a. Ray diagram for plane parallel light incident upon a glass fibre
embedded in resin with an air gap at the interface. Fibre
diameter is D - lOp, Interfacial gap d - D/2.

b. As (a) but showing wavefronts at 4 wavelength intervals, for a
free-space wavelength X - 546nm.

Figure 7 is a geometrical optics ray diagram for a 10 p diameter
glass-fibre embedded in resin and with an air filled gap at the interface;
Figure 7(b) shows the corresponding wavefront diagram. The caustics for
this geometry are shown schematically in Figure 8. In a real composite the
interfacial gap wiil, of course, be much smaller than that illustrated in
Figure 7. The consequence of reducing the gap size is to reduce the
thickness of the shadow as demonstrated in Figure 9(a) and (b). Figure 10
shows ray and wavefront diagrams computed for a composite in which a water - -

solution has replaced the air in the interfacial gap. Note that in Figures
7 to 10 no allowance has been made for multiple reflections from any
interface.

F "

Figure 8. Caustics of ray family for Figure 7. '"""
g D S
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Figure 9. As Figure 7 but with an interfacial gap d -X/2.

1~ 551

- * - "

Figure 10. As Figure 7 but with a water solution filled gap at the
*interface. Fibre diameter D 1 OV, interfacial gap d -D/2.

* -Evanescent wave optics of interfacial gaps

If the interfacial gap is small (less than -Xinternal reflection is
not total beyond the critical angle and a transmitted wave appears beyond
the gap. Electric fields extend into the gap beyond the first interface;
these fields, which decrease exponentially with increasing distance, give
rime to evanescent waves propagating in a direction parallel to the
surface. If another interface is sufficiently close (specifically the
Interface between air gap and fibre in our case), fields are excited beyond

• * 5 : ": . .,. .



that interface, and the net result is that some light is transmitted. This
phenomenon is known as frustrated total internal reflection and is
described by e.g. Feynman (1965), Hecht and Zajac (1974) and Kline (1970).
Ignoring multiple reflections within the gap, Kline (1970) gives equations
for the energy transmission coefficient T following frustrated total
internal reflection of plane parallel waves incident upon a parallel sided
interfacial gap, between matrix and fibre of the same refractive index ni,
for either TE or TM mode polarisation:

TT= 2exp(-2d/A)[1 - cos(2aTm)J (la)

TTE - 2exp(-2d/A)[I - cos(2aTE)] (Ib)

where d - gap width, A - X/(2%(n1
2sin 201 - n32)1/2),

01- angle of incidence, aTM - 2tan- [(nl n2 )
2X/(2wAnlcosGi)1 and

aTE 2tan-l[X/(2wAnjcose)].
These equations are valid for dA; note that A is a function of ei, and
that for ni - 1.55 and n2 - 1, A - 0.13X when 1 - 900, and A - 0.58k when
ei - 420. Note also that the expression Kline gives for A is in error by a
factor of cos6i, which we have corrected here.

If the interfacial gap is very small, then waves will be multiply
reflected within the gap, with a contribution to the observed intensity
distribution at each reflection. For plane waves incident upon a parallel
sided gap, Kline' (1970) indicates how the single-wave theory (equation 1
above) may be extended to include these multiply reflected waves. The
energy transmission coefficients for either TM or TE mode propagation,
allowing for multiple reflections, can be shown to be:

TTM = (I - cos2aTM)/[cosh(2d/A) - cos2aTM] (2a)

TTE ( - cos2aTE)/[cosh(2d/A) - cos2aTE] (2b)

where the variables are as defined for equations la and lb.

Weinstein (1947) and Carniglia and Mandel (1971) have independently
derived expressions for the attenuation of the transmitted intensity as a
function of gap width. It can be shown that their results are equivalent to
our equations 2a and 2b above.

Figure 11 shows distributions of transmitted intensity along that
fibre radius perpendicular to the direction of incident parallel light. The
distributions were calculated using equations 2a and 2b, for interfacial
gaps of 0.5X, 0.1X and 0.O1k, and for comparison we also show
distributions calculated using equations la and lb (i.e. ignoring multiple
reflections) for gaps of 0.5k and 0.1X. In all these calculations, at each
point at which the contribution to the transmitted intensity was evaluated,
the gap between matrix and fibre has been approximated by a parallel-sided :.- -

interface tangential to the true interface (the angle of incidence is
different at each point).

Figures 12a and b show photomicrographs for an epoxy/glass-fibre
specimen with an interfacial gap whose width increases along the length of
the fibre. The fibre was viewed and oriented such that only (a) TM or (b)
TE mode propagation was supported: the differences in attenuation between
the two modes with increasing gap size are clearly seen.

* o.
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Figure 11. Distributions of transmitted intensity along that fibre radius
perpendicular to the direction of incident parallel light.

_ Polarisation effects associated with interfacial &a s

.* When the fibre is viewed between crossed polars with the fibre axis
Inclined at an angle of 450 to the direction of the crossed polars, those
regions which showed dark contrast (Figures 12a and b) now show up bright
against a dark background: this effect is shown in Figure 12c. Because the
fibre is inclined at an angle of 450, both TE and TM propagation modes will
be excited at the interfacial gap with equal intensity. Hence the observed

.. transmitted light will be comprised of a superposition of the two modes,
each of which will have suffered a phase change on traversing the
interfacial gap, rendering the light no longer linearly polarised, but in
general elliptically polarised. Equations giving the phase shifts Om and
'TE as a function of gap width d and angle of incidence Gi  (above the
critical angle) have been derived by Carniglia and Mandel (1971):
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aligned 45
to X po.ars
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Figure 12. Photomicrographs of a debonded fibre showing: (a) its appearance
when viewed with the optic axis of the polariser parallel to the
fibre axis (TM mode), (b) its appearance when viewed with the
optic axis of the polariser perpendicular to the fibre axis (TE
mode), and (c its appearance when viewed between crossed polars
and oriented at 450 to their axes.

*tanOT.p IC(co )e n1
2(n1

2sin2 9, - 1))/2nlcosei(nl2sin2e)i - 1)1/21

x anh[Kd(nl2sin 2ei - 1)1/21

tan$ITE [(nl2cos2Oi + 1)/2njcosei(nj2sin2Oi 1)1/21

0x tanh[Kd(nj2sin 2ej - 1)1/2j (3)

for an air gap between matrix and fibre of refractive index n1 , with light
of frequency K -= h

Figure 13 shows the phase difference CIZM - ftE) plotted as a function
of angle of incidence for gap sizes (in wavelengths) in the range from (a)
o to 1 and (b) 0 to 0.1. Notice from Figure 13 that the phase difference

* rapidly approaches a limiting value for gaps greater than about 0.2, or is
double valued. Thus, for any measurement of retardation, a considered
choice of angle of incidence should be made. It should also be borne in--..'.

*~ ,",



mind that as the gap width Increases, the attenuation increases at
different rates for TE and TM waves. For this reason, introduction of equal
and opposite retardation will not necessarily result in complete extinction
of the transmitted light. Instead, a minimum of transmitted intensity may[:,. occurr . . ,
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For a given fibre orientation with respect to the axes of the
polariser and analyser, the phase change introduced by the debonded region
is in an opposite sense to that introduced at fully bonded interfaces. This
can be demonstrated in a fibre containing a small amount of stress
birefringence by introducing a gradually increasing known retardation into
the optical path; in the bonded region the brightness and width of the area
of transmitted light gradually increases (i.e. that due to stress
birefringence alone), whilst at the same time the brightness and width of
the region of light transmitted in the debonded region (i.e. that due
primarily to the phase difference existing between the TE and TM waves)
decreases.

Adjacent to the bright region in Figure 12c there exists a dark band.
This is a contour of zero phase difference, corresponding to those
locations where the phase difference introduced by the stress birefringence
is equal and opposite to that introduced by the interfacial gap. This
condition is only valid as long as the principal stress axes lie in the
same directions as the TE and TM mode directions, which is frequently the
case, since the principal stress directions arising from stress
birefringence are usually axial, radial and circumferential with respect to
the fibre. Recall that stress birefringence arises as a result of
differential shrinkage during resin curing and during cooling from the
resin cure temperature. For fibres which are oriented with their axes
perpendicular to the direction of light propagation, the hoop stress can be
neglected. It is important to be aware that the observed retardation is a
result of phase changes introduced in the complete optical path. Phase
changes can arise from additional affects including refraction from the
optical components and transmission through stress birefringent regions
within the resin. However these are usually small effects.
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Figure 14. Interfacial gap width as a function of distance from the

interface crack tip for the fibre shown in Figure 12.
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The fibre in Figure 12 showed a very small amount of stress
birefringence and exhibited a retardation gradient across its diameter,
i.e. a retardation proportional to the thickness of fibre traversed by the
light. This can be seen in the region of bonding, by observation of the the
dark edges and light central region. Selection of a point at an angle of
incidence of approximately 600 yielded a stress birefringence measurement
of approximately 2 nm. Measurement in an adjacent region, on the dark
contour line where the phase difference introduced by the gap is equal and
opposite to that introduced by the stress birefringence, in conjunction
with measurements from the surface shown in Figure 13, gives a gap width
estimate of 3 nm.

Thus the phase shift may be used either indirectly, by noting the
positions of the zero phase change dark contour and by making measurements
of the stress birefringence in adjacent regions, or by making direct

* measurements of the retardation introduced by the interfacial gap and
* - taking due account of the background phase shift. Direct measurements of

phase difference have been performed upon the fibre shown in Figure 12 for
an angle of incidence of 600. The interfacial gap size estimated by
measuring phase differences is plotted in Figure 14 as a function of
distance from the interface crack tip. Figure 15 shows a sequence of
photomicrographs for an epoxy/glass-fibre specimen oriented with the fibre
axis at an angle of 450 to crossed polars, in which an oil immersion
objective (xlOO) was focused at gradually decreasing distances from the
fibre axis. FigUre 15 (a) is a schematic diagram showing the debonded
region. An important feature of the images in Figure 15 is the generation
of interference effects (indicated by an arrow) adjacent to the debonded
region. Similar effects were observed with an epoxy/carbon-fibre specimen
(Figure 16).

So far, we have assumed that the interfacial gap between matrix and
fibre can be treated as a series of parallel-sided interfaces upon which
parallel light is incident from one direction. In reality, there will be
contributions from evanescent waves which have propagated around the
interface from regions remote from the point of interest. Such
contributions will in general be from regions having a different angl'1. of
incidence and therefore different apparant gap width. Neither geometrical
optics ray tracing nor the evanescent wave treatment above can explain
intensity distributions such as those shown in Figures 15 and 16 and we
need to invoke exact theories for scattering by coaxial dielectric

L. cylinders.

Scattering Theory

The theory of scattering of electromagnetic waves normally incident
upon an infinitely long circular cylinder of arbitrary radius and arbitrary
(uniform) refractive index was developed by Rayleigh as long ago as 1881.

* * This predates by some years the better-known solution of the case of
scattering by spheres, now usually known as Mie theory (Mie, 1908),
although there are earlier independent solutions in the literature.
Similarly, the solution to the cylinder problem has been rederived and
discussed many times (for references, see van de Hulst (1957) and Kerker,
(1969)). Mireles (1966) has shown that for each cylinder radius, there is a
unique angular scattering pattern corresponding to each refractive index.
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*Figure 15. Interference effects (indicated by an arrow) for a debonded
* glass fibre in an epoxy matrix.
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Figure 16. Interference effects (indicated by an arrow) for a debonded
carbon fibre in an epoxy matrix.

Our main interest is in the extension of Rayleigh's theory to
scattering by coaxial infinite circular cylinders at normal incidence,
which has been derived independently by Thilo (1920), Adey (1955) and
Kerker and Matijevic (1961). (Note that Farone and Querfeld (1966) further
extended the theory to oblique incidence, but Sammadar (1970) has shown
that there is no simple rigorous solution for oblique incidence, and that
Farone and Querfeld's result is in error). We believe that this theory may

* usefully be applied to the problem of scattering by a fibre debonded from
the matrix of a fibre-reinforced composite, i.e. surrounded by a coaxial

* region (interfacial gap) of different refractive index. Comparison with
* experiment should enable us to detect the formation of such gaps and

monitor their widths.
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Using the coordinate system shown in Figure 17, the radii of the inner
and outer cylinders are given by a and b respectively; the coordinates r
and e are defined by x - rcose, y - rsine; the incident beam travels in the
x-direction and e is the angle between incident and scattered beams. For an
incident plane wave of unit amplitude and L'requency K - 2%/X, with its
electric vector parallel to the cylinder axis (TM mode), the fields at a
point (r,E)) are as follows.

In the fibrc, region 1C(r < a),

El EI5C imDmJm(nlkr)exp~ime) (4a)

In the interfacial gap, region 2 (b > r > a),

E2 E2 c im[BmH.m(2)(n 2kr) + Cm~m(1)(n 2kr)]exp(imO) (4b)

M-CO
and in the matrix, region 3 (r)> b),

E3 E3 in + E3Bc

where E3 in - imJm(n3Kr)exp(imO)

M-,C
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In these equations, superscripts in and sc represent incident andscattered fields; Jm is a Bessel function of the first kind and Hm(1M Jm 2 ' '

+ lYm, Hm(2) - Jm - iYm are Hankel functions, Ym being the Neumann

function. The unknown (complex) scattering amplitudes Am, Bm, Cm and Dm are

found in terms of Bessel and Hankel functions, from the boundary conditions
of continuity of the electric and magnetic fields at the various
interfaces: this involves considerable algebra (see e.g. Kerker and
Hatijevic, (1960)). For the case when the magnetic vector is parallel to
the cylinder axis (TE mode), the field equations are as above, but in the
determination of the scattering amplitudes the electric field E is replaced
by the magnetic field H, H by -E, and permeability p by permittivity E
(which in practice means that matrix elements which were multiplied by
refractive index no longer depend on refractive index, and vice-versa).
From equations 4 (above), in principle we can calculate the intensity at
any point. However, the magnitude of computation required is considerable,
and a variety of approximations merit consideration.

Datta and Som (1975) give details of numerical methods for calculating
the intensity at points within the inner cylinder; this scheme is
applicable to our case, but the results they present are for cylinder
diameters comparable with the wavelength of the incident radiation.

The far-field intensity reduces to

I(e) IAo + 2 Acosmel2  (5)
M-1

*but this is still far from simple to compute, as we require the
coefficients Am . Both algebra and computation are simplified if the
innermost cylinder is a conductor (Adey (1956)), but that is not
appropriate to most fibre reinforced composites.

A more useful simplification is the 'thin sleeve' approximation, which
is applicable if the interfacial gap is small compared with the fibre
radius, i.e. b-a << a. Adey (1956) indicates how the expressions for the
scattering amplitudes Am, Bm, Cm  and Dm may be simplified in this
approximation, whilst Senior and Weil (1977) derive expressions for the
fields outside hollow cylinders of infinitesimal thickness; they present
calculations for infra-red scattering by thin-walled ice crystals with

diameters comparable to the wavelength, but claim that the numerical
procedures are economical for diameters up to a few wavelengths.

Far-field intensities have been computed by several workers for
0 scattering by clad and graded-index optical fibres, ( see e.g. Farone and

." Querfeld (1966), Marcuse and Presby (1975), Watkins (1974), and references
therein), and comparisons with experiment have led to determinations of
fibre diameter and cladding thickness to within 1% - better than
obtainable by any other means, such as electon microscopy. Unfortunately,
none of these calculations have involved combinations of wavelength,

- cylinder radii and refractive index appropriate to fibres in reinforced
-. '- composites.

Marcuse and Presby (1975) have commented on some of the problems of
U numerical evaluation, and on the volume of computation required to find

curves of scattered intensity which fit particular experimental

i



observations: the curves are extremely sensitive to changes of cylinder
radius and refractive index. Thus it appears that full calculations of
scattered intensity are likely to be impracticable as a general measuring
tool, but could prove valuable to monitor variations of parameters for a
given specimen.

In a study of unclad fibres of uniform refractive index, van der
Meulen and Strackee (1979) found that, for scattering of visible light by
fibres with diameters in the range I to 10 p, the number of minima
(fringes) of forward scattered intensity in the angular range 0 to 900 was
proportional to a size parameter 2%a/X (where a - fibre radius) and
insensitive to refractive index. From calculated curves of upper and lower
limits on the number of minima, as a function of size parameter, they were -

able to estimate fibre diameters to within 10%, from experimental
measurements at only one wavelength. We conjecture that an analogous scheme
for studying scattering by coaxial cylinders would be well worth
investigating, with a view to applying it to the measurement of interfacial
gaps around fibres in fibre reinforced composites.
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MICROWAVE PROPAGATION IN CARBON FIBRE REINFORCED COMPOSITE MATERIAL j
A.D. Carr
Marconi Research Centre, Great Baddow, Chelmsford, Essex

ABSTRACT

The detection of water, absorbed by carbon fibre composite material,
is attempted by two methods using microwave radiation. The attenuation
of 50% fibre volume sheet material has been measured as 60 dB cm-
at 9.6 GHz. Accelerated moisture absorption by immersion in boiling
water over a 25 hour period, produced a detectable change in attenuation;
of the order of 0.4 dB for 2 mm thick samples. Measurement of the
permittivity of the composite sheet proved to be impossible owing to
its high effective conductivity. An estimate of the order of 10 (0m)-'
has been made for the conductivity of the dry material.

INTRODUCTION

The application of non-destructive evaluation methods to the detection
of flaws, for example cracks, delaminations, voids or water presence
in composite materials is certainly more complex when compared to

* .traditional materials such as metals. The relatively wide variation
encountered in the properties of nominally identical composite samples,
produces comparable variations in the data obtained from applied N.D.E.
methods and makes evaluation of test results difficult. Examples of
techniques which have been applied with some success include ultrasonic
scanning and x-radiography. The use of microwave radiation to probe

the microstructure of structural materials has apparently not received
a great deal of attention. Clearly its use would be limited to non-
metals. However even in this restricted field the author has found
only one report of an application in the N.D.E. context. This involved
the detection of voids and cracks in ceramic material by measurement

of the radiation scattered by defects.

Microwave radiation is employed industrially to monitor water levels
in a wide range of products; for example paper, soap, cement and
foodstuffs. The physical phenomena generally exploited in all these
applications is that water strongly absorbs radiation in the centimetre
wavelength region of the spectrum. Variations in the power transmitted
through the product can be measured and used to effect on line changes
in the manufacturing process. Moisture absorption during production
and in service lifetime is a problem also associated with composite

material components. Diffusion of water into the resin matrix may

have several effects, some of which are reversible and others which are
not. Swelling and plasticisation of the resin are examples of effects
which it may be possible to reverse by drying. Irreversible damage,

.. however, can be caused by the accumulation of water at fibre/resin
interfaces. It has been shown (Ashbee 1969) that dissolution in
absorbed water of soluble material found on the fibre surfaces,
specifically alkali metal oxides, leads to the formation of pressure
pockets in the resin by the process of osmosis. Stresses set up in the
resin as a result, lead to the irreversible breakage of bonds at the



fib!:,,res., r. interf, r h ,e o reduction in load transfer ability
between the two. The zrese:,ce of these cracks and the photoelastic
contrast produced by the stresses have both been observed experimentally.

A method of non-destru 'tively determining the degree of water absorption
in a composite material would therefore appear to be desirable,
particularly, for, example, in the aircraft industry where considerable

long-term exposure to moisture is encountered. The aim of this study
was to investigate the application of microwave techniques to the

problem of water detection in a unidirectional carbon fibre reinforced .

composite. .- .

EXPERIMENTAL AND DISCUSSION OF RESULTS

After consideration of Lhe methods used to measure moisture content

in the industrial materials mentioned earlier and also of the waveguide
equipment available it was decided to attempt the measurement of two

different quantities, namely attenuation and dielectric permittivity
of the carbon composite. The sheet material used throughout the experi-
mental work was manufactured from Fothergill and Harvey Code 69 epoxy

resin and Courtaulds "EXAS" fibre in a unidirectional, 2 mm thick lay up.

The fibre volume was nominally 50% with a 2.5% void content.

Measurement of the transmission ofmicrowaves through a sample was

carried out on the waveguide apparatus shown diagrammatically in

Fig. 1. A Gunn oscillator device acted as the radiation source and
provided an output power of 8 mW at 9.6 GHz. The device was protected

against interference from reflected power by a short isolator section.

The 4.3 cm square composite coupons were clamped between two open ended

waveguide horns with the fibre direction parallel to the polarisation.

detector 2.

toterminator p

tr powe f o t wo-way "Te tu tr ai

sample- "".

Figure I . Apparatus used for sample atteruatio! measuremer~t -.- -

The attenuation measurement. was carried out by firstly noting the ".[[.1 ]--

transmitted signal at detector 1 with the sample in place, and ther," '"'"

increasing the calibrated attenuator with the sample remcved, until the"..-'-.-

transmitted power fell to its previous value. The two termination .

conditions i.e. sample in place or absent, will both present large

and different impedance mismatches to the open ended waveguide and

so different power reflections will occur. This variation would

4e
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appear as part of the sample attenuation by its effect on the transmitted

signal. To overcome this problem and ensure that equal power levels
were reflected under the two different termination conditions, a two

arm tuning stub device was placed in line on the generator side of the
sample. By adjustment of shorting plates in the E and H plane arms,
matching of the load to the waveguide could be achieved. Detector 2,

mounted on a 10 dB coupler was used to measure the reflected power
during matching. Since the transmission of the composite was found,

as expected, to be sensitive to fibre orientation relative to the
polarisation direction, reference marks were made on all samples to

ensure repeatable positioning between successive measurements.

Accelerated moisture absorption into the composite material was achieved I
by immersing coupons in boiling water for periods of one or two hours.

During immersion the samples were freely suspended by a small plastic
clip thus ensuring that water uptake was not inhibited in any region.

At the end of each immersion period the sample surfaces were thoroughly
dried of excess water and allowed to cool to room temperature before

being clamped in position. Matching was then performed until the
reflected power at detector 2 fell to zero. With the sample removed
the line was rematched and the calibrated attenuator wound in until

the transmitted power fell to its previous value. The procedure was ..

repeated a minimum of five times to estimate the errors associated

with the measurement.

detector short

,, -. I I } metal .. ,

powerl Gunn wa-' ve sta-nding
' "" tn~ling, ,.

S11:1(1- s( te wavemete

open
circuit t erminotion

Figure 2. Apparatus for permittivity measurement.

Evaluation of the complex permittivity of the composite material was
also attempted and the waveguide apparatus for this measurement is shown

in Fig. 2. The method (Von Hippel, 1962) involves measurements on the

" .standing wave set up when a plane dielectric material is placed across
the guide. It can be shown that, if the sample is backed by a short
circuit metal plate, the impedance viewed from the front face is given
by:

[V - j tan(2tx /X.* Z ~ zZA(1)
s o[1 - jV tan(2nxo/x) = Z0 s

0

where V is the inverse of the vc1tage standing wave ratio, x, the
distance of the first standing wave minimum from the sample, X is the
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guide wavelength ar c the waveguide characteristic impedance.

-' * A sirmnlar expression 4 vail .f a quarter wave shorted section of
waveguide is place tehd tne sample, forming an open circuit termination,
with the new measured values of x and V substituted in equation 1 to
give a second complex value A . Por a non-magnetic material the
permittivity is given by: 0

[(1I/A )2 + (1/X) 2  I/A A -

-* C c 0s (2)
(1 )2 + (1/.) 2

c

where A is the cut off wavelength of the fundamental mode. Test
c

measurements conducted on good, low loss dielectric materials such as

paraffin wax and polypropylene showed close agreement with accepted
values. However, the accuracy of the method when applied to the

carbon fibre composite was found to be insufficient to determine the
permittivity and any variations due to water absorption. The major
source of experimental error (±0.5 mm) was in determining the distances
x of the minima from the sample face and it is thought that the minima
must lie within the error distance. A subsequent evaluation of x
from other data described later showed that the first minimum was very

9 close to the sample as a result of the high effective conductivity of
the carbon fibre.

The voltage standing wave ratios (V.S.W.R.) were determined to an
accuracy of ±0.03 for the short circuit termination condition. A plot
of values obtained during the first hour of immersion is shown in
Fig. 3. Both ratios increase with time indicating a rise in

reflectivity of the composite with water uptake. An order of magnitude
estimation of the effective conductivity can be made from this data
if a simplified model is invoked. The waveguide is assumed to be

.6-"opt,

0 / , 4 Figure 3

/ Short (o) and open circuit
(n) voltage standing wave

1 ratio plotted against
boi Ing t i-e.
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lossless and the sample is treated as being completely enclosed inside
the guide and terminated by a matched load. This second condition is

approximated fairly well in the experimental situation since the

sample attenuation was large and a wave, reflected by the back face,
will be substantially attenuated after traversing a double thickness
and will have little effect on the standing wave pattern.

The wave impedance of a material is given generally by Z : / where
PO and £* are the complex permeability and permittivity respectively.
For non-magnetic materials p* pc' the value of free space and e, is
given 

by

* - j ow (3)

c is the relative permittivity, a the effective conductivity and w is

the angular frequency. Expressing Z in modulus/argument form we get

Z 0 '/Io 0 (1 + /(O W2) -  tan (O/ic w) (4)

The V.S.W.R. of an impedance Z loaded onto a waveguide of characteristic j
impedance Z is given by

V' IzIiIzI for Z < Z

and from the graphical data this ratio is 110. Equating the values of

IZl in (4) and (5) and substituting : 3 as the dielectric constant

of the resin and 20 5001), a value of 30 (Dm)-' is calculated for a.

. . , , . .+.

12S

124 ' Figure 4

Attenuation variation with
boiling time for carbon

fibre reinforced composite

2 6 6 10 12 14 16 19 20 22 24 26

A second estimate of sample conductivity can be obtained from the

* measured attenuation of the carbon fibre composite. Fig. 4 shows the

FV:
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change in attenuation with boiling time for one particular example
over a 25 hour period. An initial rapid rise from 12.12 dB to over
12.4 dB during the first 5 hours is followed by a much slower rise to
12.5 dB after the full immersion time. The initial rise corresponded
to an uptake of 15 mg of water determined by weighing the sample. The
characteristic length for the attenuation of the E field is the skip
depth 6. This is related to the material conductivity 6 = (2/ ow).• 0

and both the electric and magnetic field vectors are reduced by li/e
in traversing the skin depth. The power attenuation P, in decibels
over a distance z is therefore given by

L'- ~-2z/6 .: .
P = 10 logoeZ (6)

Substitution into equation (6) of the measured loss of 12 dB for a
sample thickness of 2 mm results in a conductivity of 12 (0m)--
i.e. of the same order as was estimated from the V.S.W.R. data.

The conductivity values can be used to estimate the distance x of the
0

first standing wave minimum from the sample face. Taking the composite
to be at z = 0 with the z axis parallel to the direction of wave
propagation, the standing wave pattern is formed by the addition of the

reflected and incident wave according to

e-jkz ejkz (7)

inc + Vrefl.

The ejwt time factor is assumed. The voltage reflection coefficient
at z is defined as

r(z) Vrefl e2 jkz r(o) e2 Jkz (8)
V.
inc

and P(o), the reflection coefficient at z 0 is related to the mismatch
between the waveguide impedance Z and the impedance of the composite
according to: 0

r(o) :Irle [ZL - Z ]/[z L + z ] (9)

After substitution of eqns (9) and (8) into (7) and taking the modulus
of both sides:

IV(Z)I = IV n Irl' + 21rl cosF (10-

where 0 : + 2 kz.

The first minimum in V will occur when 0 = w. r(o) can be found from
equation (9), by using uation (4) with a = 30 (11m)- and its complex
value is r(o) = 0.87 e Using i = 3.0 and k = 2%/X
where Ag, the guide wavelength is 4 cm at 1010CHz, then x is found to be
0.04 cm from the sample face. Clearly this is well withi the estimated - -

position measurement error of 0.05 cm and so is impossible to measure
with the present apparatus. It would also seem doubtful whether the
accuracy of the standing wave meter method could be improved sufficiently
to attain the resolution required for the detection of absorbed water.

S
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The plot of sample attenuation of radiation with boiling time showed
a distinct change in gradient after 5 hours with a much slower rise
rate occurring after this time. Examination of sample cross sections
under an optical microscope showed the fibre density to be on average
lower in a surface region of a few tens of microns thickness, compared
with the interior density. Without being able to estimate quantitatively
the diffusion rates in regions of different fibre density it would
appear that water absorption would occur more rapidly into the surface
region than the more densely packed interior. Water diffusion takes
place to any appreciable extent in the resin only. Therefore regions
with a greater fibre content would present a more convoluted path
around the fibres and so impede the progress of diffusing water to a
greater extent. A fall in absorption rate would therefore be expected
when the interior region is encountered, and this is observed in the
experimentally measured fall off in attenuation after 5 hours immersion
time.

CONCLUSION

The detection of water absorption by carbon fibre composite material
has been shown to be feasible by measurement of the attenuation of
microwave radiation. The insertion loss at 9.6 GHz is of the order
of 60 dB cm-1 for radiation polarised perpendicular to the fibre
direction. After a 25 hour immersion period in boiling water a change
of 0.4 dB as a result of water uptake was found for the 2 mm thick
composite sample. The appearance of an initial high absorption rate
followed by a much slower rate is attributed to a greater fibre density
existing in the interior of the sheet compared with the surface region.
Estimates of the effective conductivity of the composite put the

,,V value at the order of a few tens of ohms/m. This relatively high
, - conductivity is responsible for the failure of the permittivity measure-

ment method to detect any changes as a result of water absorption.

Application of the transmission method as a non-destructive testing
technique appears to be possible though the specific experimental set
up and interpretation of results would depend very much on the individual
situation. The relatively large measurement error of the insertion loss
indicates the sensitivity of the method to misalignment of the fibre
direction with the polarisation and is also partly due to the fact
that the inherent attenuation of the composite is somewhat greater

than the change produced by absorbed water. An improvement to the
sensitivity of the method to water uptake could be made by employing
a bridge technique to measure the difference in attenuation between
the material under test and a known standard of similar value.
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POTENTIAL OF HOLOGRAPHIC INTERFEROMETRY . '
FOR NON DESTRUCTIVE TESTING OF POLYMER COMPOSITES

W.J. Beranek
TNO-IBBC

Abstract
A survey is given of tests, which have been carried out to study defects
in polymeric tubes, using holographic interferometry. Possibilities are
discussed to use these techniques in real-time in-process.

1. Introduction
In holographic interferometry a hologram is made of an object in the

unloaded and in the loaded position. The two virtual images will come to
interference and as a result a fringe pattern is formed. These fringes are
contourlines for the change in optical path-length. If the holographic
set-up is properly chosen, the fringe pattern can also be regarded as
contourlines for a displacement component.

* If the tested object has some defect which influences the physical
* behaviour under load, the interference pattern will also undergo some

changes. In some cases these changes will be typically for the kind of
. defect, but in other cases no conclusions can be drawn.
. The paper describes the results of a series of tests on polymer tubes,

(homogeneous, glass-fiber and carbon-fiber) in which a number of tubes had
some natural or artificial defects.

2. Holographic interferometry
Basically the tests have to be carried out on an optical table, unless a

pulse laser is used. The applied loads generally may be very small. The
object should be mate reflecting, so most of the time the objects are
painted white.

There is a number of holographic techniques which can be used for
-' testing objects of various shape. For the testing of the tubes the

following techniques have been used:
-. a. Double exposure and real-time holography, using one beam of illumination.

b. Double exposure and real-time holography, using two beams of illumination
" (holographic moire).

c. Time average holography (vibrating object)

When one beam of illumination is used, the displacement component in the
direction of the bisector of the angle between the direction of illumination
and the direction of observation is obtained. The interference patterns are
generally clear as long as the texture of the object does not change under

• load, see Fig. la. The quality of double-exposure holograms is generally
somewhat better than that of real-time holograms. But in the first case just
one kind of loading can be investigated, whereas in the second case the kind

* of loading as well as the magnitude of the load can be changed.
When two beams of illumination are used, the technique is called

holographic-moire. Now the out-of-plane component of the displacement and
one in-plane component of the displacement can be obtained in the same set-up
at one and the same loading step. For each direction of illumination a
carrier of parallel equidistant fringes is applied and the interference of
the two (mismatched) basic interference patterns will show a moire pattern.
This moire pattern in turn can be regarde as a contourline map for the wanted
displacement compoient. Generally the in-plane coml nent is recorded, as the

- out-of-plane compon,.nt, can also be obtained by metl d a.



As the obtained interference pattern is a second-order pattern, the
results are seldom as clear as in case a., but fringe contrast can be
enlarged optically (afterwards) or electronically (during real-time
holography), see Fig. lb. The set-up is somewhat more complicated as in
case a., but the application of a mirror to form the second beam of
illumination keeps things relatively simple. The application of the carrier
fringes however, always requires a rotation of the hologram (or the object)
between the unloaded and the loaded position of the object.

In the case of time-average holography,one beam of illumination is
applied and the exposure of the hologram takes a few seconds whilst the
object is vibrating. Nevertheless clear interference patterns are obtained
for the investigated vibration mode of the object, see Fig. Ic. In this way
each vibration mode of the object requires a separate hologram.
But if a rough idea of the various vibration modes of the object is
sufficient, another technique can be applied. A real time hologram is made
of the object in the unloaded position and carrier fringes are aplied by
rotating the beam of illumination. During vibration locally the carrier
fringes are wiped out and all vibration modes can be recorded in real time,
see Fig. id.

' l

a. b. C. d.

* Fig. 1 Holographic interference patterns.
a. one beam of illumination; axial tension

* b. holographic moire'; axial tension
c. time average; vibration
d. vibration in real time
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3. Detection of defects in homogeneous tubes
First of all one has to find out for which loading case a certain defect

will give a noticeable change in the interference pattern. As an example the
interference patterns are given for the connection of two tubes which are

not perfectly in line, see Fig. 2. The effect of torsion proves to be

negligible, internal pressure and a temperature change show similar patterns
in which the influence of the connection is vaguely visible. Axial tension

however, shows striking changes of the pattern in the vicinity of the

connection.
The second step is to find out if the change of the interference pattern ,..-.

will also have some influence on the strength or the good behaviour of the
object during lifetime. So from Fig. 2d it follows that the two tubes under
tension will show bending disturbances in the vicinity of the connection and

. the magnitude of the bending stresses can easily be determined.
* About the tensile strength of the connection under pure tension however,

no information is available. So the strains in the axial direction have been
determined with the help of holographic-moire, see Fig. lb. But also this
pattern will hardly give any information about the strength of the connection;

. obviously plane sections remain more or less plane under tension independently
of the strength of the connection.

*; As a matter of fact, in all tests where the tensile strength of such

* connections or similar ones was investigated, no adequate information from
the tests was obtained. It seems that under such low loads (as is required

in non-destructive testing) good and bad connections show a similar behaviour,

and differences in behaviour may only be expected at much higher loads.

a. bc d .

- -Fig. 2 Connection of two homogeneous tubes; interference patterns for the
Sout of plane displacements.

a. torsion; b. internal pressure; c. temperature change; d. axial tension
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Usually the strength of the connection is determined with the help of
a destructive test: the pin indentation test. Results may be expected after
a few months. It was tried to obtain information at short notice by making
a series of holograms after the pin had been driven into the hole which is
made in the connection. Fig. 3 shows some results, obviously the material
is strongly creeping, but no indication was found about the strength of the
connection, depending of the shape and variation in shape as function of
time, of the interference pattern.

4. Check of the qualities of glass-fiber tubes
r• Holographic tests have been carried out to detect aberrations in the

winding pattern and to check the theoretically determined stiffnesses in
axial and tangential direction. In Fig. 4 the results are shown for three
tubes under internal pressure, two of the tubes having a deviating winding

* pattern. The out-of-plane displacements show marked differences.

SJ

a. b. c.
Fig. 3 Out of plane displacements for a pin indentation test.
First exposure 75 s after application of the pin, second exposure after:
a. 30 s; b. 60 a; c. 120 s

a.

b.

SC.

Fig. 4 Out of plane displacements for three glass fiber tubes with
different winding patterns.

* I



C.- '-..

The interference patterns of Fig. A have also been provided with carier
fringes. Optical differentiation will then show contourlines for the slopes
in axial or tangential direction, see Fig. 5.

For the determination of the axial and tangential stiffness the tubes
have been submitted to internal pressure in radial and axial direction, and
the in-plane and out-of-plane displacements have been determined with the
aid of holographic-moire. The results for the three tubes are shown in the
Figs. 6, 7 and 8. The strain distribution in axial direction is shown as the
average strain between each two successive contourlines for the displacement -

in axial direction. Especially tube No 3 in Fig. 8 shows marked differences ...
in axial strain. But if the influence of the out-of-plane bending
deformation is taken into account, it shows that the axial strain (in the
middle of the wall thickness) is practically constant. That means that the

variations in axial strain is only due to bending and can be deducted from
out of plane displacements alone, which can be determined with method a.

a. Tube No 1

x
(shift A )

x

" b. Tube No 2

x

(shift Ax

c1 Tube No 3

x

x I
.c2. Tube No 3 " ,

(shift A /4)I I

C Tube No3

y
(shift Ay

'"Fig. 5 Determination of the slopes of three glass-fiber tubes by optical

differentiation (shifting two equal photographs towards each other)
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xxx

C.0

Fig. 6Holographic-moirg for glass-fiber tube No I
a. out-of-plane displacements; bi in-plane displacements in axial di-ection
c. average strain between successive contourlines and average strair ov r the

* full length of the tube.

4.,7

a.

S...

20

C.C

* Fig. 7Holographic-moire' for glass-fiber tube No 2
a. b. c. as in Fig.6
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b,,.

c.0

Fig. 8 Holographic-moir'e for glass-fiber tube No 3
a. out-of-plane displacements; b. in-plane displacements in x-direction

axial direction); c. average strain xx between successive contour-
lines and average strain over the full length of the tube.
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5. Detection of defects of carbon fiber tubes
A series of carbon fiber tubes with artificial defects was tested to

detect the defects. It became evident that one beam of illumination (case a.)
and loading with internal pressure (radial only) and sometimes a temperature
change (0 OC) were sufficient to detect most defects. It proved to be very
helpful however to apply three different load levels:
A. low preload po, low load increment Ap = Po
B. relatively high preload 30 Po, low load increment Ap = po
c. relatively high preload 30 Po, relatively high load increment Ap = 3 Po

If certain defects were hardly visible at one load level, another load
level might improve things considerably, as will be seen in various figures.
For 5 tubes the interference patterns are shown at the load levels A., B., C.

Tube No 1 is without artificially applied defects. For the three load
levels the shape of the interference pattern remains essentially the same,
see Fig. 9. In the photographs lines have been drawn which form a system of
diamond shaped areas. Along these lines the out of plane displacements are
relative minima. The angle of the diamond shaped areas corresponds to the
250 winding angle. The load increment for load level A. and B. is the same;
due to the much higher preload for level B, the out of plane displacements
for level B are about half those for level A. For load level B. and C. the -'.

prelaod is the same, now the out-of-plane displacements are practically
proportional to the load increment.

a. load level A

b. load level B

c. Load level C
S

Fig. 9 Carbon-fiber Tube No 1, internal pressure

40



Tube No 2 has a second layer with a winding angle of 350 instead of 250.
At the left end of the tube there are loose fibres in the outer 900 layer,
at the right end of the tube there are loose fibres in the inner 900 layer.
Furthermore a teflon foil has been added between the first and the second

" layer, to simulate a delamination.
Although the loading is exactly the same as for tube No 1, the out-of-plane
displacements for tube No 2 are totally different from those for tube No 1,
see Fig. 10. The displacements at load level A are mainly due to an
initially unroundness of the tube and there are no diamond shaped areas
perceptable. At load level B a high preload is applied; the effect of the --

unroundness has disappeared but the diamond shaped areas are still not
visible. The effect of the loose fibres in the outer 900 layer is now
clearly visible (left side), but the loose fibres in the inner 900 layer
(right side) can hardly be recognised. At load level C the diamond shaped
areas are now vaguely visible. The loose fibres are less markedly visible,
due to the much denser interference pattern.

The artificial delamination is absolutely not visible. In an effort to
visualize this defect, the tube is also submitted to infrared radiation and
to a three point bending test, see Fig. 11. But in none of the photographs
a trace of delamination is visible. The bonding of the layers must have
been sufficient to withstand the applied loads.

On the other hand the interference pattern due to the temperature change
does show loose fibres in the outer as well as in the inner layer.

a. load level A

J0 b. load level B

c. load level C

Fig. 10 Carbon-fiber tube No 2; internal pressure
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* Fig. 11 Carbon-fiber tube No 2
a. temperature change by infra-red radiation
b. interference pattern due to a three point bending test

* ~c. set-up for the three point bending test -4

ItI

In tube No 3, after pre-hardening of the first 900 layer only half of -

the tube has been sanded. The helical winding in the 250 layer has been
omitted. At all three load levels the shape of the interference pattern
remains essentaily the same, see Fig. 12. The diamond shaped areas are well
visible at load level A and C, just as in Fig. 9. But at load level C it is
also visible that the diamond shaped areas are sub-divided into four

* smaller areas of unequal magnitude, due to the absence of the helical
winding in the 250 layer.

Tube No 14 is provided with an alluminium layer at the inside of the
* tube. It was a damaged tube with cracks at the central part. Due to the

alluminium, layer there are no diamond shaped areas visible, see Fig. 13.
* The concentration of the interference fringes gives at all three load levels

an indication of defects. A high preload is essential however to clearly
distinguish between the defects. The small more or less circular inter-
ference patterns indicate the presence of small cracks. Furthermore local
bents can be seen in more or less straight interference fringes (cross-
section I and II). In section I-I the out of plane displacements are
slightly increased towards the surrounding and in section II-I they are
slightay decreased. This indicates that in section I-I a winding is missing
and that in section II-Il an extra winding has been applied.

4 -1
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a. load level A

b. load level B

c. load level C

Fig. 12 Carbon-fiber tube No 3, internal pressure

a. load level A

I II" "-"

044V

b. load level B

c. load level C

NUNII"

Fig. 13 Carbon-fiber tube No 4, internal pressure
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a. load level A

b. load level B

c. load level C

Fig. 14 Carbon fiber tube No 5, internal pressure

Tube No 5 is almost identical with tube No 1, but supplied with an
alluminium layer at the inside. Furthermoie the outer 900 is unimpregnated.
The diamond shaped winding pattern is only slightly visible at load level C,
see Fig. 14. For all load levels the concentration of the interference
fringes at both ends of the tube indicate damaged zones which occured
during previous tests.

All tubes have also been investigated by holographic-moire, which has
not given any further information. Also the vibration modes at the various
fnatural frequencies have been determined in real time. Depending of the
winding pattern there are differences in the various natural frequencies,
but the vibration modes themselves did not provide information about defects.

,, -',- 2 2-
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6. Possibilities to use holographic interferometry for non destructive

testing and evaluation in real time and in process

A certain kind of defects in polymer products is easily detected just
by simple out-of-plane holography. As the product has to be loaded in some
way, a test set-up has to be made and the optical table can be incorporated
in this set-up. The kind of set-up will of course depend on the kind of
product to be investigated and its sensibility for appropriate loads.
Load increments are always small and especially heating by radiation is
easily applied.

Real time holography is practically always possible with polymer
products. Evaluation can be carried out by comparing the obtained inter-
ference pattern with a reference pattern. If the actual pattern and the
reference pattern are both provided with carrier fringes, the patterns can
be superimposed and the difference of the two patterns will be seen as a
moire pattern. The patterns can also be stored on video tape and evaluated
elsewhere.

Making a single or double exposure hologram in the traditional way, will
take 5 to 10 minutes. The application of commercially available photo-
thermo-plastic material and equipment will reduce this time to a few
seconds. The dimensions of such holograms are limited, however, and it
seems that the traditional way of making holograms is somewhat more fool- _.._
proof.

For a uniform quality of the interference pattern a mate reflecting
surface is required. So in laboratory circumstances the model is mostly
painted or sprayed white. The paint has to be dry however, before the
hologram is made. But also medium bright or even black surfaces will give
good interference patterns, as long as the surface is mate reflecting. The
time of exposure obviously will have to be increased. The quality of the
hologram and of the interference pattern will decrease however, the more
the object has a strongly directed reflection, like a (poor) mirror.
Recording the interference pattern with a video camera can give quite
reasonable results if the diaphragm is adjusted in a proper way.

Industrial applications of holographic interferometry are the testing
of inflated tires (time average for the determination of the vibrational
mode structure or out-of-plane double exposure in conjunction with a small
change of inflation pressure to show defects).
In aircraft industry disbond of honeycomb structures is tested by double
exposure out-of-plane holography, applying radiation to obtain temperature

changes (aircraft wings, solar panels).

References:
R.K. Erf, 'Holographic nondestructive testing' Academic Press, New York,
London
W.J. Beranek and A.J.A. Bruinsma, 'A geometrical approach to holographic
interferometry' Experimental Mechanics, Sept. 1980.
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Discussion of Session VI

A number of practical examples were suggested for application to NDE of the

elegant experiment by Sargent and Upstill. Since the only piece of equipment

required is a good polarising microscope, it could certainly be used as an on-

line method to check whether or not molecular size interfacial gaps are

present in, say, the low fibre volume fraction flash that is produced during

compression moulding of fibre reinforced plastic laminates. Much interest was

also generated by the idea that the experiment offers a direct method for

assessing the effectiveness of fibre surface coatings including coupling

agents. Owing to the low fibre volume fraction demanded by the theory in its

present form, this would best be done on token samples.

* Since the work by Sargent and Upstill must be applicable generally to

electromagnetic radiations, spdculations were made about the detailed nature

of propagation through composites of infra-red and radio waves, i.e. of waves

*' with wavelengths very much larger than a fibre diameter.

A D Carr's presentation on microwave propagation prompted interesting comments

in respect of possible application of sheets of uniaxial carbon fibre

reinforced plastic as polarisers for a microwave polaroscope.

During discussion of the role of holography in NDE, attention was drawn to the

-mechanical stability demanded of the optical systems. "Holography belongs to

* the technology of opticians and not to the technology of engineers".

* Mr Beranek remarked that the holographic techniques described by him are not

suitable for use in a factory environment. Professor Jansson strongly

disagreed and offered the following comments.

Traditional holographic interferometry is known to have extremely high

resolution (better than 0.3 pm) and high accuracy, but the technique suffers

" .. from being tedious and is sensitive to vibrations and other environmental

- disturbances.

Today however, new techniques make it possible to use holography directly, on

the factory floor and by unskilled employees. Furthermore, there is no need
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for high power lasers, thus reducing both the capital outlay and the

seriousness of accidents.

The determination of the sign of the deformation has been difficult until

recently, but can now be carried out by sandwich holography.

A number of inventions for the use of holography in industrial applications

has been made by Abramson (1981) and co-workers. Thus, studies of the

deformation and vibration of large machines, whole live human beings, metal

and plastic products, injection moulds in use as well as the microscopic

vibrations in the eardrum of a listening grasshopper have been reported by

several authors, e.g. Abramson (1981), Dirtoft et al (1984).

The possibility of repositioning the sample in the equipment after different -

kinds of treatments, further extends the range of applications (Dirtoft et al,

1984).

The swelling of complete upper dentures (made from PMMA), due to water

absorption, has been studied directly in the aqueous system. Continuous

measurements were carried out and the dimensional changes could be followed

over several weeks. By repositioning the denture, it was also possible to

study its deformation after being used by a person for a lengthy period of

time. (Dirtoft et al, 1984)

Holography has also been successfully used to measure the post shrinkage and

the warping of injection moulded plastic products by using a recently

developed apparatus placed close to the injection moulding machine in the

fabrication hall. (Dirtoft and Jansson, 1984)

In conclusion it is clear that, due to the new simplified techniques,

holographic interferometry has become a valuable tool for routine non-

destructive testing and quality control.

D "
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uPVC - THE STATE OF THE ART

Dr R Lyall

Bartol Ltd, Pollard Moor Works, Padiham, Burnley, Lancs BB12 7JR

Abstract q

uPVC pressure pipe has been used extensively for the last 25 years.
Although experience has been generally very satisfactory, there have been
a few premature failures, a fact which has concerned both suppliers and
water companies.

Recent co-operative work by the uPVC process industry, material suppliers
and university research teams has lead to the development of better
methods of quantifying the quality of a uPVC pressure pipe.

Since mst failures are initiated by the propagation of cracks, the
concept and test methods of fracture mechanics have been applied. It has
been found that materials which are 'identical' when compared under
historical methods can now be quantitatively graded.

. The new test methods have been included in a British Standard for
pressure pipe and will ensure that all pressure pipe is manufactured to a
uniformly high standard.

1. Introduction

For over 20 years uPVC pipe has been used for pressure and non-pressure
applications within the water industry. It is currently estimated that
some 40% of all new water distribution pipes installed are manufactured
from uPVC and this high level of usage reflects the general satisfaction
with the performance of the product.

O However, there has been a number of premature failures which has caused
concern both to the users and suppliers within the water industry. It
has been disturbing that the pipes which have failed in service are
nearly always satisfactory as judged by conventional standards. These

*are based on simple mechanical tests measuring burst strengths and times
to failure under constant stress.

Over the last five years there has been a programme of work aimed at
understanding the reasons for failures and developing test methods which
are applicable in a manufacturing situation and which will distinguish
between the pipes that may fail from those which will perform to their
design performance. The work has been a collaborative effort,
co-ordinated by the Polymer Engineering directorate and conducted by the
main uPVC pressure pipe extrusion companies and university researchers,
but mainly the group headed by G P Marshall at Manchester Polytechnic.

ii



This paper summarises the results of the work and describes the new test
methods which are now being used within factory bases and which allow a
more quantitative approach to the manufacturing of uPVC pipe of defined J
qualities.

2. Historical Standards & Design Philosophy

National and international standards define the minimum requirements for
uPVC pressure pipe. All main national standards base their design
criteria around simple mechanical tests measuring burst pressures and
times to failure. PVC, as with other thermoplastics, exhibits time
dependent properties. (British Standard BS3505)

The conventional method for determining the design stress is to determine
the failure characteristics by pressure testing relatively short samples
of pipe over relatively short time scales (approximately 10000 hours at
20*C). The resultant hoop strength is plotted against time to failure on
a double logarithmic scale and, by convention, extrapolated to obtain a
failure stress at 50 years.

VI

. o , to to* 10 & so

Fig.l Long Term Regression Data

The 50 year design stress is obtained by applying a safety factor to the
failure stress. This factor varies between 2.0 and 2.5, for different
countries reflecting the results of their specific experiences. This
safety factor is intended to cover the unpredictable conditions that can
influence the service life of the pipe and not to cope with any
irregularities in the quality of the pipe.

At ambient temperatures, the failure characteristics of uPVC pipe
produced in the laboratory are consistent and repeatable. The failure
mode in the laboratory is always accompanied by a significant amount of
swelling and deformation. This type of failure mode is never seen in the
field. Service failures show no gross deformation of the pipe (eg.
'brittle' as opposed to 'ductile' failures) and by their nature are not
predi ctable.



The extrapolation technique has been the subject of discussion for an I
appreciable period. With many plastic materials, it is possible to

generate brittle pipe failures by pressure testing at elevated

temperatures. At these temperatures (600C is used for PVC) the mode of

failure resembles the service failures more closely. In some countries

there is a general acceptance that the absence of brittle failure at 600 C
can be used as a criteria that the regression line based on ductile

failures at 200 C may be extrapolated linearly to 50 years. Considerable
progress has been made in this area, although it seems debatable whether
the application of elevated temperatures raises more questions than those
answered. (Benjamin, P (1980))

3. Failure Mechanisms in Service

The unpredictable nature of the failures that occur shows that the
failure mechanism is not directly related to the bulk properties on which
current design stresses are based. From the examination of failed pipe,
it is now believed that the failure process can be generally described.

*, The failures originate at flaws or structural defects within the pipe.
* •No material can be perfectly homogenous and the defects or foreign
.- particles within the structure act as stress concentrations in a similar

* way to surface scratches developed during handling and installation.

*In the field, the loading conditions differ significantly to those in the
laboratory pressure tests. In addition to tensile hoop stresses
generated by the internal pressure, secondary loads can develop due to
insufficient pipe support. In particular, bending over point loads in
poor bedding conditions can cause stresses which are high and localised.
Most failures initiate from the lower surface of the pipe and it is

- believed that these localised stresses, usually associated with
identifiable point loads, are the prime cause of crack initiation.

Because thermoplastics are time dependent materials, the initial defect

does not instantaneously start to grow. There is an incubation period
where creep deformation causes an increase in the crack opening
displacement (COD) to a critical level. (Marshall. G P (1982))

* (Williams, J G (1978)). Following the incubation period, the crack
extends in size and there is a period of slow growth when the crack
extends across the section. The initiation and growth of the crack is
resisted by the toughness of the material.

Complete failure of a pine can occur in two ways. Point loading tends to
produce a crack of disproportionate length in the axial direction, due to
the compressive stresses immediately above the load which supresses crack
growth through the pipe wall.
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K. If the crack can progress through the pipe wall, then leakage may occur
which reduces the stresses which may arrest the crack. Alternatively,
unstable failure will occur before the crack has traversed the section.
The crack will develop axially to the size whereby it becomes unstable

to cause a catastrophic failure.

4. Revised Design Philosophy

From the above discussion which suggests that service failure is
generally caused by delayed cracking, three factors govern the pipe
performance:

i) the toughness of the material
ii) the defects - size, distribution
iii) the applied stress condition - the combined effect of

internal pressure and external loads.

The initial work has been to determine new test methods which would allow
the toughness of the PVC pipe to be measured simply and accuately.

The toughness of the pipe material depends upon the molecular chain
length, commonly termed K-value, and the processing history. For
materials suitable to be processed and to satisfy the internal pressure
carrying characteristics needed, the K-value has relatively little effect
upon the properties of the final product. However, the extrusion history
is critical in defining the properties of the finished product.

PVC is thermally unstable and cannot be processed without addition of a
stabiliser/lubricant system. The additive system has to be in balance
with the process conditions/extruder/die for adequate properties to be
achieved in the finished product. The process of fusing the polymer
particles into a homogenous matrix is termed gelation. Several indirect
methods (optical/chemical/rheological, Benjamin, P (1980)) exist to
estimate the degree of fusion achieved. Historically, the degree of
fusion has been used as a guide to the quality and hence toughness of the
material, However, each of the methods suffers from the same weaknesses;
each method is indirect, formulation dependent and not absolute.

5. Test Methods

Fracture mechanics testing methods have been developed in recent years to
predict the behaviour of polymers in engineering applications. With PVC, -

the points to prove were:

i) whether a measurement of toughness could be made.
ii) whether toughness distinguished between pipes which

were known to be of different qualities.
iii) whether toughness could be measured simply and

absolutely from pipe samples in a factory | "
envirorment.
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.° "5.1 Initial Tests

'Unnotched' testing of uPVC does not simulate the brittle failure mode
seen in service. There is a need to resort to the use of pre-notched 7
samples. The influence of crack depth on failure stress can be
characterised by devising a value of fracture toughness Kc given by:

Kc= ij -f
where Nis the brittle failure stress, 'a' is the crack depth and 'Y' is

- a geometrical factor dependent on test configuration. (Rooke, D P and
Cartwright D J (1976)).

A range of different sample geometries for estimating the failure
toughness values of uPVC is shown below. (Marshall, G P (1982)). One of
the difficulties is ensuring that failure occurs at stresses
significantly below either gross or net section yielding across the
ligament area ahead of the notch. (Marshall, G P (1983)). ASTM
recommend that values of Kc are valid if fracture stress Vis less than
0.85.-

o The initial tests were conducted in simple tension, with sets of pipe

which showed markedly different levels of gelation. Poorly gelled pipe
failed at stresses well below net section yield for flaws greater than
the critical flaw size (As) and a toughness value can be determined.
(Kc = 2.75 MN/mIZ). A value for the well gelled pipe cannot be
determined, with the pipe showing a characteristic which can be confused
with the yield line above.

The measurement of toughness in bending is more suitable for higher
toughness matrices. Because collapse in bending only occurs when a
plastic hinge is developed across the section, the effective yield stress
is enhanced to 1.5.r, (e is the stress at first yield). Hence brittle
failures are more likely to occur for small critical flaw sizes before

*/ net section collapse. Three-point bending samples were used to evaluate
Kc values - especially for large diameter pipes which allow flat samples
to be machined from longitudinal pipe sections.

Kc was evaluated over a range of pipe qualities and very large
* differences were observed; typically over the range from 2.0 to

4.0 MN/m0IZ when measured over a period of a few seconds.

- "- Fracture toughness values are sensitive to strain rate and time, as with
other material properties of thermoplastics. Kc was measured over a time
scale of up to several thousand hours and differences in toughness
observed between the poorly and well gelled pipe in the instantaneous
tests are maintained. (Marshall, G P (1982) (1983))

" Flexural loading has many attractions for evaluation of large diameter
pipes, but is not simple to use for assessment of smaller diameters,
since curvature effects can be significant. Different geometries were

* tested before a split notched ring was chosen.

• 6
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Fig.2 Different Designs of Test Samples

The rings were tested to failure at a constant deflection rate, the
failure occurring in a brittle manner. Reproducibility of results was
excellent and there was again good resolution between the high and low

* toughness pipes.

5.2 Effects of Test Parameters

Thus a test had been developed which satisfied the criteria of
"' quantifying the quality of the pipe, while at the same time being simple

to use in a manufacturing environment.

However, on further testing over a range of pipe samples (diameters from
75mm to 600mm, wall thicknesses of 4mm to 30mm) there was doubt as to
whether the K-values being developed were true material properties.
Although the results were self-consistent within one geometry range of
pipe (110-150mm), the values were not self-consistent when viewed across
the whole range and when compared with the historical qualitative
assessments of gelation. In particular, K-values obtained for large
diameter, thick walled pipes were generally appreciably higher than those
obtained from small diameter, thin wall pipes. When viewed by historical
methods, it was expected that the toughness of the thin wall matrices
would be at least as great as that from the thicker walled samples.

5.2.1 Dynamic Testing

Simple observation of the notch in a ring tested to failure at a fixed
deflection rate shows that the peak load is greater than the load
required for the initiation of the growth of the notch. The difference
between initiation and peak loads is likely to vary with the toughness
level of the pipe. With low toughness uPVC, there is substantial slow
crack extension prior to 'brittle' failure. This will give invalid
levels of Kc as the slow growth varies with the critical crack depth.
With high toughness uPVC, the crack initiates at much higher stresses

._2.



when the plastic zone is large and this limits the extent of slow crack
growth. Thus, with uPVC, the peak load data gives a more valid level of
Kc. Typically, there is a difference of up to a factor of 2 between the
K-values determined from initiation and peak loads.
(Marshall, G P (1983)).

This problem can be resolved by using a fixed load, assuming initial flaw
lengths and measuring the time to failure at a given K-value.

5.2.2 Gecmetry Effects

This apparent lack of correlation across all geometries prompted the .-.
* question of further geometry and testing effects and, indeed, this has

proved to be the case.

(a) Influence of Notch Sharpness

. Simple stress concentration theory gives the stress 0 at a notch 'a' and
tip radius '' as #f,)

Tests were conducted over a range of tip radii, and Kc was plotted
against '1'. For tip radii (t < 0.025mm), the conventional independence
of 'strength data' was illustrated while for blunter cracks, the effect
of decreasing stress concentration was observed.

The systematic difference between the high and low toughness pipes over
the whole range of notch radii indicates that differences in gelation do
cause real toughness changes. (Marshall, G P (1982)).

(b) Sample Size Effects

The Effect of Thickness was measured in samples up to 40mm thick. Using
the initiation values and thickness up to 15mm, there is little effect on

* the measured K-value.

The Effect of Width was found to be critical. There is a large effect
(approximately 50% variation) with width in the range 3 - 15mm.
(Marshall, G P (1983)). This is the range in which most pressure pipes
fail.

These results gez,e-ally agree with earlier findings of Chan and Williams
(1981) on MDPE. As in the case of MDPE, the results can be fitted by asolution to the post yield theory of Bilby (1963).

This fit to the post yield theory has been checked on several other
* samples of uPVC and experimentally appears to be valid. The effect of

width, especially in the range of 3 - 15mm appears to explain the
previous lack of consistency of fracture toughness values across the full

, -product range.
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6. Conclusion

With the corrections to allow for the effect of test parameters, the
split ring test now meets the criteria that were originally set.

The uPVC pipe industry has been provided with a quantitative, simple tool
to help monitor, control and develop producton quality. This is the
first major new technique to be introduced for several years and is
likely to be followed by the development of other techniques.

In the uPVC process industry there is a need for improvement of
techniques in two general areas: these are techniques for product and
process development and for process and quality control in the subsequent
manufacturing activity.

The application of fracture mechanics measurements is a good step
forward. However, there is scope for improvement in terms:

a) detection/measurement of any impurities/defects.
The current method is a simple impact test. Improvements are being
attempted by both mechanical tests with better resolution and by
non-destructive (ie x-ray) methods.

b) convenient techniques to resolve any variations within materials
and processing.
At the moment the uPVC processing industry relies on a combination
of relatively simple tests on incoming material and attention to
the consistency and reliability of processing.

This combination has lead to the development of relatively efficient
manufacturing prc:esses, producing good quality product. Better on line
techniques for detection of 'out of tolerance' product properties will
allow further improvements in both processing efficiency and product
quality to be made.
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'THE FATIGUE DAMAGE MECHANICS OF FIBROUS LAMINATES

A Poursartip, M F Ashby and P W R Beaumont

University of Cambridge K ]
Department of Engineering

Trumpington Street, Cambridge CE2 lPZ

ABSTRACT

A damage model is proposed based on the idea that physical damage

changes the moduli of the composite. By nondestructively mcnitoring these

moduli during fatigue, damage growth can be determined. A critical or "terminal"

damage is then defined, so that the moduli allow the residual life to be

calculated. Empirical laws are derived for damage growth as a function of i 4
the stress range, mean stress and the terminal damage. These laws can be

used to predict the shape of the S-N curve, and lives and damage growth

rates under variable amplitude loading, with reasonable accuracy.
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INTRODUCTION

During fatigue of a fibrous composite, damage accumulates within it.

The damage may have several components: fibre breakage, matrix cracking,

delamination, axial splitting, decohesion between matrix and fibre, and so-

forth. The damage can be monitored non-destructively by measuring one of

the properties of the composite: the moduli, for instance, or the electrical

conductivity, or light scattering, or the X-ray absorption, or ultrasonic

attenuation, or the damping coefficient.

The Damage Model

Let fatigue damage be measured by the variable D. At the start of

life D is zero unless damage D. has been introduced during fabrication, or1

by earlier history. Cyclic loading causes damage to increase from D. toi

D at which failure occurs.
f

Let the damage growth rate depend cn cyclic stress range Ac, the load

ratio R, and on the current value cf D. Then, at constant temperature and

frequency,

dD/dN = f (ac, R, D) (1)

This can be integrated to give the lifetime, Nf:

D
N D dD (2)f f(AYo, R, D)

The difficulty is that we do not know the function f. But modulus can be

measured to monitor damage. If a relation exists between axial modulus E

and the damage D: q

E = E g (D) (3)
0

where E is the undamaged modulus, then
0



1 dE_
E dD - g' (D) (4) -

0

where g' means the derivative of g with respect to D. Using the chain rule

for differentiation and substituting into eqn. (1), we find:

1 dE -1 (-)) f(Ao, R, g (-)1 (5)
E dN "'g('E E
0 0 0

where g is the inverse cf g:

D =g- () (6)
E
0

This equation suggests two alternative approaches to studying damage in com.osites.

First, a damage-accumulation function, f(Aa, R, D), can be guessed or inferred

from a model, inserted into eqn. (5), and the result compared with experiment.

Alternatively, data can be gathered for E/E as a function of N and, knowing

g(D), f(Aa, R, D) can be determined experimentally, using:

1 1 dEf (Aci, R, D) =-(7)
-1E E dN

g(g ) o
0

To do so, the right hand side of the equation is evaluated for a range

of values of Aa at constant E/E and constant R, for a range of R at constant
0

AO and E/Eo, and for a range of E/E at constant AG and R. The function
0 0

f is then determined from a plot of the results.

General Fatigue Behaviour of a Quasi-Isotropic Carbon Fibre Laminate

In tension-tension fatigue matrix cracking and delamination occur.

The first appearance of damage is of matrix cracks in the 900 plies, followed..

by matrix cracking in the 450 plies, and edge cracks (small delaminations)

at the 45°/90 ° and 90°/-45' ply interfaces. The edge cracks at the 90°/-45 °

interfaces beccme dominant and grow in from the edge as a large, single,

.0 l



or occasionally two or three large, delaminations. The longer the fatigue

life, the more delamination growth takes place before failure. If the fatigue

life is sufficiently long, the 00 plies become extensively damaged, essentially

in the form cf fibre breakage and longitudinal splitting.

Damage Caused by Delamination

The theoretical axial modulus of a balanced, symmetric laminate is

(Jcnes, 1975)

1
E - (8)
0 XI1 t

where X is the first element of the inverse extensional stiffness matrix
11

(A.. - ) and t is the laminate thickness. Then, if we assume that one or

more interfaces delaminate completely, splitting the laminates into two or

more separate sublaminates, all of them subjected to the same longitudinal

extension (but no longer the same transverse strain), the new stiffness is

*:

m E. t.
= i (9)

i=l

where E* is the new stiffness of a laminate where one or mcre plies have

completly delarinated, m is the number of sublaminates formed, E. is the
i

laminate stiffness of the ith sublaminate, and t. is the thickness of the

ith sublaminate.

The stiffness E of a partially delaminated specimen can be calculated

using a linear rule cf mixtures (O'Brien, 1982):

*!
A

E = E + (E* - E ) - (10)
0 o A

0

where A is the delaminated area, A is the total interfacial area, and E*
0

is given by eqn. (9).



Figure 1 shows that E* (corresponding to total delamination of the

relevant interfaces) is 0.65 E . There is an empirical linear relationship

between stiffness and delamination size. In the delaminated strips at the

edges of the specimen, cracking of the off-axis plies is so comrlete that

their contribution to the laminate stiffness can be totally ignored. In

the undelaminated areas, however, we must assign undamaged moduli to the

off-axis plies.

We now define our damage D as the normalised area A/A eqn. (10),
0

within which only the 00 plies are undamaged. Thus the function g(D) in

eqn. (3) can be expressed as:

0

g(D) = 1 - 0.35 D (11)

for our CFC laminate (see Figure 1). Then:

D = 2.857 (1 - E/E ) (12)

and from eqn. (7):

f(a, R, D) -2.857 (13)

•-2 E dN
0

*The Damage Rate as a Function of the Stress Amplitude

The stiffness reduction rate for all specimens was calculated by fitting

. a least-squares regression line to the appropriate section of stiffness reduction-

cycle curves. The damage rate dD/dN was then calculated using the derivative

with respect to N, of eqn. (12):

dN 2.857 - -) (14)
*N E dN0

Figure 2 shows the damage rate dD/dN as a function of stress range

A. All the data are for a load ratio R = 0.1. Each point represents a

different test. Both axes are logarithmic.
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There are th-ee regimes of behaviour:

(1) Below a threshold stress of about 250 MPa, no damage forms.

(2) A power-law relation between dD/dN and Ao over most of the stress

range.

(3) At stresses approaching the ultimate tensile strength of the material,

we cbserve essentially static failure.

A least-squares regression line fitted to the data points between

AT = 240 MFa and 480 MPa, R = 0.1, gives the following empirical equation:

dO -5 A)6.393
dD 9.189 X 10--5  (15)
dN aUTS ..

with a coefficient of correlation of 0.964. The mean ultimate tensile strength,

TS= 586 MPa.JTS

Equation (15) is shown in Figures 2 and 3 as a solid line.

The Damage Rate as a Function of the Mean Stress

Figure 3 is another log-log plot of damage rate dD/dN as a function

of stress range AO. However, all test results, at different load ratios

* R, are shown. The numbers next to each point indicate the value cf R at

which the test was conducted (when R = 0.1 this is omitted). Inspection

of this plot shows a mean stress effect. For example, when Ac = 220 MPa,

increasing the mean stress from R = 0.1 to R = 0.53 accelerates the growth

rate by at least i factor of 4. Similarly, tests runs at A0 160 MPa with

-P 0.6 show growth rates comparable to those one would expect if there were

no threshold behaviour, and the power-law relation obeyed.

The data are replotted in Figure 4 as the damaqe rate dD/dN as a function

of the mean stress. Each set of points represents a different stress range.
, p

For a given stress ranqe, there is a limited ranqe of mean stresses that

can be applied, without qing into compression, or exceeding the UTS of the
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laminate. The mean stress effect seems larger at low stress ranges. However,

the effect of the mean stress on the damage rate, is much smaller than that

of the stress range.

Least-squares regression lines were fitted to the data for Ao= 225,

160, 100, 60 MPa in turn. The slopes were 2.88, 2.74, 2.60, 2.61, respectively.

Taking the average slope, we have:

* N

dD 2.71- , (a ) (16)
dN m

The Terminal Damage

Figure 5 is a plot of normalised stiffness E/E versus cycles; all
0

the curves for tests with the same maximum stress a = 517 MPa; but with
max

different stress ranges. Though the damage rates and lives very considerably,

the amount of stiffness reduction at failure is reasonably constant. This

suggests that the failure criterion is determined by the maximum stress.

Figure 6 shows the variation of stiffness reduction at failure with

maximum stress applied. The horizontal axis is subdivided into two parts.

For (1 - E/E ) < 0.35, the only damage present is DI, the damage due to delamina-
0

tion. Above (I - E/E 1 = 0.35 any extra stiffness reduction is due to fibre

breakage and splitting of the 00 plies.

The scatter is large, but there is a linear relation between maximum

stress and damage at failure. Plotted on Figure 6 are lines of constant

elastic strain to failure. Talreja (1982), O'Brien (1982 ) and earlier theories

such as the maximum strain criterion (Jones, 1975) have postulated that the

critical failure parameter is the applied strain.

In a load-controlled fatigue test, as E decreases due to cycling,

the maximum strain c increases. When E = E failure occurs.
c
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Under static loading, assuming no stiffness reduction,

UTS (17)
c E

0

After cycling at some maximum stress a , the strain is:

max 

max (18)
E

where E is the reduced modulus due to damage.

Rearranging eqns. (17) and (18), and using eqn. (12), we have, at

failure,

Df 2.857(1 - E f/E o ) = 2.857 (1 - max la ) (19)

The lines plotted for a = 550, 600, 650 MPa respectively. The
UTS

data is reasonably well explained by this hypothesis.

General Equation of Behaviour in Tension, and Prediction of the S-N Curve2

In the range AO 240 MPa to Au = 480 MPa we have:

dD 6.393
dN 9.189 X A0--_) (15)

OUTS

for R = 0.1, where the mean ultimate tensile strength, a = 586 MPa.UTS -..,..

The effect of mean stress is such that, at low stress amplitudes,

dd (R > 0.1) 2.71
dDm (20)( -) = ') X (o R [ (20)

*dN dN a (R =0.1)
R>0.1 R=0.1 m

The amount of damage at failure, Df, is determined by the maximum

applied stress:

*1
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Omax)

Df = 2.857 (1 -m (19)
oUTS .

Recalling eqn. (2), and substituting for f(Ao, R, D) from eqn. (15),

then:

Df 4 A0 -6.393
Nf = f 1.o88X o4  dD (21)

D.0
I  UTS

At the start of the test D. = 0. D is determined by eqn. (20); as
1 f

the damage rate calculated from eqn. (14) is valid only for R = 0.1, we

substitute in for a in terms of Ao,
max

Acr
a - - 1.11 AG (22)
max 1 -R

Equation (21) then reduces to:

4 -6.393 1.11 G
N= 3.108 1 -- ( ii (23)

0UTS UTS

and if R 0.1:

4 -6.393 a (R = 0.1) 2.71 .
Nf 3.108 10 A ) m - max (24)

f - a (R > 0.1)0
aUTS m UTS

This will underestimate the life at high stress ranges, as the mean

stress exponent of (2.71) was calculated using low stress amplitude data.

Figure 7 is the S-N curve for the laminate (R = 0.1). The life predicted

from eqn. (23) is also plotted for aUTS = 550, 600, 650 MPa respectively.

The effect of changing aUTS by 100 MPa is very small at the low stress, high
UT

cycle end of the range. However, the high stress, low cycle region is very

sensitive to a change in the assumed tensile strength.

0 .



Agreement betwen observed and predicted lives to failure is good,

though this agreement merely verifies that there is no inconsistency in our

* treatment so far. However, we could predict the S-N curve for other R-ratios,

given than R > 0.
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Discussion of Section VII

Dr Lyall was asked whether fracture mechanics testing is practised during

manufacturing runs. The answer given is "yes" in the case of PVC pressure

pipe manufacture.

Dr Beaumont's presentation stimulated discussion on the origin of the fatigue

" damage ultimately responsible for the failure of fibre reinforced plastics.

- This discussion included comments on the physics of adhesion between

*" reinforcing fibres and plastics. It appears likely that the adhesion between,

say, fibreglass and epoxy resin lies in the "no man's land" between

physisorption and chemisorption. It was pointed out that, even for the

simplest of systems, such as the adsorption of argon gas atoms on freshly

cleaved graphite crystals, rigorous theoretical models have still not been

satisfactorily developed.
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Session VIII: Vibrations, elastic waves and ultrasonics
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VARIABLE FREQUENCY ULTRASOUND DETECTION OF PHYSICAL CHANGES

IN GELS AND SOLIDS

Norman Barraclough

Instituto Eduardo Torroja, Consejo Superior de Investigaciones Cientificas

Avda de la Paz s/n, Chamartin, Madrid 33, Spain

Summary

Variable frequency ultrasound waves have been passed through fresh cement

paste specimens. At 5-minute intervals a continuous scan over a range of 30

to 60 kcl (kHz) of ultrasound frequency has been applied to the specimen and

the energy transmitted by the specimen has been recorded graphically. In

about five hours the paste evolves from a near gel to a solid. The data

*, permit a three-dimensional study to be made of the setting process: as a

function of time (X); rate of energy transmission (Y); and ultrasound

frequency (Z). It is observed that as a general trend Y increases with X for

* all values of Z. But for certain values of X and Z there are inflections of Y

* which indicate energy absorption by the paste for narrow ranges of time and

ultrasound frequency. For approximately the same values of X but other values

of Z the value of Y may not show an inflection, suggesting that the paste

structure at a given time during its physical evolution resonates for certain

frequencies of the ultrasound. It is suggested that this technique may be

*O more generally useful for monitoring structural evolution of materials,

including polymers.

Introduction

Many materials start as gels or near gels and, as a consequence of chemical

and/or physical change, they subsequently become recognisable as solids. Such

• iphysical and/or chemical transformation can be followed by passing through the

material ultrasound (elastic) waves and recording the amount of ultrasonic

energy the material transmits per unit time as its elastic properties evolve.

.- This permits the determination of energy/time relationships which purport to

0:i



correspond with specific changes and discontinuities in the evolving

properties of the material.

There is a further and more useful property. If the ultrasound waves applied

to the material cover a certain range of wavelengths, all of which are applied

at each time interval for which a record is taken, it is possible to discover

if the energy/time relation is also dependent on the ultrasound frequency.

This in turn can lead to correlations between ultrasound frequency and

specific variations in the energy/time diagram and hence to identification of

stages in the evolution of the material that are more sensitive to specific

ultrasound frequencies. In the study of polymerisation, especially when this

proceeds at relatively slow rates, it is likely that individual physical and

chemical processes can be closely monitored by passing a range of ultrasound

frequencies through the material at suitable intervals and noting changes in

the energy/time relation for different frequencies.
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In tests carried out during the setting of cement paste, utilising both

constant and variable frequency ultrasound, experimental results show

inflections in the energy/time diagram (see Fig. 1) which suggest resonance

for transmission by certain structures of the setting paste. That these

inflections are attributable to resonance is supported by changing the
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frequency of the ultrasound and noting that the inflections are usually

displaced to another point of the real-time axis (see Figs. 2 and 3). Also,

these inflections cannot be attributed to temporary decreases in the elastic

properties of the evolving material, since simultaneous records of the

ultrasound velocity through the specimen show a uniformly increasing velocity

with time (see Fig. 4).
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Ultrasound energy transmission in evolving materials

The transmission of ultrasound waves by a material relates to its elastic

properties and hence to its microstructural discontinuities and organisation.

If the microstructure is complex and without clear-cut interfaces between its

various phases, only statistically sampled results about its general physical

properties may be deduced from its transmission of ultrasound. The amount of

energy passing through a material undergoing fairly rapid physical and

chemical changes is mainly a consequence of changes in elastic properties.

However, if the relationship between real-time and energy shows clear

inflections such as are evident in Fig. 1, the like of which cannot be

attributed to uniformly progressive phenomena such as progressive curing

(polymers) or progressive hardening (cement) but indicate events that occur

* within narrow time intervals of the whole, then these inflections presumably

reveal additional facts about the evolution of the material. Thus, the

energy/time diagram is a useful source of data for the structural analysis of

an evolving material. This technique becomes much more powerful if constant

frequency ultrasound is substituted by a variable frequency source of

ultrasound so that a given range of frequencies of ultrasound energy can be

applied at regular time intervals. In the present investigation it has been

*found that the specific inflections in the energy/time diagram are dependent

O* on both the real-time and the frequency of the applied ultrasound (see Figs. 2 -

and 3).

The material chosen for the investigation reported here is cement paste during

P its initial setting process. Cement paste is a complex material consisting of

powdered clinker (containing mainly tricalcium silicate, bicalcium silicate,

. tricalcium aluminate and tetracalcium ferrite aluminate) and water, which

combine chemically to form, in the course of a few hours, a solid material

* that continues to harden during many weeks. The hardness asymptotically

approaches a maximum value at very long time. Physically, the cement paste

changes from an initial quasi-colloid substance during the initial minutes

after mixing to a more or less rigid solid after about an hour and the

* subsequent progressive hardening is believed to correspond to increase in the

proportion of crystallized material.

6-
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Experimental details

Cylindrical specimens weighing about 300 gm and measuring 3.5 cm in diameter

and about 8 cm in height were cast from fresh cement paste, in which the

proportion cement/water was slightly varied from one batch of tests to the

next. Each specimen was placed in a plastic cylinder open at both ends.

Specimens thus encapsulated were placed vertically with flat ends between two

ultrasound transducers, one emitting and the other receiving the radiation.

Acoustic contact with the emitter was made through a grease layer (Fig. 5).
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Ultrasound energy recording was started about ten minutes after the cement and *'1
water were first mixed. Initially the specimens were soft and malleable and

lacked all obvious signs of rigidity and elasticity. The signal reaching the

receiving transducer was amplified and recorded on tape. The amplified signal

(decibels) was used as a measure of energy. The signal was also displayed

shown as trains of impulses on the oscilloscope (Fig. 6). Fig. 1 shows the

energy/time relationship recorded as the specimen sets to a solid. Fig. 6a

shows the ultrasound wave train received at a stage of inflection of the

energy/time diagram, and Fig. 6b shows the wave train received at a later

stage in the setting of a specimen at which time the diagram energy/time

reveals no inflection.

The results of tests using constant frequency ultrasound show that the

transmitted energy increases with time. Taking the smooth envelope of the -

data as an approximation for the overall behaviour, the relation between the

energy and time we find is:

log E = t1 /n + K (1)

where E is the energy transmitted in unit time, t is the time from the start

of the cement setting process and n and K are constants. n lies between 2 and

3. It should be noted that this expression seeks only to roughly describe the

E/T relationship. It does not include any inflections, some of which give

rise to deep minima.

Inflections are sharper and more frequent during the earlier part of the test.

In the later stages of setting they are more extensive along the time axis and

less extensive along the energy axis.

Inflections are thought to be indicative of chemical changes in the paste,

such as large scale readjustments in the molecular structure. As already

pointed out, they cannot be attributed to sudden changes in elastic properties

of the material because such changes would produce changes in ultrasound
velocity. Velocity/time data reveal no inflections and, in most cases, the

velocity increases continuously with increasing time. The probable

explanation of the E/T inflections is that they are due to energy absorption

,0°
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associated with resonance. There are chemical phases in the paste which, when

transmitting elastic waves of certain ultrasound frequencies, are stimulated

to resonate. If these resonating masses vibrate within less hardened paste

that separates the more rigid structural masses from each other, it is likely

that energy is absorbed in the form of heat generated by internal friction.

* Experiments with variable frequency ultrasound

To achieve variable ultrasound frequency the emitting transducer was connected

to an electronic frequency modulator so as to cause the quartz element to

vibrate at frequencies other than its own natural frequency. This arrangement

proved quite successful and the intensity of the waves emitted by the

transducer was almost constant over a range of about 30 kcl (kHz) centred on

its natural frequency (which in this case was about 45 kcl). Consequently it

was possible to apply to the cement specimens frequencies in the range 30 kcl

* (kHz) to 60 kcl (kHz). Since the full range of frequencies cannot be applied

simultaneously, the procedure adopted was to make scans over the range of

frequencies at frequent intervals, say every 10 minutes. An automatic device

was set up whereby the range of frequencies was covered in about 2 minutes,

and an energy/frequency diagram was obtained for each successive scan. A

sequence of such scans, taken at 15-minute intervals, is shown in Fig. 2. The

results were then transferred to a three-dimensional diagram.

Separate two-dimensional diagrams, obtained at consecutive time intervals,

show that the precise location of an inflection, referred to the time axis,

* corresponds to a certain frequency in the frequency axis. However, at a

- different frequency, the "same" inflection may appear at a different time on

the time axis; hence, by altering the frequency, the inflection at a given

- time on the time axis can be made to disappear. Fig. 3 shows the approximate

continuity of inflections in the frequency/time plane. Most such inflections

tend to appear at higher frequencies as time elapses. This suggests that the

inflections in the amount of energy transmitted by the paste are due to energy

absoiption caused by the resonance of specific microstructures in the setting

* paste under the action of specific ultrasound frequencies, and as the cement

paste structure evolves, so the resonating structures also change in such a

* way as to become resonant to higher frequencies. When the cement paste has



set quite hard such resonating inflections disappear. This observation is

attributed to the fact that the material develops into a more uniformly

structured mass, i.e. into a mass with more uniform elastic properties.

Monitoring the curing of a polymer (polyester)

A cylindrical specimen of a polyester resin was prepared and allowed to cure

at room temperature over a period of about five hours. During this time a

variable frequency scan was taken of the material at selected intervals. The

sequence of energy/frequency diagrams shows a fairly uniform repetition of

shape, the main difference being in the increase of energy transmitted at all

frequencies as the curing proceeds. The results further demonstrate that the

material has a complex resonating capacity in terms of frequencies, although

this seems to remain fairly constant throughout the cure process; see Fig. 7.
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Conclusions A

The propagation of ultrasound, and in particular the nature of propagation of

variable frequency ultrasound, has the following useful features when studying

rapidly evolving microstructures.

1. A real-time record of the energy transmitted by the material during the

course of its transformation gives information about the elastic

properties during the process of change. Detailed analysis of the

relationship between the rate of energy transmitted and the real-time

can be related to individual phenomena. For instance, observation of

an exponentional relationship between energy transmitted and time may

indicate that the sources of change (e.g. the origins of curing, of

setting, or of solidification) are increasing at any time t in direct

proportion to the density of such sources. It is postulated that this

could be so in a crystallization process which develops uniformly from

every region of material already crystallized. In expression (1), an

exponent n = 2/3 is compatible with the mass of the crystallized

material growing uniformly from all its surface. On the other hand, if

the crystallized matter consists mainly of linear threads, which mainly

grow along their lengths, an exponent of about 1/3 is expected.

Combinations of both morphologies would lead to exponents - 1/2.

2. Variable frequency ultrasound offers the possibility of obtaining

information about the nature of separately vibrating masses that may

_ develop in an evolving material in the course of its physico-chemical

* - transformation. By subjecting the material to a periodic scan covering

"" a range of frequencies it is possible to detect at what real-time

values and for what frequencies there are resonances between the

0 material - or parts of it - and the applied variable frequency

ultrasound transducer. If at a time tI a resonance is discovered for a

frequency fl and at a subsequent time t2  the displaced resonance

appears at a frequency f2, it is possible to estimate the rate of

0 development (change in size, in stiffness, etc) of the possible

vibrating masses which resonate first at frequency fl and later at

" frequency f In general, by constructing a three-dimensional map
.2"



defined by the real-time ixis, the rate of energy transmission of the

material, and the ultrasound frequency, it is possible to follow the

inflections due to particular resonances, as these inflections become

displaced along the time-trequency surface; see Fig. 3.
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ULTRASOUND REFLECTION TOMOGRAPHY OF CRACKS IN POLYESTER RESIN

M. Moshfeghi and P. D. Hanstead

University of Bristol

H. H. Wills Physics Laboratory, Bristol BS8 lTL, England

*' Abstract

A new technique has been developed for carrying out real-time

ultrasound reflection tomography using cylindrically diverging beams with
highly damped broadband probes. The carrier information of the pulse is
dispensed with and only the peak of the rectified rf pulse and its
corresponding time of arrival are used for the reconstruction. A simple
deconvolution filter has been used to remove the blurring caused by simple

0 backprojection. Computer simulations are presented illustrating the

deconvolution accuracy. Experimental images show resolution of wavelength
order. Images of real defects in polyester resin samples are obtained by
using compression waves.

Introduction

Ultrasonic tomographic imaging is a powerful diagnostic tool in Non-
- -~ Destructive Testing (NDT) and medical imaging. In NDT applications, defect

location and sizing information are obtained from the image. Medical imaging
provides early diagnosis of diseased tissue by painless non-invasive
methods. Transducers used in pulse-echo mode are still the most widely used
arrangement in NDT and medical imaging. The parameter reconstructed is the
reflectivity distribution through the object. The most widely used
technique, B-scan, produces poor lateral resolution compared with range

resolution. One way to overcome this is to do compound B-scanning with some 2
deconvolution processing to remove blurring 1, but this requires long

scanning times and large amounts of data to be processed.

A new broadband pulse-echo technique for reconstructing a cross-
sectional picture of acoustic reflectivity has been reported 2,3 which
achieves high resolution in both range and lateral directions. A broadband
diverging wavefront acoustic pulse is emitted from an omnidirectional
transducer into a 2D reflecting medium and the resultant backscattered U

* echoes are recorded as a function of time at the receiver. It is assumed

that the speed of sound is constant over the region of interest and that the
' amplitude of the wave backscattered from any scatterer is independent of the

direction of the impinging wave. Under these assumptions, when the same
*? transducer is used as the receiver, the rf backscattered echoes represent

line integrals of the acoustic reflectivity over concentric arcs centered at
the transducer position as shown in Fig. 1. When a different transducer is
used as the receiver, the line integrals are along ellipses whose foci are
the transmitter/receiver positions. The ellipse represents the locus of
points of equal transmitter-receiver pair round trip time. By translating

the transducer(s) over a suitable aperture the image can be reconstructed.
* Apertures frequently used are circular and line apertures.
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Fig. 1. The same transducer used as a transmitter and receiver. The
echo sequence' forms a projection representing line integrals of the
acoustic reflectivity over concentric arcs centered at the transducer
position.

Both of the above assumptions break down in real materials, in
particular the second one in NDT applications, where defects are often
strong specular reflectors and only visible to a limited portion of the
aperture. Thus the concept of the point spread function (PSF) as the single

* point resolution of the imaging system is not totally valid, but it is still
a good indicator and useful in testing the maximum theoretical resolution of
the reconstruction algorithm. In the analysis to follow, time delays along
extremum paths (between the point reflectors and the probe) are used for
image reconstruction rather than diffraction theory. These ray paths are
however, often the same or nearly the same as the characteristic solution

6 lines to the wave equation, which includes diffraction effects. Thus,
although some energy travels along diffraction paths, a large proportion
travels along the extremum ray paths as assumed here.

The data recording for a circular aperture, using a single probe, is
shown in Fig. 2. The reflectivity of the object in the plane of the
transducer motion is f(r,e), where the origin of the polar coordinate system

K- is the center of rotation for the probe, along a radius R. Let the resultant
* echo data recorded at the same transducer as a function of time be g,(t),

where t-2p/c and p(o,r,e) is the distance from the probe at (R,O) to the
object point reflector at (r0,90). It is to be assumed that the receiver
gain corrects for attenuation. The simple backprojection of the signals

,t)for every angle 0 round the object without prior filtering gives rise
F to an image Z(r,O), where

Z(r, 0) f go(t) dO 1
0

6J
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Fig. 2. The data recording geometry
for a circular aperture. The probe
is at (R,$) and a point reflector is
at (r0, 0).

Thus, to reconstruct the image, the amplitude of the A-scan evaluatedat time 2p/c is smeared back over an arc of radius p in image space. This is

* repeated for each point in each of the A-scans at different transducer
- positions and the contribution from them superposed to form the image.

The line-integral interpretation of the recorded echo data leads to the
" intuitive idea that the echo data generated by the transducer can be

regarded as 1D projections of the 2D object f(r,O). In comparison with X-ray
tomography projections of an unknown density function, these acoustic
projections of the reflectivity function f(r,e) seem distorted because the
wavefronts are diverging and the integration paths are curved. However if
the object is small compared with R, the paths that intersect the object are

. nearly straight. This approximation is quite analogous to the paraxial
" -approximation in optics. Another fundamental difference between ultrasound

reflection tomography and X-ray tomography is that in the former, if the
beam covers the object, one transducer position gathers reflectivity

. - information from all the object. But in X-ray tomography the source-detector
pair has to be moved over an aperture for an equivalent amount of
information about absorptivity.

* In the classical convolution/backprojection, the projections are along
straight lines. Simple backprojection of projections of a point object
results in an image with a star shape blurring. The superposition of a
continuous set of lines around the point is equivalent to the rotation over
a circumference of 2nr. Thus, intuitively, the PSF for a point object is
I/r. Mathematically, the Fourier coefficients of the simple backprojected
image are equal to the exact Fourier coefficients divided by the frequency
vector.Analysis has shown that a superior reconstruction can be achieved by
first convolving each projection with a filter function, and then
backprojecting the modified projections 4,5. This is called convolution
backprojection. The filter functions are derived by Fourier inverting the
frequency vector ( reciprocal space radius ) and usually have strong
central maxima with symmetric heavily damped bipolar sidelobes. The
filtering operation then effectively weights the projections with the
frequency vector and results in a correct image.

case- Returning to the simple backprojection along circles for the ultrasound
case, it has been shown 2 that if very wideband pulses are used then eqn.

- (1) becomes



Z(r,O) = [ (/r) * f(r,e) ] + E(r,e) (2)

Where * denotes convolution. The first term in eqn (2) is the usual 1/r
blurring for simple backprojection along straight lines. The second term is
an error term which is a resultant of the curvature of the circles. For the
point reflector at (ro, o) we have

c(r,8o ).O and lim E(r,B)O (3)

Thus at the point reflector the error term is zero but it increases as
the distance from the point reflector is increased because the curvature of
the circles makes the line integrals depart from straight lines. Also in the
limit of R-i-= the integral paths tend to straight lines and the error term
vanishes.

There are two different approaches to removing the blurring. Iterative
techniques similar to those for X-rays could be modified for curved rays and
employed. These methods, however, result in long processing times.
Alternatively, analytical methods could be employed which would not take
into account the error term above but could be done in much shorter
processing times. Here the projections are first convolved with a deblurring
kernel and then backprojected. This makes the impulse response of a point
reflector look like the kernel in data space and achieves diffraction
limited resolution. The deblurring kernel used for our images is the - - "
empirical two term simple filter of Fig. 3.
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Fig. 3. The simple filter used for deconvolution.



One method to avoid the need for the convolution is to transmit a pulse

which takes the shape of the deblurring kernels. This way, the projections

need not be modified and can be backprojected as they are. In practice,
however, it is difficult to control the shape of the transmitted pulse and

pulse shape does change in travelling through the object.

Data reduction

The real-time system to be developed is shown in block diagram form in

Fig. 4. The object is first scanned and data gathered. The data is then

processed and the image displayed. The main problem in attaining a real-time

system is reducing the processing times. Other researchers working towards

similar systems have come to the conclusion that real-time systems are not

feasible without the use of array processors 7. Our approach is to reduce

the amount of data to be processed by discarding redundant information and

aim towards a cheap microprocessor-based setup.

CONVOLUTION IMAGE
SCANNING DSLPROCESS ING D ISPLAY

Fig. 4. A Block diagram of the imaging process.

. The data reduction method used by us is well suited for short pulses
and can be used where the image field is uncluttered, as is the case for
most NDT problems. In narrowband systems, spatial information about the
object is conveyed on phase measurements of long pulses. In wideband pulse-
echo techniques, however, information is conveyed on the basis of echo-delay
measurements of short pulses. Under such circumstances, the function of the
phase information of the short pulses is to suppress sidelobes after
backprojecting the projections. The same function, however, could be
realized by a much simpler method which would not require backprojecting the -

- full shape of the waveform and would result in much faster processing times.

Consider the three echoes in Fig. 5(a). The peak of the pulses can be
used as an accurate indicator of their arrival. For each of the pulses the
entire pulse is replaced by a rectangular pulse that spans one data sample

* centered about the rectified pulse peak, and takes on the amplitude of the
peak as in Fig. 5(b) (for our setup, rectification is done in software). The
uncertainty depends on how fast the waveforms are sampled but these average
out because of their random nature. One could alternatively replace the peak
by more than one data sample, or reconstruct the image on a coarser pixel
size. This artificial pulse sharpening process is equivalent to digital
filtering of the echoes by an ideal spiking filter 8 , but does not consume

.-. . the computation time of the former and has been used by other authors 9. If
the resulting pseudo-delta functions are backprojected, the 1/r blurring -

* . will result. The simple filter of Fig. 3. is used to remove the blurring.

" The result of convolving the kernel with the pseudo delta functions is the
kernel itself, scaled according to the amplitude of the delta functions



as shown in Fig. 5(c). Thus, the impulse response of point scatterers has
been made to look like the deblurring kernel in a controlled manner. The
negative sidelobes of the kernel perform the same deblurring and sidelobe
suppression function that the phase of the original rf waveform did. For a
point reflector the mainlobe of the kernel would give a positive
contribution to the intensity at that point for all the projections. On the
other hand, for points near and around the point reflector the negative
sidelobes of the kernel will counterbalance the positive contributions from
other projections and thus remove some of the blurring.

Pulse-echo data

(a) L f
* Rectified peak

pulse formation

(b)

Convolution with

the simple filter

(C)

Fig. 5. The data reduction process. (a) The original pulse-echo data.
(b) Replacing the pulses with pseudo-delta functions centered at the
position of the peak of the pulses with magnitudes of the modulus of
the pulses. (c) The modified projections obtained by convolving (b)
with the simple filter.

Another method to reduce the processing time has been the choice of the
weighting functions used for correiating the ray interaction with the
pixels. In X-ray tomography, various weighting factors are used like the

-"area of intersection between the pixel and the ray, or the distance from the
center of the pixel to the center of the ray. These choices are, however,
lengthy to implement on a computer. Our choice of the weighting function has

0O



been a simple one of 1 or 0, where 1 is assigned to the pixel with its
center closest to the ray center and 0 to the rest. This reduces computation
time considerably but is less accurate. The improvement one gets by using
more complicated weighting functions, however, is very slight and in our
opinion is not worth the additional computation cost. If the picture is
reconstructed on a coarser pixel size than the sampled data then the need
for these weighting functions disappears anyway.

Line aperture

The data recording process for a straight line aperture is shown in
Fig. 6. Cartesian coordinates better suit this geometry. Consider a point
reflector (xoy o ) in the x--y object plane. As the probe is moved along the x
axis, its output generates a hyperbola in the x-p plane (data space) given
by

P Y2 + (XoX) 2 ]1/2 (4)

P=[Y

. .Fig. 6. The data recording geometry

for a line aperture. The probe is

moved along the x-axis and there is a
point reflector at (xooy0 ).

x. T/R

Much work has been done by other authors 1O,11,12 to use hyperbolic
delay-summing so that the A-scan signals at different transducer positions
arrive in phase with one another. The scattering amplitude at each pixel is
reconstructed by integration along the hyperbolic curve unique to that
pixel. This technique has been named Synthetic Aperture Focusing Technique
(SAFT). Although one would expect the process of delay-summing to be
equivalent to convolution backprojection, it has been shown that the latter
method is capable of a better PSF for wideband pulses 6

0
Computer simulations have been written to generate echo data by

reflecting a given pulse from isolated point targets. These data are then
used to reconstruct an image of the targets. The sampling rate simulated is
11.84 MHz which in water corresponds to a spatial sampling of 1/16th of a
mm. The transmitted waveform is assumed to be a positive rectangular pulse

0 of 85ns duration. This is an easy choice as it represents one data sample
with the above sampling rate.

The first simulation attempted was for a point target at * -

X0 64mm,Y 0 64mm, with one transducer transmitting and receiving so that

backprojections were along circles. A 128mm aperture from X=Imm to X-128mm0•



was simulated on the Y=0 axis, along which the transducer was moved In 1mm
steps so that 128 circles were backprojected. Fig. 7 (a). is a 32 by 32
pixels isometric plot of the resultant simple backprojected image, whereepixel size is imm and the vertical axis is the normalized reconstructed
reflectivity. For an ideal image one would like just a delta function at the
reflector position but the blurring is clearly evident, as are the missing
zones in it due to the finite aperture. Fig. 7(b). shows a cross section
plot along Y=64mm, which is the line AB in Fig. 7(a). A plot of Il/xI
centered at the reflector position is superimposed for comparison with
theory. Clearly, due to the curvature of the circles and the error term in
Eqn. (2), the blurring is less than that for straight lines. If the
projections are convolved with the simple filter of Fig. 3 before
backprojection, the resultant backprojection becomes that of Fig. 7 (c). The
cross section plot along Y-64mm, which is line CD on the diagram, is shown
in Fig 7(d). The blurring has largely been removed.
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Fig. 7. Computer simulations for a linear aperture with backprojection
along circles. (a) The simple backprojection image. (b) Cross section
plot of (a) along AB with l1/xi superimposed. (c) Image obtained by
convolution backprojection using the simple filter. (d) Cross section
plot of (c) along CD.

An array with 128 elements from X-lmm to X=128mm, with element spacing
of Imm, was simulated. Data for the same point reflector as before was
generated but this time each element was used as a transmitter and all
others (including the transmitter) receiving at the same time. This process

* was repeated for all the elements. The process of simple hackprojection of
* the data along ellipses results in the isometric plot of Fig. 8(a) with the
*corresponding cross section plot of Fig. 8(b). The first thing to note is

that the blurring is much worse than that for circles. Secondly, the
blurring is much closer to the l1/xI blurring than the blurring for

*
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circular backprojection. This is because the degree of curvature for

ellipses near the point reflector is less than that for circles. The

convolved image with the simple filter is shown in Fig. 8(c) with the cross

section plot of Fig. 8(d). Although the blurring is decreased, the PSF is
much worse than that of Fig. 7(d). This is in agreement with Norton 6 who

found similar degradation in the PSF of backprojection along ellipses as

compared to circles for a circular aperture.
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Fig. 8. Computer simulations for a linear aperture with backprojection

along ellipses. (a) The simple backprojection image. (b) Cross section
plot of (a) along AB with Il/xI superimposed. (c) Image obtained by
convolution backprojection using the simple filter. (d) Cross section
plot of (c) along CD.

With the straight line aperture of Fig. 6, an infinite aperture would
correspond to x=-- to x=+®. This would give wavelength-limited resolution.

0 In practice, however, the finite angular width of the beam, the loss of
energy towards the edges of the beam, and the impracticality of moving the
probe over an infinite line limit the data gathering to a finite aperture.
This causes the resolution to become aperture dependent and the PSF to
become spatially variant as was the case for Figs. 7 and 8. Points further
away from the probe see a smaller aperture and show worse lateral
resolution. The computer simulations above were repeated for points further
away from the probe and it was clear that the transverse resolution worsens

the further away the reflector is from the probes. Experimental images of
test objects in water show transverse resolutions (for a finite aperture)
that are about an order of magnitude worse than the resolution in the
longitudinal direction.



Circular aperture

There are many practical situations like scanning the human breast,

cylindrical rods, pipes, etc, where there is circular symmetry and a full

360 degree scan is possible. This means that all the rays within the plane
of the circle will be intercepted by the probe, making the technique

sensitive to all spatial frequency components generated by the object and

giving diffraction-limited resolution. Therefore circular apertures were

used for the experiments. The same probe was used to act as both the

transmitter and receiver. This way the backprojections would be along

circles rather than ellipses, as desired for the optimum PSF. Referring back

to Fig. 2. the point response of the reflector at (roe 0) is no longer

hyperbolic but takes a cosine form and is given by

2 2 -2rcs-O)]1/2

R2 + r 2Ro C 1/2 (5) '
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Fig. 10. Computer simulations for a circular aperture with circular
backprojecting. (a) The simple backprojected image. (b) Cross section

plot of (a) along AB with ll/xI superimposed. (c) Convolution g
backprojection image using the simple filter. (d) Cross section plot of
(c) along CD.

The computer simulations were adapted for the circular aperture and

backprojection along circles. The same waveform, sampling rate and pixel
6 size were used but now R=64mm and the target is at the center of rotation. -

The center of rotation is equivalent to the cartesian co-ordinate

X-64mm,Y=64mm and the line -O is equivalent to Y-64mm. The aperture was

sampled at 360 transducer locations in I degree intervals of 4. The simple

backprojected isometric image is shown In Fig. 10(a). Unlike the simulations
S 5 6
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before, the PSF for a full circular aperture is circularly symmetric and
spatially invariant. Thus the cross section radial plots are more
representative of the blurring. That of Fig. 10(a) is shown in Fig. 10(b)
together with I1/xI. Again the blurring is less than those for straight
lines. The convolution of the projections with the simple filter before
backprojection produced Fig. lO(c), with the cross section plot of Fig.
10(d). The PSF has a main lobe with negative sidelobes each side of it. The
negative sidelobes represent points where the negative sidelobes of the
simple filter have overcorrected the blurring around the reflector.

The same simulations of Fig. 10. were repeated but different filters
used. When the three term Shepp-Logan filter 4 of Fig. 11(a) is used as the
deconvolution kernel the cross section plot of the resultant image becomes
that of Fig. 10(b). Similarly the three term Linear Superposition with
Compensation filter 5 (LSC) of Fig. 11(c). gives the cross section plot of
Fig. 11(d). Comparing these with Fig. 10(d) shows that for the simple choice
of the weighting functions used the simple filter is better than the other
two filters if negative scores are not displayed in the final image.
Simulations for points off center proved that the resolution was spatially
invariant.
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Fig. 11. Computer simulations for different filter functions. (a) The
three erm Shepp-Logan filter. (b) Cross section plot of the
convolution backprojection image using the filter of (a). (c) The three
term LSC filter. (d) Cross section plot of the convolution
backprojection image using the filter of (c).

6

. * Dynamic range

The dynamic range of an imaging system needs to be as large as possible
in order to distinguish between reflectors of different reflectivity. The
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same geometry as Fig. 10 was simulated but with two point reflectors in the
object space. In addition to the reflector in the center of rotation, which
had a reflectivity of unity, another reflector of reflectivity 0.1 was
simulated 2mm (corresponding to 2 pixels) off center. The resulting simple
backprojected image of Fig. 12(a) and its cross section plot, Fig. 12(b),
show that the weaker reflector is totally submerged under the blurring of
the stronger reflector. After convolution with the simple filter, however,
the two are resolved as shown in Fig. 12(c) and 12(d). This example
represents an increase in the dynamic range of 20 dB.

z z"

0
0

W W

0 Il

oo

_______________- -'___________!

32 mm -2 0

* Fig. 12. Computer simulations for dynamic range. Two point reflectors
of reflectivity 1 and 0.1 in object space, 2mm apart. (a) The simple
backprojected image. (b) cross section plot of (a) along AB. (c)
convolution backprojection image using the simple filter. (d) Cross
section plot of (c) along CD.

Finite angle of view

Supposing that the dimension of the object to be reconstructed is n
pixels then the number of pixel values to be determined is about nn 2 /4. As
the echo data would also be sampled at a spatial frequency corresponding to
the pixel size then each transducer position would give n data samples of
pulse-echo data. Therefore the minimum number of transducer positions,
D, needed to determine the pixel values is

D %nl/4 (6)

These positions should be equally spaced from 0=0 to =2n. If the above
- number of positions are synthesized on a smaller aperture the Image-for .ing

capacity of the resulting data will clearly he reduced.



There are some imaging situations where the scanning is limited to a
restricted angular range because of an obstacle being in the way. If the
beam does not cover the object fully even for a full 360 degree scan some
reflectors will be seen by only a limited portion of the aperture. In
addition there is the problem of specular reflectors in ultrasonics, where
even if the above two limitations do not occur the reflector might still be
visible only at a few points on the aperture. This restriction of limited
angle in object space manifests itself into a limited angular range of
frequency components in the frequency space of the object.

The same geometry of Fig. 10. was simulated but this time the aperture
was limited to 60 degrees, *-30 to *-30, and was sampled at one degree
intervals. The respective plots are shown in Fig.13 (a)-(d). The PSF is
generally degraded with a broader mainlobe. Also evident are the conical
ridges, usually associated with a restricted angle of view, radiating away
from the mainlobe. These effects were also evident with the simulations of
Fig.7 and Fig. 8, as finite apertures were synthesized. For angles less than
60 degrees the blurring of the simple backprojection images became worse

than the Il/XI.
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Fig. 13. Computer simulation for a limited angle scanning of 60
degrees. (a) The simple backprojection image. (b) Cross section plot of
(a) along AB. (c) Convolution backprojected image using the simple
filter. (d) Cross section plot of (d) along CD.

Attenuation

Media in which ultrasonic waves propagate are lossy and the amplitude
of the waves decrease with distance. If the absorptivity of the medium is
constant then the absorption is exponential. With a cylindrically diverging
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wave the attenuation due to geometric beam spreading is also I/pI 12, where p
is the distance from the center of curvature. Thus ignoring loss by
backscattering and mode conversion, for a specular reflector distance p from
the probe the amplitude A of the returned echo is

A A x 1/(2p) 1 /2 x e- 2 p O (7)

Where Ao  is the original transmitted wave amplitude and a is the
absorption coefficient. 2p appears in the equation because of the go and
return path. For point scatterers the beam diverges spherically after
incidence on the scatterer and causes an attenuation of l/p for the return
path to the probe. thus eqn. (7) becomes

A Ao x 1/(p)31 2 x e- 2 pa (8)

If one knows the type of reflector that is being imaged the
corresponding correction can be made either in software or by altering the -

gain of the receiver. If both types of reflectors are present in the image
field an average correction can be done which would under-correct for point
scatterers and overcorrect for specular reflectors. For the images in this
paper no attenuati6n correction has been done and this seems to be tolerable
for most NDT application but for medical applications little detail in
the interior of images is seen without attenuation correction, specially
where absorption is high and large organs are imaged.

This technique is inherently a near field imaging technique because of
the 1/pl/ 2 sound pressure decrease of the cylindrical beam. With long pulse
probes there are large scale pressure fluctuations in the near field and
these would have to be included in the attenuation correction. Short pulse
probes, however, have much reduced fluctuations and produce better range
resolution. As the latter are to be used for this technique these small
pressure fluctuations produce minimum degradation in images even though
they are not corrected for.

Experimental images in water

One of the questions being addressed has been to determine how few the
number of levels the amplitude of the waveforms is quantised to needs to

.. become before the images become inadequate. All the images presented in this
* paper have been produced with at most 8 levels (3 bits) of amplitude

information and the images are more than adequate. The images have been
reconstructed on a 128 pixels square grid. The sampling rate of the
waveforms was 11.84 MHz. It was found that 90 to 120 transducer positions
gave acceptable results and more transducer positions did not significantly
improve the image. This agrees well with Eqn. (6). The images are displayed
on an 8 level grey scale and stored on disk. A dot matrix printer has also
been used to generate a coarse grey scale for printouts of the images. The
simple filter has been used for deconvolution for all the experimental
images. Negative values are displayed as black. If the images were to be
rectified, then where the negative sidelobes of the simple filter have
overcorrected the blurring would be displayed as image points, and false
information would be conveyed.

* S:
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For carrying out resolution tests water bath imaging was performed.
There are different ways of obtaining a cylindrically diverging beam. One
could use a transducer long in one direction and narrow in the other, as
compared to a wavelength. This could be done by inserting a mask with a thin
slot immediately in front of the probe, where the mask material has good
absorption such as foam plastic adhesive strips. Alternatively one could use
a transducer with cylindrical focus, where the beam diverges after the focus
point.

The approach finally taken was to use an ordinary parallel beam
unfocused probe and place an acoustic diverging cylindrical lens in front of
it 13. The lens was made from perspex as it has reproducible properties. In
this way by using lenses of different radius of curvature the same probe can
be used to generate different beamwidth angles. The lens was 40mm long, 12mm
wide, with a radius of 6.25mm. The probe used was a ideband highly damped
Panametrics Videoscan immersion transducer of 0.5 inch crystal diameter with
center frequency of 5 MHz. When used with this probe the beamwidth was 40
degrees at the 6 dB points. The scanning arrangement was to place the object
on a turntable, with the transducer fixed in position for mechanical ease.

A resolution specimen, Fig. 14(a) , consisting of two chromel-alumel
wires of 0.17mm diameter with center to center spacing of 0.4mm was scanned
with one of the wires being on the center of rotation. The diameters of the
wires are just over half a wavelength at the center frequency , thus
representing good point-scatterers , and the center to center spacing is
just over a wavelength ( for 5 MHz X.0.3mm in water ). The aperture was
sampled at 90 positions at 4 degree intervals and the amplitude of the
waveforms quantized to two levels only. The delay times corresponding to the
peak of the received pulses are displayed against transducer angle in

-:... " Fig.14(b). The wire on center (r-0) generates a straight line in data space
but the wire off center gives rise to the cosine-like point responses of
Eqn. (5). The gaps in the data are caused by shadowing and interference.

0 - 0 3600

* (a) (b)

Fig. 14. (a) Two chromel-alumel wires with center to center spacing of
0.4mm. (b) The peak delay time of the pulses against transducer angle.
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Fig. 15. (a) The simpic backprojection image. The image is a 32x32
pixel picture with pixel 'dlze 1/8mm. (b) Cross section plot of (a)-,
along AB. (c) The convolution backproJection image. (d) Cross section '
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The simple backprojection processing of the data leads to the image of
Fig. 15(a). This is a 32x32 pixel image, with a pixel size of 1/8mm. Fig.
15(b) is a cross section plot along AB. The two wires are somewhat blurred.
The convolution processed image is shown in Fig. 15(c), and its cross
section plot along CD is shown in Fig. 15(d). The two wires are clearly
resolved, despite the gaps in the data.

Fig. 16. shows a test object made of brass rods of 1mm diameter ( 3X in
water ) which form the letter "A". A full 360 degree aperture was
synthesized by 120 transducer positions at 3 degree intervals. Amplitude of
the waveforms was quantized to only 8 levels. Fig. 17(a) shows the 128x128
simple backprojection image with pixel size 1/4mm. The convolved image, Fig.
17(b) , shows better contrast. Not only has the outline of the letter "A"
been resolved but the circular nature of the rods with correct sizing of
their diameters is also apparent. The gaps in the boundary of some of the
rods are a result of the shadowing by other rods. A pixel size of 1/8mm
showed even better resolution but not all the rods would be seen on the
maximum picture size of 128x128.

Fig. 16. Test object made of 1mm
diameter brass rods to form the
letter "A".

50 60 70 80 90.

Imaging of defects in rods

. - .Testing circular rods was done by employing a narrow parallel beam
wideband transducer, coupled to the specimen by water. For the coupling the
immersion technique was used but the same effect could be produced by water

* ". jet coupling where the former is inconvenient. This has the advantage of
-. uniform and non-abrasive coupling with ease for automated testing. If there

is a large velocity mismatch between water and the specimen (as is the case
for most metals like aluminum and steel) the curved surface acts like a
diverging lens as desired, and the parallel beam diverges inside the0
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specimen as shown in Fig. 18. In the paraxial approximation the diverging

wavefronts can be approximated by circles. The center of such circles is no

longer the transducer position but is offset from the specimen surface by a

distance f, given by 14:

r (9)

( v/c- 1)

Where r is the radius of the specimen, v is the velocity in the specimen and

c the velocity in water.

I.I

T/R

Fig. 18. Water immersion testing
-j--. water setup for rod samples. The curved

f surface of the sample acts as a
diverging lens and produces a

diverging wavefront.

00
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If the parallel beam of the transducer is incident on the boundary of

the specimen at right angles or nearly so then the mode Inside the specimen

is compression waves with little or no shear waves present. The stand-off
distance, d, between the probe and the front surface of the specimen should

be large enough such that interfering multiple echoes between them arrive

after the back wall echo.

This geometry was used to image three cylindrical holes of diameters

3mm, 2mm and 1mm in an aluminium block of radius 14mm. The holes were
0 6



centered on a radius of 6mm and equally spaced in angle ; Fig. l shows the
sample. Again the aperture was sampled at 120 angles at 3 degree intervals
and amplitude quantized to 8 levels. Fig. 20(a) shows the 128x128 simple

backprojected image reconstructed on pixel size 1/2mm, and the convolved
image is shown in Fig. 20(b). An interfering echo gave rise to an artifact

streak in the image. The 3mm and 2mm holes are imaged as holes with the
correct diameter to one pixel accuracy. The 1mm hole, however, is less than
a wavelength ( for 5MHz X-l.3mm in aluminium ) and is imaged as a point
reflector. Because the velocity of compression waves in aluminium is about
four times that in water the sampling rate of 11.84 MHz corresponds to a
spatial sampling of just under 1/4mm. Note that even though the front and
back wall echoes of the sample were much larger than the hole echoes,
because the holes are seen by a bigger portion of the aperture than points
on the outside boundary, the holes appear much brighter. This is not a
problem in this case as the walls are just markers. If, however, the image

field has both specular and point reflectors then the specular reflector,
even though it might be a stronger reflector, would appear weaker.

Fig. 19. An aluminium test sample with
three holes of 3,2 and Imm diameter.

50 60 70 80

Images of defects and cracks in polyester resin

Fig. 21(a) is a side view of a general purpose cylindrical polyester
resin sample of diameter 0.77cm and length 0.9cm. It has a line-type void
defect running parallel to its axis. Fig. 21(b) is the end view optical
image of (a) obtained by looking down along A. As before 120 projections
were obtained with 8 level amplitude quantization, and the simple
backprojected image is shown in Fig. 22 (a), with a pixel size of 1/8mm. The
blurring for this image has the missing cones shape PSF of limited angle
scanning. The velocity mismatch between the resin and water is not as great
as that for aluminium and water. Indeed, the velocity in the resin (= 2530
m/s) is somewhat under twice that in water. Under such conditions the beam
divergence is not great enough to cover all the sample. Therefore, even for
the full aperture synthesized here, the defect is only seen by a finite
portion of the aperture. The convolved image is shown in Fig. 22(b) and
shows much better defect location information.

The polymer sample shown in Fig. 23(a) is a side view of a .77cm

diameter by 7 cm long rod of general purpose polyester resin which had been
S1
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Fig. 22. (a) The simple backprojection of the resin sample vith a void
In It. The Image Is a 128x128 pixel picture grid with pixel size 1/8mm.
The blurring has missing cones because of the finite angular beam.(b)
The convolved image.



cast seven years ago with a single lOpm diameter E-glass fiber along the
A axis. Fig. 23(b) is an-end on view optical image of (a) obtained by looking

down along A. The stress field created in such a model composite by the
differential contraction that occurs between the fiber and matrix material
during cooling from the Curie temperature to room temperature is well

documented 15,16. Under the action of this stress field, a crack oriented
more or less parallel to the axis of the rod had propagated, from the fiber
interface, during the passage of some seven years.

This sample was scanned with the aperture being sampled at 120
positions in 3 degree intervals and amplitude being quantized to 8 levels.
The simple backprojected image is shown in Fig. 24(a), where pixel size is
1/8mm. Here despite the combination of the finite beamwidth and the specular
nature of the crack, the crack has been imaged. The double reflections from
the crack register themselves as a spurious image on the top part of the
image. The other double echoes on the opposite side of the crack fall
outside the resin and are not seen because all echoes after the back wall
echo are gated off. These problems when imaging specular reflectors are
limitations of all ultrasonic techniques. A trained operator, however, would
expect and recognize these spurious images because they occur at regular
intervals in image space. The convolved image is shown in Fig. 24(b) and
shows less blurring.

It must be mentioned that polyester is a highly absorptive material.
For these two samples the back wall echo was about 10 dB below the front
wall echo and because of the small dimensions of the samples most of this
can be attributed to absorption and not beam spreading. It would therefore
be difficult to penetrate samples much larger than the ones shown here. Even
so, there are many situations where NDT testing of small resin samples could
find good use.

Future developments

All the images in this paper have been obtained using compression
waves. It is hoped to extend the technique to shear wave imaging so that the
two image modes could complement each other and reveal more information
about the object. All the images here were processed off-line using a high
level language. Once having found the best way to process the data, the
processing could then be written in a low level language for real-time
operation. It is expected that the data reduction technique outlined here
would result in processing times an order of magnitude shorter than other
techniques which employ backprojection of the full waveform.

The pressure field of the diverging beam falls off at the edges. There
will therefore be points in the aperture where the echoes from a point
reflector are weaker because of this. If no correction is made for this
those aperture points do not contribute much to the reconstruction. This can
be corrected for if an angular weighting factor is incorporated in the
backprojection which takes the form of the inverse of the beam profile.
Preliminary results have shown that although this correction does improve
the PSF in the immediate vicinity of the point reflectors, it does spread L
background noise throughout the rest of the image. This needs to be
investigated further.
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Fig. 24. (a) The simple backprojection image of the resin sample with a
crack In it. The picture is a l28x128 pixel grid with pixel size 1/8mm.
The multiple reflection between the front surface and the crack
have given rise to a spurious image.(b) The convolved image.
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Conclusion

A wideband imaging technique has been described which uses only the
time of arrival of the echo data and the peak amplitude of the pulses, and
ignores the carrier information of the pulses for image reconstruction.
These steps reduce the computation task considerably to pave the way for a
cheap portable real-time system. Images of resolution targets have shown
diffraction-limited resolution for a full circular aperture. Quantizing the
amplitude to only eight levels has shown acceptable images of real defects -

in polyester resin samples. A simple deblurring kernel has been tested with
both computer simulations and real data to remove the blurring caused by
simple backprojection.
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Discussion of Session VIII

Mr Barraclough invited hypotheses other than the one he postulated for time-

dependent absorption of different ultrasound frequencies within his material.

P D Hanstead (Bristol University) suggested that resonance of the sample might

explain the observations since the cell length was of the right order to give

resonance modes at the frequencies observed. This explanation would be

consistent with the monotonically increasing velocity with time which Mr

Barraclough had reported, while the pulse length shown in his illustration was

sufficiently long to last for several traverses of the sample, thus permitting

constructive or destructive interference.

Dr R E Green Jr complimented Moshfeghi and Hanstead on their development and

application of algorithms used in their low-cost (#4,000) method for digital

synthesis of high resolution ultrasonic images. There was some discussion of

the limitations of ultrasonic techniques for polymer NDE, the most important

of which limitations are due to intrinsic attenuation.

* -*- :There was some discussion of the possibility of analysis of modes of vibration

and/or of the transmission of elastic waves in order to detect fabrication

defects in polymers. The physical basis for this is that voids and cracks

have significant effects on the elastic moduli of solids. The general problem -

of the effects of ellipsoidal inclusions (including voids) on elastic moduli

was treated in a lecture course by J D Eshelby in the 1950's at the University

of Birmingham.

Taking as first example the case of a spherical void in a solid with Poisson's

ratio a - 1/3, the constants a and 0 in Section 5 on page 389 of Eshelby's

(1957) paper "The determination of the elastic field of an ellipsoidal

. inclusion, and related problems" are 2/3 and 7/15 respectively. Hence, on

page 390, as K 1 + 0 A + 3 and as 1  0 B + 2, and -eff ,c(l -3v), p

eff = p(l - 2v) where v is the volume fraction of voids. The analysis for thc

limiting case of identical randomly oriented "penny-shaped" cracks was

* published by Bristow (1960) and the relevant equations, equations (8) in

" Bristow's paper with one misprint corrected, are

4..
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n is the number of cracks per unit volume, a is the crack radius.

As far as was known by those attending the workshop, no attempts have been

made to relate the effects of voids and cracks on elastic moduli to the

propagation of sound waves in polymers. However, it was noted with interest .. .,.

that attempts have been made to relate the effects of cracks on elastic moduli

to the changes in seismic wave velocities that are observed prior to

earthquakes. Earthquakes generate seismic waves and these are of the following

two kinds: P waves (primary waves) which are longitudinal, compressive waves

travelling with velocity vp and S waves (secondary waves) which are '

transverse, shear waves travelling with velocity vS.

vp ff +2 , vS/"

so XVp2  + 2p K +4 since X .2V
\Vsl l 3 3 -.'."

2(1 + a) 4 2(1- a)

3(0 - 2a) 3 ( - 2a)

That is, the ratio v /V depends only on Poisson's ratio. Scholz et al (1973)
P-S

note that the velocity ratio falls from 1.75 to as low as 1.52 well before an

earthquake and then recovers to a higher value immediately preceding the

earthquake. The duration of the abnormally low velocity ratio appears to be

related to the magnitude of the subsequent earthquake.



Using the corrected equations from Bristow (1960), Ap/p - 1.45 a3n and Aic/ -

3.33 a3n if a - 1/4.

Substituting Vp 3 in vp) IC - A + 4

v S  2 VS  - AP 3

yields a3 n- 1/5.

By virtue of drainage from nearby cracks and pores, the freshly created cracks

will gradually become filled with water so K should increase but p should

remain virtually unchanged. Hence, the pumping of water into crustal cracks

is expected to produce an increase in velocity ratio and presumably accounts

for the observed recovery of Vp/VS. To explain the apparent correlation

between the time required for this recovery and the magnitude of the

subsequent earthquake, Scholz et al (1973) point out that the magnitude of the

dilatancy, and hence the magnitude of the water percolation required to fill

the cracks, is determined by the magnitude and extent of the crustal strain

energy density which subsequently is relieved by the earthquake.

The use of velocity ratio measurements to detect cracks in laboratory

specimens is of considerable interest. However, in order to make sure that a

-' P-wave and not a rod-wave is generated, it is necessary to stimulate a

. vibration with wavelength very much shorter than the specimen length. For a

1/10" cube of sintered diamond for example, this means a frequency of at least

50 MHz which is somewhat higher than the frequencies obtainable from most

commercial transducers.
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CHAIN ORIENTATION DETECTED WITH DEUTERIUM NMR IN UNIAXIALLY DEFORMED

POLYMERIC NETWORK.

Bertrand DELOCHE
Laboratoire de Physique des Solides, (CNRS LA2) Universitf de Paris Sud,

91405 Orsay (FRANCE)

ABSTRACT

The orientational order generated in rubbers by uniaxial stress is
probed with deuterium NMR. The experiments are done either on deuterated
swelling agents as NMR probes or directly on labeled polymeric chain seg-
ments. In both cases the 2H-NMR spectra exhibit a residual quadrupolar in-

teraction when the sample is under constraint and such a residual interac-

tion yields the corresponding degree of orientational order. In both cases
" the induced order exhibits the explicit dependence on the extension ratio

predicted by the kinetic description of rubber elasticity.

.INTRODUCTION

The rubber state exists in variety of flexible macromolecular chains
(polyisoprenes, polybutadienes) which are held in a threedimensional array

*" .by chemical crosslinks (covalent bonds) and physical junctions (entangle-

ments). This state is somewhat unique in that the constituent polymer
-' chains are fluid but the bulk material does not flow and so retains its

form.

The rubber may be deformed elastically by external forces eg simple
tension; optical birefringence measurements show that the system becomes
anisotropic. How does the macroscopic strain affect the chain behaviour?
Such a question related to the deformation involved at the molecular level

is relevant from a basic and applied perspective. This is the reason why it
received increasing attention in the past few years. Indeed various micros-

--. copic techniques (neutron scattering, fluorescent polarization, infra-red
spectroscopy) are currently being used to examine elastomeric chains under
deformation. Among the techniques which are sensitive to orientational be-
haviour, deuterium NMR (2H-NMR) has emerged as a powerful for probing local

* ordering in polymeric networks. Specifically we propose to describe here

how to use this technique to study the orientational order generated in

uniaxially deformed rubbers.

''" -The methodology exploites the observation of residual quadrupolar
interactions in the form of a resolved doublet structure in the 2H-NMR
spectra when the system becomes anisotropic ie under constraint. The measu-

* rements are done either on deuterated swelling agents, as NMR probes, or

directly on labeled polymeric chains; clearly these experiments allow the
* detection of an orientational anisotropy at the chain level and give access

to the corresponding order parameter.

2 - BACKGROUND

- 2.l.Rubber Elasticity

The classic description of rubber elasticity is based on a single

gaussian-chain model (1). Under the assumption of constant volume and af-

fine molecular deformation such a theory leads to the following relation-

ship between uniaxial stress a and small strain (Hooke's regime)
6_



o = E (X2_ -) [1]

where E is Young's modulus and A is the extension ratio ie the ratio of
the deformed sample length to the original length.

The hypothesis of molecular affine deformation determines the orienta-
tional distribution of the chain end to end
vectors R relative to the direction of the applied constraint. Then, from 4

the orientational distribution of the chain segments relative to R one can
obtain the second moment <P > of the segmental orientation function relati-
ve to the constraint axis (). This yields in the framework of gaussian

chains:

P2(cosO)>= i A - 1  + 0 [21
2 5NN 2

P2 (cosO) is the second Legendre polynomial and e is the angle between the
direction of the applied force and the statistical segment under interest;
N is the number of statistical segments per chain. <P2 (co)O> and aexhibit

the same A-dependence in the limit of low deformation (I <<I). - "

2.2.Deuterium NMR
2

The general features of H-NMR in anisotropic fluid phases have been

discussed in detail in reference 3. Briefly we recall that the H-NMR spec-

* tra of deuterium labeled anisotropic fluids are dominated by the interac-

tion of the deuteron nuclear quadrupolar moment with the residual electric
field gradient (efg) at the nucleus. So the Zeeman hamiltonian Hz is per-

" -turbed by a quadrupolar hamiltonian H (Hz>>HQ) which is orientation depen-

dent relative to the direction of the steady magnetic field A first
order calculation (4) leads to the structure of levels indicated in figure
1. The conventional H2 -NMR line is split into a symmetrical quadrupolar

-_~ 0. .6-.,-

h h 0. - .

Id> -- --w th 5,= 3e qO 3cos2e - ' i '
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Figure 1: Structure of the levels of deuterons (nuclear spin 1 1) in the
absence or presence of quadrupolar interaction H^. NMR transitions
frequencies and lineshapes tinder irradiation witR radiofrequency ' -,,

field are also indicated. V is the deuteron Larmor frequency ,

0.0
.:. o .<.'.*.

6.5 MH o1afed0> 1 G)

doublet when H 0. With an axial efg tensor, the doublet spacing is given

• 2



in frequency units by:

AV = Vq (P2(cosO) [31 ..

v is the static quadrupolar coupling constant. The P2 term is the second
Lgendre polynomial; 0 is the angle between the C-D bond and the direction
ofthe magnetic field There is one such quadrupolar doublet for each
chemical site and for each distinct orientation of the C-D bond relative
to 0•

Motions of the C-D bond modulate 0 and a time average has to be taken
when the C-D bond reorientates with frequencies larger than that of the
static interaction (" 200 KHZ); relation[3]then becomes:

AV v Vq <P2 (cos O(t)) > [4]

So the quadrupolar splitting appears proportional to the orientational order
parameter of the C-D bond with respect to B. Because of such averagings,
the 2H-NMR spectrum of an anisotropic fluidomedium consists of doublets than
can be discrete and well resolved.

In the case of uniaxial reorientations around a symmetry axis (ie.this
one of the applied tension in our case) making the angles Q with 0 and 6
with the C-D bond, the averaging over azimuthal angles leads to the following
expression for the splitting:

T t V <P 2 (cose(t)>P2 (cosSI) [51

Then the effective quadrupolar coupling constant is v <P2 (cos0(t))> where
the average can be defined as the orientational order parameter of the C-D - -

bond relative to the symmetry axis under interest.

The current resolution available for observing Av ( "4HZ) in conjunc-
tion with the inherently large value of the C-D quadrupolar constants
(VO %200 KHz) enables one to measure orientational order differing from the
isstropic state by as little as a few parts in 105.

3 - EXPERIMENTAL
3.1. Deuterium NMR approach

From the experimental point of view, the H-NMR may be conveniently do-
ne either on deuterated swelling agents (5), used as NMR probes of the
swollen polymeric matrix, or directly on labeled chains segment of the net-
work (6-7).

All 2H-NMR spectra were obtained after signal averaging from FT NMR
• equipment operating with a conventional electromagnet (the magnetic field

is perpendicular to the stretching direction, Q= 900) or a superconduc-

" cing magnet (9 is parallel to the stretching direction,Q 0*).
0

3.2. Materials

Most experiments were performed on hexadeuteriobenzene dissolved in

diene rubbers and on labelled chains of some silicone rubbers.

The set of diene rubbers are tetrafunctional polybutadiene (PB) net-

works; all these networks were prepared from peroxide cross-linking of a
polybutadiene precursor (Diene 45 NF). The cross-linking reaction was always
carried out in the dry state varying the curing agent concentration. Each



network is characterized by its mean molecular weight Mc derived from the

corresponding values of the volume fraction of polymer *e at swelling equi-
librium,using cyclohexane as a good solvent.

The set of silicone rubbers are end-linked polydimethysiloxane model
networks, containing a known fraction (20%) of perdeuterated chains PDMS(D).

C D"

Si -0

CD

These networks were synthetized by reacting stoichiometric mixtures of
labelled and unlabelled precursors chains with tetrafunctional cross-lin-
kers(8); the end-linking reaction was carried out in toluene of 70% poly-

*mer concentration. The synthesis of perdeuterated precursors is described
in reference (9). These networks are characterized by the molecular weight
between cross-links M. ie.the molecular weight of the precursor
(3 .O00<M <25000g.mol. -1). The molecular weight distribution is about
1.5, the same as for the precursor polymer.

3.3 Uniaxial stress

Tension was applied to samples the nominal dimensions of which were
typically 40 mm x 6 mm x 1 mm as described in reference 5 so that the
stretching direction is coincident with the axis of the NMR tube, i.e.

RE 290

r.7

-. ' (ZA o., X/-''-

a) tension b) compression

Figure 2: Orientation of the spectrometer magnetic field B with respect
*'*"to the applied uniaxial stress C: a) B is perpendicular or pa-

rallel to the direction of the elongation b) B is always along
0the y axis while the direction of the compression may be varied

within the plane (x y) by rotating the NMR tube around its ver-
tical axis.

, parallel or at right angles to the spectrometer magnetic field B . The
extension ratio A = was estimated from the stretched and unstretched

: -,lengths measured optially by monitoring the spacings(^25 mm) between marks

* on the sample. L was determined to within + 0,2 mm.



The compression was obtained by squeezing a small piece of the sample
between two semi-cylindrical jaws. This assembly was introduced into the
bottom of the NMR tube; in this way the angle Q between the compression
direction relative to A can be varied continuously, rotating the tube by
hand around its vertica? axis, as indicated on figure 1. The compression
ratio (A < 1) was estimated from the thickness of the sample.

Deuterated probes (C 6 D) were dissolved in the elastomer by exposing
dry(preweighed)samples to t~e vapor/liquid of the swelling agents. The vo- *

lume fraction of polymer * was determined by weighing the samples before
and after the NMR experiment.

4 - RESULTS
4.1. Solvent orientation

Figure 3 shows the change of the 2H-NR spectrum of deuterobenzene in
a PB network as the sample is uniaxially elongated. The spectrum changes
from a single narrow line in the relaxed state ( A - 1) to quadrupolar
doublets. The observed residual interaction for A>l are indicative of ani-
sotropic reorientational diffusion for C6D constrained by the uniaxial
field generated by the elongated network cfains. The corresponding orienta-
tional order parameter< P > of the benzene C axis can be deduced from the
relation 5 with V 19 kZ and typically <P2w - 2.5.10-3 for
a relative elongatign of 30%.

Cj (o 0.91anP8

50Hz

A* re 1. 'te

A, -

It 1,07

2Figure 3: 13 MHZ H-NMR spectra of CD in a uniaxially strained PB network
.0 (polymer volume fraction 0 - 0,9). The mean molecular weight M

between junctions is about 10.000 g.mo1-1. c

As shown on figures 4 and 5, this strained induced orientation appears
quite general, regardless of the nature of the polymer matrix and of the
probe molecule. For instance the figure 5 shows that nearly spherical mole-
cules (chloroform) as well as flexible short chains (n-heptane) are oriented
within the deformed network.
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Yigure 4: 13 MHZ 2H-NHR spectra of C6D6 in uniaxially strained polyisopre-

ne(PI), polydimethylsiloxane (PDMS) and polyurethane (PU) net-
works (polymer volume fraction .=0.8)
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Figure 5: 2H-NMR spectra of various deuterated swelling agents in a polyiso-
prene network (M '3500). The latter two solvents have chemically
inequivalent deuierons and so exhibit more than one quadrupolar
doublet.
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4.2.Chain segment orientation

Figure 6 shows characteristic spectra of PDMS (D) as the sample is

uniaxially compressed (X < 1) or elongated (A >1) along a direction perpen-

dicular to the steady magnetic field B ( Q 90*): here too quadrupolar dou-
blets (AV # O)are still observed for 1 1. But in part due to a broader
linewidth in the relaxed state(6v " 30 HZ) the observed spectral resolution

1 0.77

X- 10

At 1.35

,.., 2.08

Figure 6: 13 MHZ H-NMR spectra of perdeuterated chains of polydimethyl-si-
loxane networks, PDMS(D), as the sample is uniaxially compressed
(A < 1) or elongated (X > 1). The molecular weight M of polymer
between cross-links is 25.000. n

is lower than the experiments on dissolved probes. One primary source of
this lack of resolution can be attributed to a superposition of Amderived
from a distribution of chain length between junctions (7, 10); segments
fo short chains exhibit higher orientational order than those in longer
chains for a given A.

The complete angular variation Av() reported in figure 7 shows that
" $t reproduces exactly the IP (cosQ2)t as in as in relation [5]. So clearly

the polymer chain (or portions of them) which give rise to the doublet may
- be visualized as a uniaxial fluid of segments exhibiting anisotropic reo-

rientational diffusion with ;respect to the direction of the applied cons-
traint. For instance we may consider that the chain segments diffuse in -

* such a way that they cannot be oriented in any othgr direction than along
the axis of stress for times longer than a few 10- sec.

|2

At this level, let us noticed that the same kind of H -_NMR experiments
on labeled chains has been recently achieved on polybutadiene networks (see

" "reference 7).

4.3. Solvent versus segment orientation

What is the relationship between the order parameter <P > as measured
on the solvent probes and on the chain segments? The answer io this question

" required a comparison of the following complementary systems(It) : PDMU(D)
swollen with C6H6 and PDMS swollen with C6D6. Identical tetrafunctional end-

, -.-- 1.. 2" i
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Figure 7: Variation of the normalized splittings of the PDMS(D) as a
function of the angle between the uniaxial constraint and the
steady magnetic field. The continuous line is the function+' "+~ ~ ~ ~ ~ I P2 (cosM) . .-''''''. l

linked PDMS networks (Hn = 25.000) were used at the same degree of swelling
0 = 0.92. Figure 8 illustrates the variation of the quadrupolar splittings

40. uh ii. "H;-r6 -
- (~ 09- /
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Figure 8: Plot of the quadrupolar splittings Av versus - for both
networks in the limit of small deformations (A< 2). The obser-
ved values of Av are reversible with the extension ratio A.

with thl elongation. It appears that in both cases the data fit well with
a A2-A law(as previously observed on polyisoprene ( 5) and polybutadiene
(12) networks).This strain dependence, related to the isovolume character
of the orientation process under simple extension, is in agreement with
the relation [21, in the low deformation limit. So the stricking feature

,' . .I



*_1
7 T .

of the observed averaging effect is that the splitting Av(A) (and thus
the corresponding order parameter <P2> ) measured via the swelling agents
remains proportional to the one measured directly on the polymer chain
segments. Moreover, the respective <P2 > have a similar magnitude for a
given elongation A . Specifically, according to the relation [5] where

- 90, v - 176 KHZ for PDMS(D) and v - 190 KHZ for C6D6 and by taking
into accoun2 the extra averaging effect due to the free rotation of the
CD around the Si-CD bond, we find for X = 2 that the ordfr parameter
of 3the symmetry axis 3of the methyl group is equal to 8.10- while this one
of the symmetry axis of the benzene is equal to 3.10-4; so they differ by
less than one order of magnitude. This result indicates that, for such
a degree of swelling, the solvent molecules are faithfulprobes of the poly-
meric environment.

5 - CONCLUDING REMARKS

This work on strained elastomer networks demonstrates that the 2H-NMR
is a powerful non-destructive technique for probing polymeric chain orde-
ring. In particular the order of magnitude agreement between the solvent
and segment orientational order and the fact that the investigation via

* the solvent-probe leads to the same strain dependence as the direct study
of the polymeric backbone does indicate that reorientational diffusion

. .of swelling agents is strongly coupled to the segment ordering of the
polymer. This suggests that deuterated solvents may be confidently used to
test orientational phenomena in strained rubbers. Moreover the use of la-
beled probe obviates the need to label network chains and so facilitates
the examination of the effect of cross-linking density on orientational
order (12).

On the other hand the phenomena of solvent orientation certainly
involves solvent-segment (and segment-segment) short range orientational
correlation within the elongated network. Such correlatiorsmay affect the
optico-elastic properties of swollen networks as emphasized in reference 5.
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Bi-dimensional compression testing

K H G Ashbee and F C Frank

University of Bristol

H H Wills Physics Laboratory
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Abstract

A bi-dimensional compression testing apparatus is described whereby a

- plurality of interfitting anvils, of substantially gee-shaped configuration,

is advanced simultaneously but independently in such a way as to impose two-

dimensional compressive strain. The method can be applied to specimens of any

polygonal cross-section that have fixed angles. Designs are presented for

triangular, rectangular and hexagonal cross-sections. Working models have

, been built for the rectangular version, one of which is capable of imposing

infinite bi-dimensional compressive strain.

Introduction

.. Most applications of elastomers exploit their capacity to undergo large

reversible deformation. However, the nature of this large reversible

deformation is rarely investigated as a method for nondestructive evaluation.

*One reason for this is that, whereas most applications of elastomers involve

the imposition of biaxial deformation, satisfactory experimental methods exist



only for uniaxial deformation. The invention described here concerns the

development of a method for bi-dimensional deformation, to infinite

compressive strain if required.

Designs for bi-dimensional compressive testing rigs

For a fixed angled polygon of N sides, there are (N - 2) degrees of freedom

and these can be taken as the lengths of (N - 2) successive sides. Thus, an

arbitrary triangle with fixed angles has one degree of freedom because, if one

edge length is stipulated, the other two are determined. An arbitrary

quadrilateral of fixed angles has two degrees of freedom. In the special case

of a rectangle, the two degrees of freedom are its length and width, either of

which can be varied independently of the other. A pentagon of fixed angles

has three degrees of freedom, a hexagon four, an octagon six, and so on. Bi-

dimensional compression of a fixed angled polygon of N sides requires N gee-

shaped elements. Figures 1, 2 and 3 illustrate the preferred geometries of

gee-shaped elements by means of which bi-dimensional compression can be

applied to bar stock of triangular, rectangular and hexagonal cross-sections

respectively. For each cross-section there exists an alternative shape and

configuration for the gee pieces which, although acceptable in geometry, is

less convenient in respect of presentation of flats normal to the desired

motions.

.1*

• * , o



Figure 1. Three-gee design for Figure 2. Four-gee design for bi-

- bi-dimenslonal compression dimensional compression. This design

readily permits two independent strains

to be imposed in the plane of the gees

-I.--

Figure 3. Six-gee design for bi-dimensional compression

40



With each design, identical displacement of the gees towards the centre

creates uniform compressive strain in the plane of the gees, i.e. creates

uniaxial tensile strain normal to the plane of the gees. The four-gee design

is particularly interesting since independent displacement of the two pairs of

opposed gees creates a state of triaxial strain in the specimen, viz the two

independent strains Imposed in the plane of the gees and the strain normal to

that plane that is determined by the condition of (near) incompressibility

during deformation of the specimen.

Working bi-dimensional compression rigs

40

Finite strain rectangular cross-section and infinite strain rectangular cross-

section forms of the invention have been built. In the former, the four

working components are identical square cornered gee-shaped elements.

Figure 4 shows the four elements (a) in the fully open, and (b) in the fully

closed configuration. These elements are housed within a square frame which

carries four identical lead-screw/cross-head assemblies so that they can be

advanced in pairs in such a way as to achieve two independent displacements

parallel to each of two perpendicular directions. If identical displacement

* rates are required, this is conveniently secured by using the scroll from a

self-centring four-jaw chuck. In the apparatus demonstrated at the workshop,

Figure 5(a) and (b), each lead screw is rotated by hand via a wheel and worm.

* By counting the number of turns of the worm, the advance of any cross-head can

be measured. By introducing a load measuring cell between a cross-head and

the pair of gee-shaped elements that it moves, the load generated by that

* movement may be determined.



(a) gees fully open (b) gees fully closed

Figure 4. Plan view of the four-gee finite strain design

(a) (b)

Figure 5. (a) Plan view and (b) photograph of the finite strain four-gee

bi-dimensional compression apparatus



In the infinite strain rectangular form of the apparatus, Figures 6 and 7, the

working components are four identical gee-shaped elements with non-anvil faces

so oriented that the elements completely intermesh when the asssembly is fully

compressed. Thus, the anvil surfaces define a four-sided prism, not

(a) gees fully open, (b) gees fully closed

Figure 6. Plan view of the four-gee infinite strain design

5

Figure 7. The four-gee infinite strain bi-dimensional compression rig.

This rig fits inside the frame of the lead-screw/cross-head assembly .

shown in Figure 5

• .S -% .,



necessarily square, with all dimensions down to zero. In principle, this

embodiment may be used to impose any bi-dimensional shape change. In practice,

near infinite strain deformations are conceivable only with an incompressible

fluid as test-piece. With a rubber-like material as test-piece, there exists

some value of tensile strain at which the corresponding stress becomes

. .negative. Thus, for deformations involving compression along x and extension

along y, at some value of Xy the test-piece will separate from the y-platens.

That is, there are limits on the strain that can be applied in practice.

However if, at the point of y-platen separation, plugs are rammed into the

open ends ( z faces ) of the confined cell until the specimen again makes

0 contact with the y-platens, further extension along y becomes possible. Thus,

by forcing in plugs in the z directions, it should be possible to achieve

enormous extension in the y direction. Of course, the changes in dimensions of

the confined cell necessitate changes in size of the z-plugs although, by

using a soft metal shim for z-plugs, it may be possible to avoid this and so

continuously carry on with the deformation.

The ideas described here are protected by UK patent application 84/14028 dated

1 June, 1984.

0 I
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Discussion of Session IX

Professor Sir Charles Frank asked Dr Deloche whether he would care to

speculate on what kind of 2H-NMR spectra might be expected in elastomers

subjected to bi-dimensional deformation. Deloche was not able to hazard a

guess but expressed a strong interest in carrying out the experiment. He

pointed out that the apparatus would need to be non-conducting whereupon Dr

-. Ashbee produced a four-gee finite strain bi-dimensional compression rig that

had been fabricated from machinable mica glass-ceramic with nylon bolts as

lead-screws.

Dr Ashbee showed another application of the bi-dimensional compression

invention, namely the manufacture of super-high fibre volume fraction

composites. One manufacturing defect always present in uniaxial compression

moulded fibre reinforced materials is matrix-rich regions, i.e. regions that

contain few or even no fibres. Examples (after Kelly, 1972) can be seen in

the micrograph reproduced in Figure 1. Using bi-dimensional comp-vssion

moulding, uniaxial fibre reinforced plastics having remarkably uniform fibre

distributions, and fibre contents as high as 90% for glass and carbon fibres

and higher than 95% for kevlar fibres, have been manufactured.

Fig.1 A cross-section of a fibrous composite composed of

.* carbon fibres in an epoxy resin. A denotes a place where

the fibres effectively surround the matrix, and B a region

where the fibres are approximately most closely packed

Reference

ID: A Kelly, Microstructural Parameters of an Aligned Fibrous Composite, in "The

--- Properties of Fibre Composites" proceedings of a conference held at National

Physical Laboratory, Nov 4 1971, IPC Science a Technology Press Ltd (1972) p5
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Session X: Closing remarks



There exists in polymer technology very little by way of in-process non-

destructive evaluation. This is because, unlike metals, polymers are not

readily characterised by clear-cut microstructural variations that can be

identified and attributed to defects, or to deficiencies in fabrication

method, or to incorrect heat treatment.

.4

In components fabricated from polymers, including polymers in the rubbery

state, there exists a class of microstructural defects which have their

origins in processing. These defects include inhomogeneous mixing, inclusion

of foreign bodies, segregation, incomplete cure, inhomogeneous cure, molecular

orientation, macroscopic anisotropy and residual stress. This workshop

,, addressed the feasibility of new exploitation of physical techniques to

0 secure, for use as a processing tool, the real-time detection of such defects.

"To keep our feet on the ground" formal contributions by practising

* technologists were also scheduled. Other observers from industry were invited

and all were encouraged to interject "state of the art" comments whenever

appropriate.

In as far as it addressed specific materials, the workshop was directed

towards the fabrication of thermosets, thermoplastics, elastomers and resin

based composite materials. For each kind of material, the meeting was timely

and welcome. For example, the high cost of replacing rubber items, from tyres

to intricate components in electro-mechanical devices, is currently receiving

increased attention and made emphasis at the workshop on the nature of

- mechanical weakness in rubber and its detection by non-destructive means

especially appropriate. No less desirable, in view of recent recognition of

the cost benefits available if non-specified raw materials could be used to

fabricate structures and components from composite materials, was the need for

*an appraisal of advanced techniques for on-line changing of processing of

fibre reinforced plastics.

There have been many recent advances in experimental techniques for probing.

9 polymer structures, some of which are being developed commercially especially

for medical diagnostic purposes. X-ray and ultrasonic tomography are

examples. When producing the workshop programme it was decided to play-down

•x
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